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Abstract
High-resolution X-ray microscopy (XRM) is gaining interest for biological inves-
tigations of extremely small-scale structures. XRM imaging of bones in living
mice could provide new insights into the emergence and treatment of osteo-
porosis by observing osteocyte lacunae, which are holes in the bone of few
micrometres in size. Imaging living animals at that resolution, however, is
extremely challenging and requires very sophisticated data processing convert-
ing the raw XRM detector output into reconstructed images. This paper presents
an open-source, differentiable reconstruction pipeline for XRM data which ana-
lytically computes the final image from the raw measurements. In contrast to
most proprietary reconstruction software, it offers the user full control over each
processing step and, additionally, makes the entire pipeline deep learning com-
patible by ensuring differentiability. This allows fitting trainable modules both
before and after the actual reconstruction step in a purely data-driven way using
the gradient-based optimizers of common deep learning frameworks. The value
of such differentiability is demonstrated by calibrating the parameters of a simple
cupping correction module operating on the raw projection images using only a
self-supervisory qualitymetric based on the reconstructed volume and no further
calibrationmeasurements. The retrospective calibration directly improves image
quality as it avoids cupping artefacts and decreases the difference in grey values
between outer and inner bone by 68–94%. Furthermore, it makes the recon-
struction process entirely independent of the XRM manufacturer and paves the
way to explore modern deep learning reconstruction methods for arbitrary XRM
and, potentially, other flat-panel computed tomography systems. This exempli-
fies how differentiable reconstruction can be leveraged in the context of XRM
and, hence, is an important step towards the goal of reducing the resolution limit
of in vivo bone imaging to the single micrometre domain.
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1 INTRODUCTION

Dedicated imaging is required to investigate malfunctions
in bone remodelling, which manifest themselves in dis-
eases like osteoporosis. The very small-scale structures in
bones play an important role in the process of bone build-
up and decrease.1 In particular, osteocytes are known to
orchestrate bone remodelling.2 These cells are located in
ellipsoidal holes in the bone, the lacunae, which have
been quantified to have a size of 3–20 µm3 (recent find-
ings even suggest that the upper end of this range reflects
small transcortical vessels instead of lacunae4). However,
their exact role in pathological changes of bone structure
such as osteoporosis is still poorly understood.5 A central
reason for this is that all imaging technologies capable
of resolving structures at a scale of few micrometres can
currently only be applied to ex vivo samples.2,6–9 Such
experiments cannot reveal any longitudinal relationship
between the progression of osteoporosis and changes in
the bony microstructure. in vivo measurements of ani-
mal bones could reveal those insights but are currently
limited to around 20–50 µm resolution which is not suf-
ficient to reliably resolve the lacunae.10,11 A promising
technology for pushing this in vivo limit towards the sin-
gle micrometre domain is X-raymicroscopy (XRM), which
is non-destructive and achieves a high contrast between
bone and soft tissue. Such data would be of great value to
broaden the understanding of osteoporosis.
Several challenges currently hinder the application of

XRM to in vivo samples. These are concerns about the
X-ray dose deposited in the animal, sample motion due
to respiration or heartbeat of the animal, and insufficient
calibration of the XRM to biological samples.12,13 These
issues need to be addressed before any experiments with
living animals can be performed. A severely degraded
image quality is to be expected otherwise. Addressing
these challenges demands for sophisticated data process-
ing beyond post-processing of the reconstruction obtained
from the scanner but incorporating both raw projection
data and reconstructed images. Such algorithms would
ideally intervene at multiple stages of the data process-
ing pipeline converting the raw XRM detector output
into reconstructed images. However, such an algorithmic
approach is currently not possible because the recon-
struction and data processing is usually implemented as
proprietary software with limited user control directly on
the scanner which outputs a reconstructed image but is

essentially a black box for the operator. Hence, to proceed
on the path towards in vivo imaging, it is crucial to open
that black box in order to adapt and augment the data
processing pipeline exactly to the given use case.
This paper presents an open-source implementation

of an entire reconstruction pipeline from the raw mea-
surement data of a Zeiss XRM scanner. It includes the
loading of projection data from the proprietary file for-
mat, extraction of the scan geometry information, neces-
sary correction and preprocessing steps on the projection
images and a filtered back-projection in the correct geom-
etry to analytically invert the XRM measurement process.
Not only does this allow for fully controlled data process-
ing without any dependency on proprietary software, but
the implementation is also differentiable, thereby mak-
ing the entire pipeline deep learning compatible. This is
an important step towards any experiment including liv-
ing animals because it is a tool that enables the user
to freely change and adapt each step in the pipeline
and, most importantly, to augment it with state-of-the-art
learning-based approaches.
Based on this pipeline, we present a dual-domain

