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Abstract
Many properties in solids are determined by interactions between electronic, magnetic, and

phononic degrees of freedoms. Ultrafast pump-probe techniques are ideally suited to access these

interactions: they allow observing relaxation pathways of laser-excited solids on femtosecond

timescales. These pathways are determined by the interplay of different microscopic interactions.

In this thesis, femtosecond electron diffraction was employed to access the response of the crystal

lattice to laser excitation. Several technologically relevant materials were investigated: the

layered semiconductor black phosphorus, the 3d ferromagnets cobalt, iron, and nickel, and the

4f ferromagnets gadolinium and terbium.

Black phosphorus is a layered van der Waals crystal with a narrow band gap and an ex-

traordinary in-plane anisotropic structure. In this work, the ultrafast structural response of

the material to laser excitation was studied, in particular the impact of the in-plane anisotropy.

Following laser excitation, electron-phonon coupling leads to a highly nonthermal phonon popu-

lation, which is characterized by a large occupation of high-energy phonon modes and a transient

modification of the anisotropy of the atomic vibrations. On timescales of tens of picoseconds,

thermal equilibrium of the lattice is reestablished via phonon-phonon coupling. The results

presented in this work provide detailed insights into the nonthermal evolution of the black

phosphorus lattice following laser excitation and the underlying coupling mechanisms. In ad-

dition, the influence of several experimental parameters on the ultrafast lattice response was

investigated to identify pathways to control properties of the transient non-equilibrium state.

The 3d ferromagnets iron, cobalt, and nickel exhibit ultrafast demagnetization on timescales

of hundreds of femtoseconds following laser excitation [Bea96; Kam02; Koo10]. Here, three sub-

systems contribute to the observed ultrafast response: electrons, spins, and the lattice. In this

work, the microscopic energy flow between these three subsystems was studied quantitatively.

Experimental results for the lattice dynamics were combined with density functional theory cal-

culations and several energy flow models. The comparison of the models with the experimental

data unambiguously demonstrates the pronounced influence of the spin dynamics on the lattice

dynamics: the combination of energy flow into and out of the spin system leads to significant

slowing down of the lattice dynamics. This work shows that energy-conserving atomistic spin

dynamics simulations offer a quantitative description of the microscopic energy flow in all three

elemental 3d ferromagnets. Furthermore, transient nonthermal states of the spin system were

observed in the simulations, showing that thermal descriptions, e.g. with temperature models,

cannot capture the full non-equilibrium dynamics in magnetic materials.

In contrast to the itinerant 3d ferromagnets, the dominant contribution to the magnetic

moment in gadolinium and terbium, the 4f moment, is much more localized. Only a small con-

tribution, the 5d moment, is delocalized. This has consequences for the interaction mechanisms

of spins with other subsystems and increases the complexity of the laser-induced response. This

work provides detailed femtosecond electron diffraction studies on gadolinium and terbium,

both in the ferromagnetic and paramagnetic phases. The diffraction experiments were comple-

mented by time-resolved magneto-optical Kerr effect studies on terbium. Several observations

that are at odds with a thermal description of the ultrafast dynamics were identified. This work

provides the lattice perspective on the ultrafast response of gadolinium and terbium to laser

excitation, which constitutes a basis for a full understanding of the complex ultrafast dynamics

in 4f ferromagnets.
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Kurzfassung
Viele Eigenschaften von Festkörpern werden durch Wechselwirkungen zwischen elektronischen,

magnetischen und phononischen Freiheitsgraden bestimmt. Ultraschnelle Pump-Probe-Methoden

sind ideal dafür geeignet, Zugang zu diesen Wechselwirkungen zu erhalten: Sie erlauben es,

den Verlauf der Relaxierung von laserangeregten Festkörpern auf Femtosekundenzeitskalen zu

beobachten. Dieser wiederum wird durch das Zusammenwirken verschiedener mikroskopis-

cher Wechselwirkungen bestimmt. In dieser Arbeit wurde Femtosekunden-Eletronenbeugung

verwendet, um Zugang zur Reaktion des Kristallgitters auf Laseranregung zu erhalten. Ver-

schiedene technologierelevante Materialien wurden untersucht: der halbleitende Schichtkristall

schwarzer Phosphor, die 3d-Ferromagneten Kobalt, Eisen und Nickel sowie die 4f-Ferromagneten

Gadolinium und Terbium.

Schwarzer Phosphor ist ein Van-der-Waals-Kristall mit einer schmalen Bandlücke und einer

speziellen Kristallstruktur, die Anisotropie in den einzelnen Kristallschichten aufweist. In

dieser Arbeit wurde die ultraschnelle Reaktion des Kristallgitters auf Laseranregung unter-

sucht, insbesondere die Folgen der Struktur-Anisotropie. Nach Laseranregung führt Elektron-

Phonon-Kopplung zu einer nicht-thermischen Phononenbesetzung mit hoher Besetzung von

hochenergetischen Phononen und einer Änderung in der Anisotropie der Atombewegungen.

Durch Phonon-Phonon-Kopplung wird das thermische Gleichgewicht des Gitters in einigen

zehn Pikosekunden wieder hergestellt. Die hier präsentierten Ergebnisse bieten detaillierte

Einblicke in die nicht-thermische ultraschnelle Dynamik von schwarzem Phosphor und die zu-

grunde liegenden Kopplungsmechanismen. Außerdem wurde der Einfluss verschiedener experi-

menteller Parameter untersucht, um Möglichkeiten der Einflussnahme auf den transienten Nicht-

gleichgewichtszustands zu finden.

Die 3d-Ferromagneten Eisen, Kobalt und Nickel zeigen ultraschnelle Entmagnetisierung auf

Zeitskalen von Hunderten von Femtosekunden nach Laseranregung [Bea96; Kam02; Koo10]. In

diesem Fall tragen drei Subsysteme zur beobachteten ultraschnellen Reaktion bei: Elektronen,

Spins und das Kristallgitter. In dieser Arbeit wurde der mikroskopische Energiefluss zwischen

diesen drei Subsystemen quantitativ untersucht. Experimentelle Ergebnisse für die Gitter-

dynamik wurden mit Dichtefunktionaltheorie-Rechnungen und verschiedenen Energieflussmod-

ellen kombiniert. Der Vergleich der Modelle mit den experimentellen Ergebnissen zeigt eindeutig

den starken Einfluss der Spindynamik auf die Gitterdynamik: Die Kombination von Energiefluss

in das Spinsystem und aus dem Spinsystem heraus führt zu einer deutlichen Verlangsamung der

Gitterdynamik. Diese Arbeit zeigt, dass energieerhaltende atomistische Spinsimulationen eine

quantitative Beschreibung des mikroskopischen Energieflusses in allen drei 3d-Ferromagneten

bieten. Außerdem wurden in den Simulationen vorübergehende nicht-thermische Zustände des

Spinsystems beobachtet. Dies zeigt, dass thermische Beschreibungen (z.B. mit Temperaturmod-

ellen) die Nichtgleichgewichtsdynamik in magnetischen Materialien nicht vollständig erfassen

können.

Im Gegensatz zu den hier betrachteten 3d-Ferromagneten ist der Großteil des magnetischen

Moments in Gadolinium und Terbium, das 4f-Moment, viel lokalisierter. Nur ein kleiner Teil,

das 5d-Moment, ist delokalisiert. Dies hat Konsequenzen für die Wechselwirkungsmechanismen

der Spins und erhöht die Komplexität der Reaktion auf Laseranregung. Diese Arbeit stellt

detaillierte Ergebnisse der Femtosekunden-Elektronenbeugung sowohl im ferromagnetischen als

auch im paramagnetischen Zustand zur Verfügung. Die Beugungsexperimente wurden durch
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zeitaufgelöste Messungen des magneto-optischen Kerr-Effekts an Terbium ergänzt. Einige der

Beobachtungen passen nicht zu einer thermischen Beschreibung der ultraschnellen Dynamik.

Diese Arbeit zeigt die Gitterperspektive der ultraschnellen Reaktion von Gadolinium und Ter-

bium auf Laseranregung, welche als Basis für ein vollständiges Verständnis der komplexen ul-

traschnellen Dynamik in 4f-Ferromagneten dient.
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Chapter 1

Introduction

1.1 Probing microscopic interactions in the time domain

Many macroscopic properties of solids are determined by the interactions between electronic,

magnetic, and lattice degrees of freedom. For example, the electrical conductivity of a ma-

terial is largely determined by scattering of electrons with phonons. Magnetostrictive effects

(dimension changes of a material upon changes in the magnetization) are due to the interactions

between magnetic and lattice degrees of freedom. Mott insulators don’t conduct electricity due

to the interactions between electrons. These are just a few examples of the many cases in which

microscopic interactions between different degrees of freedom are decisive for the macroscopic

properties of a material, which in turn determine the functionality of any device made thereof.

In order to create devices with new functionalities or to improve existing designs, a funda-

mental understanding of the different microscopic interaction mechanisms is therefore desired.

One approach is to infer microscopic interaction mechanisms from measurements of different

macroscopic properties. A variety of tuning knobs are available, e.g. temperature or pressure,

which help to disentangle contributions of different effects. For example, temperature-dependent

measurements of the electrical conductivity allow quantifying the contribution of phonons to

the resistance and thus provide insights into electron-phonon coupling. Similarly, thermal con-

ductivity measurements at different temperatures yield insights into phonon-phonon coupling.

Another powerful approach to access coupling strengths are linewidth analyses, e.g. in static

photoemission data. Since the linewidth of a state depends on its lifetime (among other contri-

butions), it can yield information on its coupling to other degrees of freedom. However, there

are limits to measurements in thermal equilibrium. Since many different interactions contribute

to the observations, it can be challenging or even impossible to fully disentangle them.

Another approach to disentangle different interactions is to separate them in the time do-

main, by their interaction strength. This is not possible in thermal equilibrium. However, if

the material is suddenly driven out of equilibrium, its relaxation pathway back to equilibrium

will depend on the interplay of different interactions. The strongest interactions will induce the

fastest relaxation processes, followed by additional ones mediated by less efficient interactions.

Hence, by following the relaxation pathway back to equilibrium, it is possible to separate differ-

ent equilibration processes in the time domain, enabling insights into the underlying interactions

that would not be possible in thermal equilibrium.
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2 Chapter 1. Introduction

In solid-state systems, the typical relaxation timescales of electrons, phonons, and spins are

on the order of femto- to nanoseconds. Changes on such timescales cannot be directly recorded,

because they exceed the speed of even the fastest electronics. Instead, femtosecond laser pulses

in combination with a pump-probe approach are employed: first, the material is driven out of

equilibrium with an ultrashort laser pulse (pump). After a certain time delay, a second laser

pulse is employed to investigate the material’s response to laser excitation (probe). The elegance

of the pump-probe technique lies in the spectroscopic pumping and probing: since the probe

pulse interrogates the state of the material only at a certain time delay after the pump pulse,

the detection of the probe signal can be time-integrated. Time resolution is then achieved by

repeating the measurement for many different time delays between pump and probe pulses, thus

obtaining a “movie” of the material’s response to laser excitation.

Different probing methods are available to investigate different aspects of the ultrafast re-

sponse to laser excitation. A (non-exhaustive) overview is presented in Fig. 1.1.

Figure 1.1: Schematic illustration of different degrees of freedom in a solid and probing techniques to

access their responses to laser excitation (pump pulse). More details are described in the text.

Electronic degrees of freedom can for example be probed with time-resolved photoemission

techniques, optical reflectivity or absorption measurements, and with X-ray absorption spec-

troscopy (XAS). The response of magnetic degrees of freedom can be investigated using the

magneto-optical Kerr effect (MOKE), X-ray magnetic circular dichroism (XMCD), photoemis-

sion techniques, and magnetic X-ray diffraction. To access the lattice dynamics, the most direct

techniques are time-resolved diffraction techniques, namely X-ray and electron diffraction. With

any of these techniques, already a lot of information on the coupled non-equilibrium dynamics of

electronic, magnetic, and lattice degrees of freedom can be obtained. Combining several probes

to investigate a material is even more powerful: it allows to relate the dynamics of different

subsystems with each other, thus yielding more comprehensive and complementary information

on relaxation pathways and the underlying coupling strengths. Also the pump pulse is a tuning

knob to gain further information: by tuning the photon wavelength, different electronic transi-

tions can be excited. Different initial non-equilibrium states of the material result in different

relaxation pathways, which can then be compared with each other. In the case of materials

with a band gap, it is even possible to exclusively excite specific lattice or magnetic degrees of
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freedom instead of electronic transitions. This can be achieved by pumping with low photon

energies in the terahertz range.

In this thesis, the focus lies on time-resolved electron diffraction, which is introduced in

detail in Chapter 2. Several materials of both technological and fundamental interest were

studied: black phosphorus (Chapter 3), the elemental 3d ferromagnets nickel, iron, and cobalt

(Chapter 4), as well as the 4f ferromagnets gadolinium and terbium (Chapter 5).