approach to the problem of cupping correction because we
find that cupping artefacts are a prominent deterioration of
image quality in our current XRM measurements making
downstream tasks such as lacunae segmentation unneces-
sarily difficult. Instead of learning the parameters of a deep
model, we calibrate just the very few (2–3) free parame-
ters of a cupping correction step using only the corrupted
data itself and with no additional phantommeasurements
needed. This is possible because a self-supervised target
function can be formulated directly on the reconstructed
volume while still driving parameter updates in the raw
data domain. The cupping correction is a simple yet effec-
tive application of the proposed reconstruction pipeline
which also hints at its potential in tasks requiring deeper
models like complex artefact suppression14,15 or image
denoising.16,17
In summary, the main contributions of this paper are:

1. For the raw projection data acquired on a Zeiss X-ray
microscope, we translate the unstructured metadata
and image information into a well-defined format
which can directly be used with any state-of-the-art
cone-beam computed tomography (CBCT) reconstruc-
tion framework. The raw geometry information is con-
verted to universal and widely used projection matrices
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F IG 1 X-ray microscopy couples the geometrical magnification
of a cone-beam CT setup with further optical magnification to
capture extremely high-resolution projection images

which are the most general representation of a 3D
scan geometry. Projection images are pre-processed and
made ready for reconstruction.

2. From the available open-source CBCT reconstruction
frameworks, we specifically choose a differentiable
algorithm that allows for automatic gradient-based
optimization of free parameters – for classical optimiza-
tion problems or in a deep learning sense – across the
reconstruction operator without the need to manually
compute the gradient.

3. We demonstrate the usefulness of such differentiability
by fitting a low-dimensional cupping correction model
both on a per-scan basis and on a full data set of murine
tibia XRM scans divided into training and test data.

4. The code and example data aremade publicly available.

2 MATERIALS ANDMETHODS

2.1 X-ray microscopy

XRM is applied in a range of different research disciplines,
among them are material science, geoscience and life
science.18–21 Depending on the application, the exact type
of microscope can differ in a number of aspects, such as
the source properties or the scanning procedure. The basic
working principle of the system deployed in this study
is similar to classical CBCT, but it deploys an additional
optical system which further increases the resolution. A
polychromatic X-ray source with a low spot size generates
cone-shaped, divergent X-ray beams which traverse the
object and lead to geometricalmagnification. A scintillator
converts the X-ray photons into visible light which is cou-
pled into an optical system for further magnification and
detected by a charge-coupled device (CCD) camera (see
Figure 1). On their way to the detector, the X-ray photons
are attenuated depending on the properties of the mate-
rial they traverse. Hence, the pixel values in the measured

TABLE 1 XRM scan settings

X-ray source voltage 60 kVp
X-ray source current 108 µA
Number of acquired projection images
per scan

1401

Angular range 202◦(short scan)
Exposure time per projection 28 s
Detector shape 2038 × 2038
Detector pixel size 11.0 µm
Source–isocentre distance 10.3 mm
Isocentre–detector distance 10.0 mm
Magnification (geometrical/optical/total) 1.97/4/7.88
Reconstructed volume shape (height ×
width × slices)

1997 × 2038 × 2014

Voxel size 1.4 µm
Spatial resolution 2.5 µm
Signal-to-noise ratio 57.1

2D projection images depend on the integral of the entire
attenuation that the photon has experienced on the ray
between source and detector pixel. X-ray projection images
are acquired from multiple angles by rotating the sample
around its vertical axis. To sample each ray through the
central horizontal plane of the object at least once, a rota-
tion of at least 180◦ plus the fan angle 𝛾 is required (short
scan).
For our experiments, we use an ex vivo murine tibia