Black phosphorus is a layered material that can be exfoliated down to a monolayer (2D

material). Its tunable band gap in the infrared range and high carrier mobility make it an

important building block for 2D heterostructure devices. In addition, it has an extraordinary

in-plane anisotropic structure, which is reflected in many macroscopic properties. In this work,

it is uncovered how this peculiar structural anisotropy affects the material’s response to laser

excitation. A pronounced nonthermal behavior of the lattice is revealed, with consequences for

the transient anisotropy of the atomic vibrations. Furthermore, tuning knobs to control the

timescales of this nonthermal state are investigated.

An interesting aspect of the 3d and 4f ferromagnets studied here is their ultrafast demag-

netization, whose underlying microscopic processes and their interplay are still a subject of

investigation [Eic17; Dor19; Fri20; Guy22]. In this work, the ultrafast lattice responses of these

ferromagnets are accessed directly with time-resolved diffraction and the microscopic energy

flow between electronic, magnetic, and lattice degrees of freedom is analyzed. For the 3d fer-

romagnets iron, cobalt, and nickel, experimental and theoretical results are combined to yield

a quantitative description of the microscopic energy flow. The results reveal the substantial

role of ultrafast demagnetization in the lattice dynamics and provide a quantitative model for

the microscopic energy flow in elemental 3d ferromagnets. Furthermore, novel insights into the

strongly out-of-equilibrium, nonthermal response of the spin system are gained.

In contrast to the itinerant 3d ferromagnets, the nature of the magnetic moment in elemental

4f ferromagnets is predominantly localized, which affects the ultrafast relaxation pathways. In

this work, the ultrafast lattice responses of gadolinium and terbium are examined both above

and below their Curie temperatures. In addition, detailed temperature-dependent results for

the lattice dynamics and time-resolved MOKE results are provided for terbium. It is found

that several aspects of the experimental results do not agree with a thermal picture of ultrafast

demagnetization. This work provides detailed experimental results on the ultrafast lattice

dynamics, which are complementary to demagnetization measurements, and therefore serve as

a basis for understanding the complex ultrafast responses of 4f ferromagnets.

Before discussing the experimental details and the results, the next two sections give a brief

overview of the microscopic couplings and their roles in the equilibration processes, which serves

as a basis for understanding the experimentally measured ultrafast dynamics.

1.2 Microscopic couplings in solids

When analyzing the ultrafast response of a material to laser excitation, different coupling mech-

anisms need to be considered, which are briefly introduced in this section. They are presented

in the order of to their (typical) interaction strength, however, it is important to note that all

of these processes occur simultaneously and also influence each other.

First, when a visible laser is absorbed by a material, electrons are excited to states with

higher energies. The initial population of excited states depends on the band structure of the
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material as well as the photon energy and is strongly nonthermal, i.e. it cannot be described

with a Fermi-Dirac distribution function. Following the creation of such a nonthermal distri-

bution, the electronic system will relax back towards thermal equilibrium via electron-electron

scattering. A schematic illustration of an electron-electron scattering event is presented in

Fig. 1.2(a). In the lowest-order process, two electrons exchange energy and momentum with

each other. For an electron in a certain state, the available scattering pathways depend on

the band structure as well as on the occupation of other electronic states. As time progresses,

multiple electron-electron scattering events transform the initial nonthermal distribution closer

towards a Fermi-Dirac distribution. Throughout this work, this process is referred to as “elec-

tron thermalization” or “carrier thermalization”, since it generally applies to both electrons and

holes. Typically, carrier thermalization in metals is (approximately1) achieved on the order of

tens to hundreds of femtoseconds [MR13; Nie14; Uls15]. In general, the thermalization time

depends on the material, the pump laser wavelength, and the excitation density.

While electron-electron coupling can establish thermal equilibrium within the electronic sys-

tem, restoring equilibrium between electrons and other subsystems requires other coupling mech-

anisms. In particular, equilibration between electrons and the lattice is governed by electron-

phonon coupling, which is schematically depicted in Fig. 1.2(b). Essentially, the coupling be-

tween electrons and phonons is due to Coulomb interactions between the electrons and the ion

cores. Phonons consist of periodic displacements of the ions and thus lead to a perturbation of

their electrostatic potential. Therefore, phonons couple different Bloch states with each other.

An electron can scatter from one Bloch state into another via the absorption or creation of a

phonon, if energy and momentum conservation are fulfilled. In the case of a laser-excited ma-

terial with a hot electronic distribution, on average, more phonons are emitted than absorbed,

thus leading to a net energy relaxation of the electrons while the lattice gains energy. Typically,

most of the energy transfer between electrons and phonons happens on sub- to few picosecond

timescales [Wal16a; Wal17b; Zah21d].

The distribution of the additional phonons created by electron-phonon scattering depends

on the matrix elements as well as on the available phase space (i.e. the band structures and

occupation numbers). Particularly for semiconductors or insulators, which have profound phase-

space constraints due to the band gap, electron-phonon scattering alone cannot establish thermal

equilibrium within the lattice. This is achieved by direct phonon-phonon scattering, which is

schematically illustrated in Fig. 1.2(c). Phonons are the vibrational eigenstates of a crystal

with harmonic interatomic potential. In perfectly harmonic crystals, different phonons should

therefore not (directly) interact. However, in reality, interatomic potentials differ from the

harmonic approximation, in particular for high phonon occupation numbers (i.e. large atomic

displacements). In this case, phonons are not vibrational eigenstates anymore, and coupling

between different phonon modes occurs. The lowest-order processes involve three phonons,

either a decay of one phonon into two (anharmonic decay) or the opposite process. Compared

to electron-electron coupling and electron-phonon coupling, this interaction is typically the least

efficient one. For many materials, it has been found that phonon populations remain nonthermal

for tens of picoseconds after laser excitation [Tri10; Wal17b; Ste18; Zah20a; Sei21].

Particularly for magnetic materials, another essential degree of freedom is the spin. In many

magnetic materials, an ultrafast reduction of the magnetization or even magnetization switching

1Other scattering processes, in particular electron-phonon scattering, lead to minor deviations from a Fermi-

Dirac distribution also on longer timescales [WR19].
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Figure 1.2: Schematic illustration of different scattering mechanisms in solids. (a) Electron-electron

scattering. (b) Electron-phonon scattering. The phonon can either be emitted or absorbed in this

process. (c) Phonon-phonon scattering. A phonon can decay into two lower-energy phonons (anharmonic

decay), but also the opposite process is possible (phonon collision). (d) Elliott-Yafet spin-flip scattering.

In the presence of spin-orbit coupling, scattering events with non-magnetic scatterers (e.g. phonons) can

induce spin-flips. (e) Magnon emission via exchange scattering. Electrons can scatter from a minority

to a majority state, accompanied by the emission of a magnon.

after laser excitation is observed [Bea96; KKR10], which raises questions about the microscopic

coupling mechanisms governing these phenomena. There are several ways in which magnetic

degrees of freedom can interact with other subsystems. One mechanism is Elliott-Yafet spin-

flip scattering, which is illustrated in Fig. 1.2(d). The origin of this scattering mechanism is

spin-orbit coupling, which leads to a mixing of spin-up and spin-down eigenstates. Therefore,

a scattering event of an electron with a non-magnetic scattering center, e.g. a phonon, has a

finite probability of flipping the electron’s spin [Ell54]. The spin flip comes with a decrease of

angular momentum in the spin system. Due to angular momentum conservation, the angular

momentum needs to be transferred to the lattice.

A second mechanism that is discussed in the context of ultrafast magnetism is magnon

emission via exchange scattering, which is illustrated in Fig. 1.2(e). A minority electron can

flip its spin and generate a magnon. Such processes have been shown to have a significant

contribution to the decay of excited electronic states in iron [Sch10], suggesting that ultrafast

magnon generation plays a significant role in the response of ferromagnets to laser excitation.

However, exchange scattering alone cannot change the magnetization of ferromagnets, since

the total angular momentum of the spin system remains unchanged. In order to reduce the

magnetization, angular momentum needs to be dissipated to other degrees of freedom. Recent

experiments suggest that most of the angular momentum is dissipated to the lattice [Dor19;

Tau22]. Furthermore, also direct coupling between lattice and spin subsystems can occur, me-

diated by magneto-crystalline anisotropy [Wie11] or by the distance-dependence of exchange

coupling [MDW12]. Direct spin-lattice coupling is likely an important mechanism in the de-

magnetization of very localized magnetic moments, e.g. the 4f moments of rare-earth metals,

which lack spin-flip or exchange-scattering channels [Wie11].
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In addition to the local effects discussed so far in this section, it is also important to mention

that non-local (i.e. transport) effects can occur. Non-local effects, for example super-diffusive

spin transport [BCO10], can also contribute to the magnetization response to laser excitation.

The role of such non-local effects in the laser-induced dynamics depends strongly on the sample

geometry (e.g. sample thickness, substrate material) and can be minimized by using thin,

freestanding samples. Furthermore, in the case of antiferromagnets and ferrimagnets, coupling

between different sublattices can also change the magnetization [Thi17].

1.3 Relating non-equilibrium dynamics to coupling strengths –

the two-temperature model and beyond

As described in the previous section, the relaxation pathway of a laser-excited material is de-

termined by the interplay of different coupling strengths. To relate the experimentally observed

non-equilibrium dynamics to the underlying microscopic couplings, a model is required. A very

widely used model for the laser-induced dynamics is the two-temperature model (TTM), which

was introduced by Kaganov et al. [KLT57] and was first applied to laser-excited materials by

Anisimov et al. [AKP74]. Later, Allen derived the TTM equations from the time-dependent

Boltzmann equations and related the electron-phonon coupling parameter in the TTM to the

Eliashberg function (which stems from superconductivity theory) [All87].

The TTM only considers electronic and lattice degrees of freedom, i.e. it is applicable to

non-magnetic materials. Both the electrons and the lattice are assumed to be always in internal

thermal equilibrium, which means that they can be described with temperatures Te and Tl,

respectively. The interaction between the two subsystems is described with the electron-phonon

coupling parameter Gep. The time evolution of the electron and lattice temperatures is then

given by the following coupled differential equations [AKP74; All87]:

cl(Tl)×
dTl

dt
= Gep(Te)× (Te − Tl) (1.1)

ce(Te)×
dTe

dt
= Gep(Te)× (Tl − Te) + P (t), (1.2)

with cl: lattice heat capacity, ce: electron heat capacity, P (t): source term (laser excitation).

Even though the TTM can describe experimental results in many cases, it does not always

offer an accurate picture of the laser-induced dynamics. Already when Allen derived the TTM

from the time-dependent Boltzmann equations, he noted: “The assumption that the distri-

butions F [the electron distribution] and N [the phonon distribution] are always thermal is of

course incorrect at some level, possibly only in detail or possibly more seriously” [All87]. To

date, pump-probe experiments have revealed several examples of materials that cannot be de-

scribed with a TTM [Cha14; Wal16a; Wal17b]. In particular, assuming a thermalized phonon

distribution is often problematic, since phonon-phonon scattering is typically less efficient than

electron-phonon scattering. In fact, also one of the materials presented in this work, black phos-

phorus, exhibits pronounced nonthermal phonon dynamics, which is presented in Chapter 3.

Also for the electrons, calculations predict deviations from thermal behavior [WR19; WC20].

Consequently, depending on the material, a more sophisticated theoretical description than

the TTM may be necessary. A more detailed modeling can be achieved with the time-dependent

Boltzmann equation formalism [WR19; Sei21; Car21], which can describe the population changes
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of electrons and phonons without relying on thermal distribution functions. However, such mod-

els are significantly more complex and thus come with a high computational cost. To capture

the nonthermal dynamics of the material approximately with a less complex model, the TTM

can be extended by differentiating between more subsystems [Wal16a].

Besides the limitation to thermal distributions, the TTM is also unable to describe changes

in magnetic degrees of freedom following laser excitation, e.g. ultrafast demagnetization. To

describe magnetization dynamics, the spin system was added phenomenologically by extending

the TTM to a three-temperature model (3TM) [Bea96]. Analogously, also the 3TM is limited to

thermal descriptions of the different subsystems. Depending on the material and the timescales

considered, a more sophisticated model may be necessary. In fact, one such model is employed

in this work, energy-conserving atomistic spin dynamics (ASD) simulations. This model can

describe the coupled energy flow between electrons, spins, and phonons and has the major

advantage that it is not limited to a thermal description of the spin system. Instead, the spin

dynamics are directly simulated. Details about this model are presented in Chapter 4.





Chapter 2

Experiment and data analysis

A successful electron diffraction experiment comprises several aspects. Besides the experimen-

tal setup itself, other key components are the preparation of suitable samples as well as the

extraction of the relevant information from the experimental data. This chapter aims to give

an overview of these different aspects of the electron diffraction experiment.