data set. It consists of eight scans of the most distal part
of the tibia which forms part of the animal’s ankle. Exem-
plary centre slices are depicted in the first column of
Figure 4. The data set is acquired on a Zeiss Xradia 620
Versamicroscope (Carl Zeiss) with a tube current of 108 µA
and a source voltage of 60 kV which accelerates electrons
towards a tungsten transmission anode. The resulting X-
ray spectrum has amaximum energy of 60 keV. The X-rays
pass an additional spectral filter afterwhich the exact X-ray
spectrum is unknown. Other scan parameters are sum-
marized in Table 1. The voxel size of 1.4 µm corresponds
to the pixel size of the detector when virtually scaled to
the isocentre, that is, the quotient of physical detector
pixel size and total magnification. The spatial resolution
inferred from measurements of a stripe pattern phantom
is 2.5 µm (see Figure 1 in the supplementary material).
The signal-to-noise ratio is computed as the quotient of the
mean bone grey value and the standard deviation of the
grey values in a background patch on the centre slice of
one scan reconstructed by the proprietary software. Note
that all scan parameters are optimized for high-resolution
imaging of ex vivo samples and are not directly transferable
to in vivo samples.
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F IG 4 Qualitative reconstruction results comparing centre slices of the proprietary algorithm with our proposed algorithm. We show the
results without any cupping correction applied and after performing a cupping correction with a polynomial of degree𝑁 = 2 and 𝑁 = 3. The
first row is a result of a per-sample optimization whereas rows two and three show the results of the two test samples from the full data set
experiment. The proprietary and the uncorrected reconstruction using our pipeline exhibit brighter grey values at the outer border of the
bone. This effect is largely removed in the corrected versions. All figures have a grey value window of 900–2300 HU

2.2 Ethical compliance and sample
preparation

We complied with all relevant ethical regulations in terms
of organ removals in this study. All organ removals
conducted at the University of Erlangen were per-
formed in accordance with German guidelines and laws,
were approved by local animal ethic committees of the
Regierung von Mittelfranken (TS-12/2015), and were con-
ducted according to the guidelines of the Federation of
European Laboratory Animal Science Associations. In this
study, C57BL/6 mice of both sexes were used. The mice
were aged 56–93 weeks. For sample preparation, the mice
were euthanized by CO2, perfused with 5 mM EDTA/PBS,
and perfusion-fixed with 4% PFA/PBS (pH 7.4). Tibiae
were relieved from muscle tissue and post-fixed in 4%
PFA/PBS (pH 7.4) for 4 h at 4–8◦C with gentle shaking.
Tissue fixation was followed by 100% ethanol dehydration.
The ethanol-dehydrated bones were then transferred to
the XRM.

2.3 Differentiable cone-beam
reconstruction

CBCT reconstruction seeks to invert the mathematical for-
ward model of X-ray image formation characterized by the
integration of attenuation coefficients along rays through
the volume according to the Lambert–Beer law. The mea-
sured detector signal is a series of 2D projection images
of the volume along rays defined by the imaging geome-
try and is referred to as sinogram. This signal is translated
back into a 3D volume in image space by a reconstruction
algorithm. An analytical, approximate and widely used
filtered-back-projection CT reconstruction algorithm for
cone-beam geometry is known as Feldkamp–Davis–Kress
(FDK) reconstruction.22 It comprises a scaling of projec-
tion images by a cosine function, a row-wise filtering of
projection images with a ramp filter in Fourier domain
and a back-projection of filtered projection images along
rays through the volumeweighted by the distance between
the reconstruction and the focal point. We refer the reader
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to Ref. 23 for a detailed explanation of this algorithm. For
short scan acquisitions (180◦+𝛾 trajectories instead of a full
360◦ rotation), an additional Parker weighting is used to
downweigh oversampled rays.24
It has been shown that CT reconstruction can be

regarded as a differentiable operation, meaning that the
partial derivative of each output voxel with respect to
each projection pixel in the input can be calculated. Con-
sequently, the back-projection algorithm can be embed-
ded as a known operator within a neural network.25
As such, it does not contain any trainable parameters
on its own but introduces analytical knowledge about
the reconstruction step into a differentiable computa-
tion graph. This graph connects it via the chain rule
of differentiation to potential other trainable modules in
both sinogram and image domain, that is, before or after
the reconstruction step, respectively. The differentiabil-
ity ensures that a gradient of a loss function in image
domain can flow back into the sinogram domain. This
is required to update trainable weights operating in both
domains in an end-to-end fashion using standard gradient-
based optimization which drives the training of neural
networks. Most well-known open-source CBCT recon-
struction frameworks are not differentiable out-of-the-box.
Someworks consequently deploy awrapper26 around such
non-differentiable frameworks like the ASTRA toolbox27
or TomoPy28 which allows for integration into differen-
tiable pipelines. Other frameworks are tailored specifically
towards differentiability.29,30 A detailed comparison of
these different implementations is beyond the scope of this
work. We use the PyroNN framework by Syben et al.29
for all following investigations as it is a computation-
ally efficient solution for differentiable CT reconstruction
modules which are integrated into the recent deep learn-
ing frameworks. It allows using the said reconstruction
module in conjunction with the automatic differentiation
algorithms which drive the parameter updates in com-
mon deep learning frameworks. The user only specifies
the forwardmodel and optimization via gradient descent is
performed automatically, iteratively approaching a locally
minimal solution with respect to the calculated loss func-
tion. In this work, we build upon that framework wrapped
for the deep learning framework PyTorch31 to implement
the reconstruction for the XRM data.
The embedding of knowledge about the physics under-

lying CT reconstruction into learned pipelines has been
explored before, mostly in the medical context, but also
on XRM data similar to ours.32–34 The areas of applica-
tion range from improving reconstruction quality in low
dose, limited or missing angle scenarios34,35 over learn-
ing of data-optimal reconstruction filters or weights36,37
to calibration of, for example, the position of the rotation
axis from the measured data.32 Some of the mentioned
approaches propose deep learning architectures in the

classical sense involving ahighnumber of trainable param-
eters. However, as prior knowledge is explicitly imposed
by the reconstruction operator, it is often possible to
reduce the number of free parameters considerably.25 In
the extreme cases, only a small number of free parameters
which have a well-defined task suffice to model the prob-
lem in an interpretable way. Training these very low para-
metric methods could be viewed as general gradient-based
optimization. Nevertheless, they still rely on the automatic
differentiation of frameworks like PyTorchwhich bypasses
the non-trivial work to manually compute the correspond-
ing gradient. Just as for classical deep learning approaches,
defining the forward model suffices making a clear dis-
tinction between deep learning and mere optimization
methods in the context of differentiable reconstruction
operators difficult.

2.4 Details on reconstruction pipeline

The proposed reconstruction pipeline consists of several
steps highlighted as coloured boxes in Figure 2. Input to
the pipeline is the raw measurement data from the scan-
ner stored in a proprietary file format (.txrm). One such
file contains all projection images of a scan as well as
metadata concerning the geometry or correction factors.
Our reader is extended from work by De Carlo et al.38
and extracts images and the necessary header informa-
tion. Next, several pre-processing steps are performed on
the raw projection images. These are a flat field correction
and a revision of detector shifts which are applied inten-
tionally during data acquisition to minimize the influence
of defect pixels on the detector. Following these steps, by
applying the negative logarithm, the projection data are
converted to line integral domain which reflects the actual
attenuation instead of the remaining X-ray intensity after
traversing the object. Finally, a truncation correction is
applied if the imaged object exceeds the detector. The pro-
jection images are laterally extended by 10% of the original
image width on both left and right sides and the imaged
bone is extrapolated by linearly fading out absorption val-
ues to zero towards both sides. To cope with the high
memory requirements of the given data, downsampling
can be applied both spatially and in angular direction. The
scan’s geometry is defined in terms of projection matrices.
These define the geometrical relationship of 3D points in
the volume and their corresponding detector location after
projection under a given angle. An ideal circular trajectory
is assumed and specified by the following parameters from
the metadata: The number of projection images, their pri-
mary acquisition angles, the detector height and width in
pixels, the detector pixel size, the source to rotation centre
distance, the detector offset from the centre and the cone
angle. Given the pre-processed projection images and their
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F IG 2 Overview of the proposed reconstruction pipeline. We implement each of the coloured boxes to (1) read the raw projection data, (2)
pre-process the images, (3) define the scan geometry and (4) perform a filtered back-projection

corresponding projectionmatrices, the differentiable back-
projection module introduced in the previous section is
called. It performs the Parker and cosine weighting, ramp
filtering and actual back-projection into the volume based
on the differentiable implementation in Ref. 29. The final
reconstruction represents the spatial function of attenua-
tion values which are typically given in Hounsfield Units
(HU), where the attenuation of water corresponds to 0
HU and the attenuation of air is −1000 HU.39 As such,
our pipeline does not contain any trainable parameters at
all. Rather, we see it as a tool that can enable state-of-
the-art reconstruction approaches for Zeiss XRM data. In
Section 2.5, we propose a simple application of the pipeline
in the context of mouse bone imaging.