2.1 Sample preparation

For electron diffraction experiments in transmission, thin samples (with thicknesses on the order

of tens of nanometers) are necessary due to the strong interaction of electrons with matter. The

required thickness depends on the electron energy, on the atomic number(s), and on the density

of the material. Typically, for electron energies on the order of tens of keV, sample thicknesses

well below 100 nm are necessary, which requires specialized techniques for sample preparation.

This section describes sample preparation techniques for layered materials as well as for samples

grown on single-crystalline salt crystals. For materials that can neither be exfoliated nor grown

on salt or thin membranes, microtome cutting can be used to obtain thin samples.

2.1.1 Layered van der Waals materials

Many layered crystals, for example graphite and transition metal dichalcogenides (TMDCs),

can be exfoliated to obtain thin multilayers and even monolayers (2D materials). This is typ-

ically possible when different layers of the material are held together only by van der Waals

interactions. In this subsection, the preparation of freestanding thin-film multilayers of such

layered materials is described. The technique is applicable to a wide range of layered van der

Waals materials, provided that the material can sustain contact with water.

The sample preparation process is presented in Figure 2.1. It starts with a bulk crystal

of the van der Waals material (here: graphite), shown in Fig. 2.1(a). First, to maximize the

sample yield and to obtain fresh, smooth surfaces, the crystal is divided into several thinner

crystal flakes. For this, a very sharp (ideally new) razor blade is employed to cut the crystal

along its layers, as shown in Fig. 2.1(b). Smooth surfaces of the resulting flakes can be obtained

with a low angle of the blade to the crystal surface and by applying very little force during the

process. The resulting flakes are presented in Fig. 2.1(c). Next, a quadratic glass slide (around

2x2 cm in size) is required. On this glass slide, a smaller rectangle of polydimethylsiloxane

(PDMS) with a thickness of around 1-2 mm and a size of roughly 7x7 mm is placed, as shown

9
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in Fig. 2.1(d). The PDMS is not strictly necessary but improves the results. Next, one of the

pre-thinned flakes is placed on the glass slide. For this, the flake is first attached to a piece

of regular adhesive tape with a length of around 3 cm. The adhesive tape with the flake is

then fixed to the glass slide with two other pieces of adhesive tape. Here, the side with the

flake points away from the glass and the PDMS, since the van der Waals crystal needs to be

accessible for exfoliation. The flake should be on top of the PDMS piece and the adhesive tape

should be wrapped tightly around the glass slide to ensure that the flake is flat. The result is

presented in Fig. 2.1(e). Next, a second glass slide is required. A small amount of a water-

soluble thermoplastic mounting adhesive (here: Crystalbond 555-HMP) is placed on the glass

slide, as shown in Fig. 2.1(f). The glass slide is then heated on a hot plate (temperature setting

around 100◦C) until the glue has melted, as presented in Fig. 2.1(g). Then, the glass slide with

the glue is removed from the hot plate and a thin ring made of aluminum foil is placed around

the glue acting as a spacer, shown in Fig. 2.1(h). The second glass slide with the crystal is now

placed on top of the molten glue (see Fig. 2.1(i)). The molten glue should cover the crystal, as

shown in Fig. 2.1(j). However, pressing the upper glass slide down should be avoided since a

relatively thick (>1 mm) layer of glue is required for some of the further steps.

After the stack has cooled down and the glue has turned solid again, the two glass slides are

separated, as shown in Fig. 2.1(k). A part of the flake now sticks to the glue. Sometimes, there

are already suitable thin films on the glue, which can be identified with an optical microscope.

Materials with a band gap in the visible range exhibit thickness-dependent colors, which can

serve as a rough thickness estimation. A more precise thickness determination based on trans-

mission measurements is explained below. If no suitable flakes are present, the material on the

glue can be thinned further by exfoliation with adhesive tape, as presented in Fig. 2.1(l). Typ-

ically, the steps (e)-(l) need to be repeated several times until a suitable thin film is produced.

To obtain large, thin samples, the quality of the pre-thinned flakes shown in Fig. 2.1(c) is an

important factor.

Once a suitable film is identified with the optical microscope, as for example shown in

Fig. 2.1(m), the next step is to transfer it to a transmission electron microscopy (TEM) grid.

For this, the glue is cut with a scalpel until there is an isolated small piece of glue around

the sample, as presented in Fig. 2.1(n). Since the glue is rather soft, the cutting needs to be

performed with very little force, otherwise, the glue can bend and damage the sample. It is

also possible to harden the glue by storing the sample in a desiccator for several hours before

cutting it. Afterwards, the piece of glue with the flake is carefully detached from the glass with

the scalpel and placed on the surface of a beaker filled with distilled water, with the thin film

pointing upwards. This step is presented in Fig. 2.1(o). The water-soluble glue dissolves, which

can be observed from the side of the beaker. Once the glue has completely dissolved, the flake

is ready to be picked up. A TEM grid is grabbed with inverted tweezers and inserted into the

water at a safe distance from the sample, as presented in Fig. 2.1(p). Here, inserting the grid at

a steep angle to the surface avoids bending of the TEM grid due to the surface tension of water.

Then, now with a shallow angle between the TEM grid and the water surface, the sample is

slowly picked up with the grid, as shown in Fig. 2.1(q). If the sample is not at the desired

position on the TEM grid, it is possible to place it back in the water, as long as it hasn’t dried

yet. When the sample is at the desired position, the TEM grid is left to dry on the tweezers. It

is important to make sure that the inverted tweezers have dried completely before releasing the

sample. A microscope image of the final, freestanding sample on the TEM grid is presented in
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Fig. 2.1(r) (transmission) and Fig. 2.1(s) (reflection). Wrinkles are typically not avoidable but

can be reduced by choosing a TEM grid with small windows (e.g. 600 bars per inch or more).

(a) (b) (c) (d) (e)

(f) (g) (h) (i) (j)

(k) (l) (m) (n) (o)

(p) (q) (r) (s)

Figure 2.1: Sample preparation steps for van der Waals crystals, shown for graphite as an example.

Details are described in the text.

After sample preparation, it is desirable to characterize the thickness of the freestanding

sample. If the optical constants of the material are known, the thickness can be inferred

from optical transmission measurements. Note that in most cases, multilayer calculations are

necessary to relate thickness and transmission due to thin-film interference effects, especially in

the case of non-metallic samples.