2.5 Application to cupping correction

CT reconstruction algorithms usually neglect the fact that
the attenuation of X-rays traversing an object is not only
material- but also energy-dependent. In reality, however,
lower-energetic parts of the X-ray spectrum are typically
attenuated stronger than high-energetic parts, especially
in dense material like bone. This introduces a non-linear
error in the detector signal leading to cupping artefacts
or dark streaks in the reconstruction.40,41 We observe
those cupping artefacts in the data reconstructed by our
pipeline and in the proprietary reconstruction in the form
of decreasing grey values of the bone towards the bone
marrow (see Figure 4, ‘Ours uncorrected’). As cupping
artefacts arise from a distortion of grey values in the projec-
tion images, they can effectively be reduced by a correction
polynomial of degree 𝑁

𝑥̂(𝐜) =

𝑁∑
𝑛=1

𝑐𝑛𝑥
𝑛 , 𝑐𝑛 ∈ ℝ, (1)

which maps each grey value 𝑥 to its corrected value 𝑥̂ in
projection domain. This polynomial contains 𝑁 scanner-
and object-dependent parameters stored in the vector 𝐜 ∈
ℝ𝑁 . These can, for example, be found via calibration
with a known phantom42 or by maximizing the consis-

tency between the projection images.43 With the proposed
framework, the fitting of the free polynomial coefficients
can be achieved easily by including the polynomial map-
ping in Equation (1) into the differentiable computation
graph before feeding the projection images to the back-
projection module (see Figure 3). Only the coefficients 𝐜
of the polynomial in Equation (1) are defined as trainable
parameters within PyTorch. Because image and projec-
tion domain are connected in a differentiable way, the
target function for optimizing the coefficients can be for-
mulated in image domain and still drive the updates
of 𝐜 operating in projection domain. More precisely, the
projection images are first corrected by the polynomial
cupping correction model with trainable parameters 𝐜
and then reconstructed using the differentiable framework
PyroNN which performs Parker and cosine weighting,
ramp filtering and the actual back-projection operation
(see Section 2.3). The obtained reconstruction is normal-
ized to unit standard deviation and a self-supervised loss
in the form of the total variation (TV) norm is applied.
Because each step in this chain is differentiable, the gradi-
ent of the TV norm can be propagated backwards such that
it can finally be used to update 𝐜. The TV loss is defined as

TV(𝐈) =
𝐽∑
𝑗=0

|∇𝐼𝑗|1 . (2)

It integrates the absolute values of the image gradient ∇𝐼
for all pixels 𝑗 thereby preferring piecewise constant solu-
tions. Our intuition behind choosing the TV norm as a loss
function is that this function punishes intensity gradients
such as those introduced by beam hardening.
When left unconstrained, the self-supervised optimiza-

tion of 𝐜 could converge towards trivial solutions, for
example, 𝐜 = 𝟎. To restrict this effect, we enforce that the
coefficients 𝐜 have unit 𝓁2-norm with

‖𝐜‖2 = 1. (3)

Incorporating this constraint into the gradient-based opti-
mization requires restricting the space of possible solutions
for the free parameters 𝐜. All gradient updates on 𝐜 must
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F IG 3 Self-supervised calibration of a polynomial mapping for cupping correction. The forward model of the correction step is specified
and inserted into the differentiable computation graph in sinogram domain. A TV norm on the reconstructed volume serves as objective
function for automatic gradient-based optimization of the free parameters 𝐜 ∈ ℝ𝑁 with 𝑁 ∈ {2, 3}

still fulfil Equation (3) and hence lead to solutions which
lie on the 𝑁-dimensional unit sphere with respect to the
𝓁2-norm. Such update steps can be performed using spe-
cial Riemannian optimizers. Gradients are computed in
the tangent space of the current location on the manifold
of the 𝑁-dimensional unit sphere and the optimizer per-
forms a special gradient update which cannot leave the
manifold.44,45 We use the Riemannian version of the well-
known stochastic gradient descent (SGD) optimizer with a
learning rate of 10−9 which ensures that the required con-
straint in Equation (3) is always fulfilled. A pseudo-code
formulation of the proposed cupping correction algorithm
is given in Algorithm 1.

3 EXPERIMENTS

We perform two types of experiments:

1. Per-scan experiments: Cupping correction is performed
on a per-scan basis where the polynomial parameters 𝐜
are optimized on the target scan itself.

2. Full data set experiments: Cupping correction is per-
formed on a full data set split into training, validation
and test samples. One parameter vector 𝐜 is fitted using
all training samples and applied without changes to
correct previously unseen test samples.

In the second case, we split the eight available bone scans
into five samples for training, one for validation and two for

A l g o r i t hm 1 Self-supervised cupping correction
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testing. Running the optimization on the full-size recon-
struction problem per sample is intractable because all
projection images and the reconstructed volume need to
reside on the GPU simultaneously which is beyond the
memory capacity of recent consumer graphics boards.
Hence, we subdivide each volume into 11 stacks of 100
slices which are reconstructed independently during opti-
mization. This leads to a setting where only the central
1100 of 2014 slices of each scan are utilized. The outer
slices are omitted because of an increasing influence of
cone-beam artefacts. The described setting results in a
training set of 55 individual samples from five different
bone scans reconstructed per epoch for the full data set
case. In the per-scan setting, all 11 stacks of the target scan
are used during optimization. Algorithm 1 is valid for both
experimental settings.
In addition to splitting the volumes into smaller stacks,

we downsample the projection images angularly and spa-
tially by a factor of 2 and the reconstructions by a factor
of 2 in each direction. Hence, after downsampling, each
sample has 50 slices and half the width and height of the
proprietary reconstruction given in Table 1 during opti-
mization. Experiments are performedwith a degree of𝑁 =

2 and 𝑁 = 3 for the polynomial in Equation (1), that is,
with just two or three free parameters involved. Projec-
tion images aswell as the geometry configuration are saved
after all pre-processing steps including the conversion to
line integral domain such that, during optimization, only
the polynomial correction step and the back-projection
module itself need to be evaluated (see Figure 3). Opti-
mization is performed for 200 epochs in the per-scan
experiments and for 40 epochs in the full data set exper-
iments leading to an identical number of update steps for
both cases. All experiments are performed with a learning
rate of 𝜇 = 1 × 10−9.
For evaluation, as we have no dedicated ground-truth

reconstruction without cupping artefacts, we compare dif-
ferent uncorrected and corrected reconstructions obtained
with the proposed reconstruction pipeline and the propri-
etary reconstruction obtained with the black-box scanner
software. All evaluations are done on the central 100 slices
of the scans on full resolution. Even though we enforce a
constant norm on the polynomial coefficients, the average
intensity in the reconstructions is not preserved by the pro-
posed correction step. Furthermore, the intensity values
of the proprietary reconstruction are on a completely dif-
ferent scale than those obtained with our reconstruction
pipeline. Hence, for comparison purposes, each recon-
struction is rescaled such that the background has a value
of 0 and the bone has a value of 1800 which corresponds
to the HU-value of cortical bone.46 The histogram of each
scan is computed and the grey values 𝐼bone and 𝐼background
corresponding to bone and background peak, respectively,

are identified. The rescaling is performed independently
for each scan via

𝐼𝑗 =
𝐼𝑗 − 𝐼background

𝐼bone − 𝐼background
∗ 1800HU (4)

for 𝐼𝑗 being the original grey value of the 𝑗th reconstructed
voxel and 𝐼𝑗 being the rescaled grey value of that voxel in
Hounsfield Units. For quantification of the cupping arte-
facts, we compute the outer and inner contour of the bone
per slice usingmorphological snakes.47 These contours are
used to programmatically and repeatedly extract 100 lines
per slice across the bone connecting the outer and inner
contour at equally spaced points. Profiles of the bone grey
values are evaluated along these lines. Furthermore, the
middle points between corresponding points on the outer
and the inner contour are used to define a middle contour
which splits the bone into an inner and outer area per slice.

4 RESULTS

Figure 4 shows the centre slices of three different murine
tibia reconstructions. A visual comparison of our recon-
struction to the proprietary reconstruction (‘Ours uncor-
rected’ and ‘Proprietary’) proves high accordance with
clearly visible small-scale structures inside the cortical
bone. The resulting polynomial coefficients for correction
are 𝐜𝑁=2 = (0.813, 0.582) and 𝐜𝑁=3 = (0.815, 0.576, 0.063)

for the full data set experiment and 𝐜𝑁=2 = (0.855, 0.519)