A simple method to measure the transmission of such small samples in certain wavelength

ranges combines an optical microscope, a grayscale camera, and optical bandpass filters. An

optical bandpass filter is inserted into the light path of the microscope. Then, a camera im-

age of the sample under the microscope (with illumination only from below the sample) is

recorded. Here, it is important to record both the sample as well as an area without the sample

(background). The background mustn’t be saturated in the camera image. In addition, it is im-

portant to set the gamma correction of the camera to 1 (no correction). If these conditions are

fulfilled, the image pixel values are proportional to the light intensity. By comparing the sample

region and a region without sample, the transmission in the range of the bandpass filter can be

calculated1. A reliable calculation can be achieved by making a histogram of a region with both

sample and background and then performing a fit with two peak functions (here: Gaussians).

An example is presented in Fig. 2.2. The method was tested with two different neutral density2

filters (NE03A and NE10A from Thorlabs) as “sample” and three different narrowband band-

pass filters. For bandpass filters in the range from 406-422 nm and 773-812 nm and a halogen

1Here, it is assumed that the intensity of the light source varies little in the region of the bandpass filter,

which is a good approximation for narrowband filters.
2Spectral variations of the optical density occur. The measured transmission was thus compared to the

transmission data provided by the manufacturer.
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Figure 2.2: Transmission measurements of small thin-film samples with the optical microscope. (a)

Grayscale image of a thin WSe2 flake on glue, taken with a 773-812 nm bandpass filter. The dashed red

rectangle marks the area that is used to determine the transmission of the thin flake in this wavelength

range. The structure of the background, for example the bubbles, stems from the glue. The dark region

on the left is a thicker flake. (b) Histogram of the area marked in (a). The x-axis shows the pixel

brightness (values from 0 to 255). The y-axis shows the number of pixels with this value. The bin

width of the histogram is around 3. The histogram shows two peaks. The brighter peak (brightness 220)

corresponds to the substrate and the darker peak (brightness 129) corresponds to the WSe2 flake. The

light blue curve corresponds to the result of a fit with two Gaussians. From the brightness of the two

peaks, the transmission in the range of the bandpass filter can be calculated as T = 129/220 ≈ 59 %.

lamp, the precision was found to be better than 3 %; for a bandpass filter from 628-672 nm,

the precision was only around 14 %. Note that the precision of this method depends on the

spectrum of the microscope lamp, the transmission of the sample, and the spectral window of

the bandpass filter. With the right combination of microscope lamp and bandpass filter, the

method yields a fast and precise transmission measurement, even for very small samples. By

using different bandpass filters, the transmission in different wavelength regions can be accessed.

Combining the results of these transmission measurements with multilayer calculations based

on the optical constants of the material then allows determining the thickness of the thin-film

samples.

2.1.2 Thin films grown on salt

Many materials, for example many mono-elemental metals, can easily be deposited as thin

films, especially if polycrystalline samples suffice. A standard sample preparation technique for

electron transmission experiments is to use single-crystalline salt (NaCl) crystals as a substrate

material for sample deposition [Dwy07]. The salt crystal can then be dissolved in water, leaving

the thin-film sample floating on the water surface. This method was used to prepare the

freestanding films of nickel, iron, cobalt, and platinum studied in this work, as well as some of

the rare-earth metal films studied in Chapter 5.

Figure 2.3 shows different steps of this sample preparation method. First, the NaCl crystal

is cut into smaller pieces that roughly correspond to the size of a TEM grid. This can be

achieved by pressing a blade on an edge of the crystal, as shown in Fig. 2.3(a). The NaCl

crystal usually breaks along a high-symmetry direction. The small piece of salt is grabbed with

tweezers (shown in Fig. 2.3(b)) and slowly lowered into a beaker filled with distilled water, with

the sample side pointing upwards. When the thin film reaches the water, it starts to detach
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(a) (b) (c) (d) (e)

Figure 2.3: Preparation steps for samples grown on salt (NaCl) crystals. Details are described in the

text.

from the salt and floats on the water surface (see Fig. 2.3(c)). The piece of salt is lowered

further until the film fully detaches, as shown in Fig. 2.3(d). Then, the sample can be picked

up with a TEM grid, analogous to the case of layered materials described in Sec. 2.1.1. As an

example of a resulting sample, Fig. 2.3(e) shows a microscope image of a metal film on a TEM

grid (recorded in reflection geometry).

While difficult to prepare, thin-film samples for transmission electron diffraction have ad-

vantages. Transport effects are less pronounced compared to many other techniques, due to

the relatively low sample thicknesses, the absence of a substrate, and the bulk sensitivity of

the technique. The latter also means that the sample surface, which can be oxidized or exhibit

a different structure than the bulk, typically only has a small contribution to the total signal.

This is for example relevant for the material discussed in Chapter 3, black phosphorus, which is

air-sensitive. In addition, the strong interaction of electrons with matter can be an advantage,

for example when 2D monolayers or materials with very light elements are studied. On the

other hand, heat accumulation can be a problem and needs to be avoided with a sufficiently

low repetition rate of the laser and a suitable size of the TEM grid (to enable sufficient heat

dissipation away from the sample to the environment).

2.2 The femtosecond electron diffraction experiment

Time-resolved diffraction techniques allow resolving non-equilibrium changes in the structure

of materials [Dwy06; Zew06; SM11; Mil14]. Both X-ray diffraction and electron diffraction

have a time-resolved counterpart, each with its own advantages and disadvantages. X-rays do

not interact with magnetic and electric fields, which adds flexibility for example when studying

magnetic materials. In addition, the interaction of X-rays with matter is much weaker compared

with electrons, allowing the study of thick samples. On the other hand, the Ewald sphere of

X-rays is much smaller, which means that typically a smaller region of reciprocal space is

accessible. In addition, despite recent progress [Bar06; Zam09; Sch19; Afs20], bright lab-based

X-ray sources remain a challenge. In contrast, creating electron bunches in the lab is easily

achieved using the photoelectric effect. A major challenge of electron diffraction is caused by

the fact that electrons are charged particles. Coulomb repulsion therefore leads to a temporal

broadening of the electron pulse over time (space charge broadening) [Siw02], which limits the

time resolution of the experiment.

There are two main strategies to overcome this challenge. The first strategy is based on

recompression of the electron pulse. This can be achieved with radio-frequency (RF) waves in

a cavity [Oud10; Cha12], which accelerate or decelerate the electrons based on their positions

in the pulse to compensate for the temporal broadening. This requires a certain space-charge-
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induced broadening in the first place, i.e. a considerable propagation of the beam, and takes

advantage of the broadening to recompress the beam. With this method, it is possible to recover

a short pulse at one specific distance from the electron source, where the sample is then placed.