and 𝐜𝑁=3 = (0.854, 0.519, 0.037) for a per-scan experiment.
Both the uncorrected and the proprietary reconstruction
exhibit decreasing grey values from the outer part of the
bone towards the bone marrow. In the corrected versions
of the reconstruction obtainedwith the presented pipeline,
the grey values of the bone tissue are more homogeneous
across the bone. These observations hold for the per-scan
optimization (Figure 4, upper row) as well as for the full
data set experiments (Figure 4, rows two and three). No
clear visual difference can be observed between a correc-
tion with degree𝑁 = 2 and𝑁 = 3 (Figure 4, columns four
and five). Figures 5A–C visualize average profiles of bone
grey values across the bone, that is, along lines connecting
the outer and the inner bone contour as described in Sec-
tion 3. Both the proprietary and our uncorrected pipeline
have line profiles with a negative slope representing
decreasing grey values from outer to inner contour. In
addition, both test samples from the full data set experi-
ments exhibit extraordinarily high grey values close to the
outer bone contour which are slightly more pronounced in
the uncorrected reconstruction obtained with our pipeline
than in the proprietary one. Apart from that, uncorrected
and proprietary reconstruction show a similar trend in
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F IG 5 Upper row: Average line profiles connecting outer and inner bone contours. Proprietary and uncorrected reconstructions exhibit
peaks close to the outer contour and decreasing grey values towards the inner contour. Grey values remain largely constant in both corrected
versions with some drop off towards both outer and inner contour. The standard deviation across different lines connecting outer and inner
bone and different slices is in the range of the line width. Lower row: The kernel density estimation of bone grey values (kernel bandwidth:
0.1𝜎, 𝜎: standard variance of grey values) computed inside the outer and inner region of the bone. Quartiles are indicated by dashed lines for
different reconstructions. The proposed correction aligns outer and inner grey values when using a polynomial of degree 𝑁 = 2 and 𝑁 = 3.
Note that we have excluded all grey values below 1400 HU because these correspond to cavities inside the bone which are not distributed
equally across the bone and would distort the results. Panels A and D correspond to the per-scan experiment and Panels B, C, E and F depict
the two test samples in the full data set experiment

TABLE 2 All quantitative results are given in the following format: per-scan experiment, full data set test sample 1, full data set test
sample 2. The best result for each metric is highlighted in bold font

Proprietary Ours uncorrected Ours𝑵 = 𝟐 Ours𝑵 = 𝟑

𝑠 −0.622, −1.341, −0.851 −0.755, −1.386, −1.095 0.172, −0.124, 0.006 0.165, −0.154, -0.001
Δ𝑔 [HU] 69.53, 105.49, 42.45 80.03, 112.96, 57.19 6.24, 8.79, 19.40 5.73, 6.69, 18.31

NoteWe compute the slope 𝑠 of a straight line fitted to average grey value profiles along lines connecting outer and inner contour and themean absolute grey value
offset between outer and inner bone region Δ𝑔 in HU. For both metrics, we regard values close to 0 as best.

their average line profiles. Similarly, there is no apparent
difference in the line profiles of the corrected reconstruc-
tions with 𝑁 = 2 or 𝑁 = 3. Compared to the uncorrected
reconstruction, however, the line profiles of the corrected
reconstruction do not show the decreasing behaviour.
Instead, they remain largely constant with a slight drop-off
towards both sides. This is also reflected in the quantitative
metrics in Table 2.We fit a straight line to each average line
profile and report its slope 𝑠 to measure the decrease or
increase of grey values between inner and outer contour.
The uncorrected reconstruction obtained with our pro-
posed pipeline has the largest negative slope followed by
the proprietary reconstruction. For the corrected versions,

the slope is closer to zero. It is even slightly positive for the
per-scan experiment, still slightly negative for the first full
data experiment test sample and almost perfectly zero for
the second test sample. Figure 5D-F visualizes the distribu-
tion of bone grey values in the outer and inner bone regions
of all 100 central slices at full resolutionwith quartiles indi-
cated by dashed lines for the proprietary, uncorrected and
both corrected reconstructions. For the uncorrected case,
the inner and outer distributions exhibit a clear vertical
offset with grey values being lower in the inner section of
the bone. This difference is reduced in both corrected
reconstructions. The quantitative absolute difference in
mean grey values between the outer and inner part Δ𝑔 can
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be found in Table 2. Again, it is highest for our uncorrected
reconstruction, followed by the proprietary reconstruction
and with best results for the two corrected versions. In
the best case (test sample 1), a mean difference of 112.96
HU over all slices in the uncorrected reconstruction is
reduced to 6.69 HU after correction with 𝑁 = 3 which is
a reduction by 94%. Even in the worst case, a mean grey
value difference of 57.19 HU is reduced to 18.31 HU which
still corresponds to a reduction by 68%.