The second strategy is to minimize the propagation of the electron pulses, i.e. to minimize

the distance between electron generation and sample [Dwy06; Ger15; WBE15]. Any temporal

broadening after the sample does not degrade the time resolution, since the pump-probe mea-

surement principle is based on probing the sample spectroscopically with the electron pulses and

the detection is anyway time-integrated. This strategy is used here, employing the femtosecond

electron diffraction (FED) setup developed by Lutz Waldecker et al. [WBE15] (with some mod-

ifications, including a new laser system and cryogenic cooling). In the following, details about

the experiment are provided.

2.2.1 Laser and optical setup

Ultrashort laser pulses are obtained from a commercial titanium-sapphire (Ti:Sa) amplified laser

system (Coherent Astrella). A Ti:Sa oscillator creates ultrashort pulses at a repetition rate of

80 MHz. The pulses are stretched in time and selected pulses are then amplified in a multipass

amplifier cavity. Finally, the amplified pulses are recompressed. The resulting laser pulses have

a temporal width of 40 fs FWHM, a central wavelength of 800 nm, a repetition rate of 4 kHz

and a pulse energy of 1.5 mJ.

A schematic diagram of the optical setup is presented in Figure 2.4. After leaving the laser

system, the ultrashort pulses are split into two parts: 90 % of the beam goes into a commer-

cial two-stage optical parametric amplifier with additional frequency mixers (here: TOPAS-

Prime+NirUVis from Light Conversion), which can convert the 800 nm-pulses to pulses with

different central wavelengths ranging from 250 nm to 2.5µm. These pulses are used for exciting

the sample (pump). The wide tunability of the pump wavelength allows to vary the initial

distribution of photo-excited electrons in the sample, and thus to study relaxation processes

after different initial non-equilibrium conditions.

The beam coming out of this optical parametric amplifier is sent through a reflective neutral

density (ND) filter to adjust its intensity. The reflected part of the beam is discarded on a

beam dump. The transmitted part is collimated with a telescope, which also reduces the beam

diameter by half. Finally, the beam is focused, enters the vacuum chamber, and is directed

towards the sample. The reflection of the pump beam on the vacuum feedthrough is picked up

with a D-shaped pickoff mirror and directed to a camera for alignment purposes and to estimate

the beam spot size on the sample. For the latter, the camera is placed such that its distance

from the feedthrough window is equal to the distance between the feedthrough window and the

sample. In addition, there is the possibility to perform experiments with tilted samples, which

is described in detail in Sec. 2.2.2. This requires pumping the samples from the side instead

of from the back. For this pumping geometry, an additional mirror can be placed in the pump

path, as illustrated with a dashed mirror.

The second part of the main beam (10 % of the laser output) is split again. Of these 10 %,

70 % can be employed as an alternative pump beam, when pump wavelengths of 800 nm or

400 nm are desired. This has the advantage of enhanced stability compared to the output of the

TOPAS-Prime+NirUVis. For this case, an additional mirror can be placed in the pump path,

as sketched in Fig. 2.4 with a dashed mirror.
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Figure 2.4: Optical setup for the pump-probe electron diffraction experiment. Details are described in

the text.

The other 30%, i.e. 3% of the total laser output, are used to generate probe pulses (electron

pulses) by photoemission from a gold cathode. In general, the wavelength of the probe pulses

should be chosen according to the work function of the cathode material used for photoemission,

because a large initial energy and momentum spread of the photoemitted electrons can affect

the reciprocal-space resolution and the time resolution adversely. In this setup, two-photon

photoemission on thin gold films is employed to create electrons. The work function of these

films is around 4.4 eV, slightly smaller than bulk gold [Wal16b]. Therefore, for two-photon

photoemission, photon wavelengths smaller than around 560 nm (corresponding to 2.2 eV pho-

ton energy) are required. Such photons are created with a home-built non-collinear optical

parametric amplifier (NOPA), shown in Fig. 2.5.

First, the beam diameter is reduced by 50 % with a telescope. Next, the beam is split into

two parts: the transmitted part (corresponding to around 150 mW) is focused and sent into

a β-barium borate (BBO) crystal for second harmonic generation (SHG). In this non-linear

process, two 800 nm-photons combine to one 400 nm-photon, as schematically shown in the box

next to the BBO in Fig. 2.5. Afterwards, a second lens is used to refocus the beam, which

now contains both 400 nm- and 800 nm-light. Two dichroic mirrors are employed to separate

these two components. The transmitted 800 nm-light is discarded while the reflected 400 nm-

light is directed towards a second BBO crystal for optical parametric amplification, which is

schematically depicted in the box next to this BBO in Fig. 2.5.

For optical parametric amplification, in addition to the 400 nm-beam (pump), also photons

with the desired wavelength of around 560 nm are required (signal). These are obtained by

white-light continuum generation. For this, the part reflected on the beam splitter is used

(around 2.5 mW). It is sent through a reflective, variable ND filter to adjust its intensity. In

addition, an iris is used for fine adjustments of the intensity and for optimizing the beam

shape. Next, the beam is focused and sent through a sapphire plate, in which various non-

linear processes lead to the creation of a broad spectrum of wavelengths (supercontinuum or

white-light continuum). The diverging white-light beam (shown in yellow) is refocused and the
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remaining 800 nm-light is filtered out using a short-pass filter. The white light is then directed

towards the BBO crystal, which is placed at the focal spot of the white-light beam.

In the BBO crystal, the white light gets amplified at the expense of 400 nm-light. This

process is depicted in the box next to the BBO in Fig. 2.5. Due to its wide frequency range and

because it has transmitted through a lens, the white light is chirped, with the lower-frequency

components traveling ahead of the higher-frequency ones. Therefore, varying the arrival time of

the 400 nm-pulses influences the amplified frequency range. In addition, the angle of the BBO

crystal determines the phase-matching condition and thus influences the amplified frequency

range as well. Both parameters are chosen such that the desired wavelength of around 560 nm

is predominantly amplified3.

The residual 400 nm-light is discarded on a beam dump. In addition, light with a frequency

of around 1400 nm (idler) is produced together with the signal beam. The idler beam is also

sent to the beam dump. The amplified green light is recollimated. Typical output powers of

the NOPA are around 3 mW, corresponding to a pulse energy of 0.75µJ.

Figure 2.5: Sketch of the non-collinear optical parametric amplifier (NOPA) used to generate probe

pulses with a wavelength of around 560 nm. Details are described in the text.