5 DISCUSSION

The presented pipeline fits the coefficients 𝐜 of a poly-
nomial operating in projection domain using a straight-
forward, self-supervised target function defined on the
reconstructed volume. This allows for a data-driven, ret-
rospective calibration for cupping correction without the
need to acquire any extra calibration measurements or to
manually set up an entire optimization algorithm. With
this, even though our reconstruction pipeline is deep learn-
ing compatible, we do not perform deep learning in the
classical sense of fitting a highly overparametrized neu-
ral network but use the built-in automatic differentiation
of PyTorch to perform gradient-based optimization on a
problem that would be very hard to set up and derive
with respect to the free parameters otherwise. Extending
that algorithm with deep networks is easily implemented
by attaching the deep model to the computational graph
during the forward pass. The general optimization proce-
dure remains identical. Experiments have been performed
with a polynomial of orders 2 and 3 which have both
yielded improved reconstructions over the uncorrected
one. On the used data set, both versions yield very similar
results and we cannot decide which one performs better.
Conveniently, the fitted polynomial operates on the projec-
tion images’ intensity values only. Therefore, it is largely
independent of the resolution of both projection images
and reconstruction volume. We exploit this property by
running the optimization on downsampled data for com-
putational reasons, but we use the resulting polynomial for
correction of the full resolution data. The beam-hardening
correction is not intensity-preserving by itself because the
TV norm does not punish piecewise constant offsets in the
data. As the data used here stems from an uncalibrated
scanner, the absolute grey values are not directly phys-
ically interpretable. Hence, intensity preservation is not
a primary concern but can be achieved by a subsequent
rescaling (see Equation 4). This process can easily be auto-
mated and applied to many samples in order to obtain
consistent grey values even if optimization is performed
per sample. In the case of a large series of samples with
very similar properties, an optimization procedure com-
parable to the described full data set experiment would
be preferable. A representative training set can be used to

calibrate the parameters 𝐜 which are then applied to all
samples of the series without changes. In our experiments,
the per sample and the full data set setup yielded similar
coefficients 𝐜. Hence, we expect similar cupping correction
performance for bothmethods as long as the samples in the
data set have comparable absorption properties. Conver-
gence curves in the supplementary material indicate that
both experimental settings converge.
The self-supervised fit of coefficients is easy to apply but

has some limitations. It can potentially converge towards
physically implausible results if the hyperparameters such
as the learning rate are not controlled carefully. This can
be counteracted by introducing further constraints such
as monotonicity and convexity of the polynomial.48 How-
ever, PyTorch and comparable deep learning frameworks
are primarily designed for unconstrained optimization of
highly parametrized models and might not be perfectly
suited for strongly constrained settings. Currently, the unit
𝓁2-norm for the free parameters 𝐜 is enforced by using
a special Riemannian optimizer. Hence, additional con-
straints are not easily added because they directly affect the
optimizer itself. If artefact-reduced ground-truth recon-
structions are available, they can be used to drive the train-
ing in a supervisedmanner to avoid physically implausible
results as well as intensity shifts. This would also make
the requirement of any additional norm obsolete. Fur-
thermore, we have not performed a detailed evaluation of
the influence of different noise levels in the reconstruc-
tion on our algorithm. The TV norm is frequently utilized
for denoising applications as well. Noise reduction tech-
niques, however, usually rely on averaging operations over
neighbourhood pixels. As our method is restricted to the
same polynomial per-pixel mapping for the entire stack of
projection images, such a neighbourhood-dependent oper-
ation is not possible by design. Hence, in our case, the
minimization of the TV norm needs to be achieved by cup-
ping correction rather than noise reduction. It has already
been demonstrated that incorporating a denoiser based
on supervised learning into the proposed pipeline yields
state-of-the-art results.49 Investigating a joint denoising
and cupping correction approach can be an interesting
avenue for future work.
Overall, the presented work on retrospective cupping

correction is a simple example which expresses the value
of a differentiable reconstruction algorithm.While compa-
rable experiments incorporating differentiable CT recon-
struction have already shown its usefulness on simulated
data,25,50 it has not yet been applied extensively to real data.
This paper demonstrates the applicability to a real-world
example and opens up many possibilities to leverage the
idea in future work. We plan to investigate the use of the
proposed pipeline for purposes such as denoising or other
artefact reduction aiming at the development of an XRM
scanning protocol suitable for in vivo imaging. While we
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work on XRM data here, the general idea of differentiable
reconstruction is not limited to a specific scanner but can
be generalized to any flat-panel CBCT device.

6 CONCLUSIONS

We present a complete reconstruction algorithm for Zeiss
X-ray microscopes for which, to the best of our knowl-
edge, no other open-source algorithm exists at the time
of writing. With the back-projection step of this pipeline
being differentiable, a cupping correction can be retro-
spectively calibrated from real XRM data. This relaxes the
dependency on proprietary software and opens the door
for further applications of learned modules in conjunction
with XRM reconstruction. Ultimately, such algorithms can
help to overcome some of the challenges associated with
high-resolution in vivo bone imaging using XRM.
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