The pulses coming out of the NOPA are chirped, caused mostly by transmissive optical

elements, for example the recollimation lens. This results in longer pulses and thus degrades

the time resolution of the experiment. Therefore, the pulses are recompressed with a prism

compressor, as sketched in Fig. 2.4. The first prism disperses the beam, which is then sent

to a second prism, placed at a certain distance from the first one. Afterwards, the beam is

reflected on a mirror and passes both prisms again. Spectral components of the beam with long

wavelengths are deflected less by the prisms compared to short-wavelength components due to

chromatic dispersion. Therefore, the propagation lengths in air and inside the second prism are

3In practice, when time resolution is not the limiting factor, slightly smaller wavelengths can be chosen to

produce more electrons per pulse. Furthermore, the exact work function varies slightly between cathodes.
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different for different wavelengths. By adjusting the distance between the two prisms and/or

the position of the second prism perpendicular to the beam, the different propagation lengths

can be chosen such that they compensate for the temporal chirp of the pulses.

Next, the probe pulses are sent to a retroreflector, which is mounted on a translation stage

(delay stage). With this, the relative time delay between pump and probe pulses is controlled.

Finally, the probe beam is focused and sent into the vacuum chamber for electron generation.

The focusing lens can be moved along the beam direction, such that the spot size on the

cathode can be adjusted. A small spot size increases coherence and electron flux but worsens

time resolution. Therefore, the optimal spot size depends on the experiment. Similar to the

pump beam, also the reflection of the probe beam on the vacuum feedthrough is picked up and

sent to a camera for alignment and beam position stabilization.

2.2.2 Diffraction chamber

Figure 2.6: Sketch of the vacuum chamber and its most important components. Details are described in

the text.

Figure 2.6 presents the most important components inside the vacuum chamber. As already

discussed in the previous section, electrons are generated by photoemission and directed towards

the sample. The transmitted beam is focused using a magnetic lens and diffraction patterns

are recorded with an electron camera. For excitation, pump pulses are sent to the sample from

the back (at an angle of around 6◦ relative to the electron beam). Alternatively, the pump

beam can be sent in at an angle of 90◦ for experiments with tilted samples. In the following

subsections, the different components inside the vacuum chamber are described in detail.
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2.2.2.1 Electron generation

The generation of electron pulses occurs on the left side of the sketch presented in Fig. 2.6. The

convergent probe beam enters the chamber and hits the cathode (shown in yellow) from the

back side, leading to photoemission at the front surface. The cathode sits on a threaded tube,

which is connected to the high voltage supply with a cable on the side. The threaded tube is

mounted in the middle of a larger tube (housing) with a ceramic piece (not shown in Fig. 2.6).

The housing is grounded, as well as the anode, which is mounted at a distance of around 10 mm

from the cathode. The anode consists of a polished silicon wafer with a small hole of around

150µm in the middle.

The cathode is on a large (negative) potential of 60-100 kV to accelerate the photoemitted

electrons. To achieve such large potentials over a distance of only around 10 mm, the cathode

is polished and has a mushroom-like shape, such that the field strengths are as low as possible

everywhere [Wal16b]. A close-up view of the mounted cathode is presented in Fig. 2.7.

Figure 2.7: Close-up view of the mounted cathode. The sapphire window in the middle allows the beam

to pass from the back and hit the thin gold film with which the cathode is coated. The cathode is screwed

on a threaded steel tube, which is in turn mounted on electrically insulating ceramic pieces (shown in

gray here). There is an additional piece inside the threaded tube, a metal ring with two holes, which

serves as a connector to the high voltage cable.

The cathode is made of non-magnetic steel with a sapphire window in the center so that the

probe beam can transmit to the front side. It is coated with 3 nm of chromium (for adhesion to

the sapphire) and 25 nm of gold. Electrons are photoemitted from the surface of the gold film

by the probe pulses. After exiting the anode through its hole, the high-energy electrons then

pass through the sample, which is placed at a small distance from the anode (typically a few

millimeters).

2.2.2.2 Sample environment and sample holders

The samples are mounted in a sample holder, which is inserted in a sample environment. The

sample environment is presented in Fig. 2.8 (with a sample holder inserted). It consists of

the main body and a cover plate, in between which the sample holder sits. It is possible to

slide the sample holder in and out using a transfer stick, thus allowing easy sample exchange

without breaking the vacuum of the main chamber. At the same time, good thermal contact
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of the sample holder is required for efficient cryogenic cooling. Therefore, the sample holder is

pressed onto the main body of the sample environment by two molybdenum springs mounted

on the inside of the cover plate. To cool the sample, a heat transfer braid is attached from the

top, using the copper plug also shown in Fig. 2.8. The heat transfer braid connects to a flow

cryostat (Janis ST-400), as illustrated schematically in Fig. 2.6. In addition, a heat shield is

attached to the gun housing at a small distance from the anode, which serves to reduce radiative

heating of the samples. This shield is connected to the sample environment with two thinner

heat transfer braids. Those braids connect via the two pieces on the side of the sample holder

(see Fig. 2.8). The sample environment is mounted on stepper motors, which allow translations

in all three directions. The copper braids are flexible enough to allow this motion of the sample

environment. Furthermore, for temperature control, a small heater is inserted in the sample

environment. It is tightly fitted into a hole in the main body, close to the sample holder (see

Fig. 2.8). On the left side of the sample environment, a temperature sensor is mounted (not

visible). The vicinity of the heater and the sensor to the samples allows precise and stable

temperature control.

Figure 2.8: Sample environment with sample holder inserted. Here, the sample holder for normal

geometry is shown. The two parts on both sides of the sample environment connect to the heat shield

on the anode and the bigger plug at the top connects to the cryostat. Further details are described in

the text.

A detailed view of the sample holders is presented in Fig. 2.9. There are two different options,

depending on the experimental geometry. For normal incidence of the electron beam on the

sample, the sample holder presented in Fig. 2.9(a) is used. The samples, which are typically

either on TEM grids or on silicon nitride membranes, are placed into small indentations that

match their size (diameter 3 mm). Up to nine samples can be mounted. To hold the samples

in place and to ensure good thermal contact, covers are screwed on top. The covers are as

thin as possible, such that the distance between anode and sample is minimized. Behind the
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Figure 2.9: The two types of sample holders used in the electron diffraction setup. (a) Sample holder

for experiments with normal incidence of the electron beam on the sample, which probe in-plane lattice

dynamics. (b) Sample holder for experiments with the sample tilted by 26◦ to access out-of-plane lattice

dynamic as well.

samples, there is a hole for electron transmission. It is smaller than the TEM grid size at first

but widens to allow also diffracted parts of the beam to pass. The sample holders as well as the

sample environment are made out of copper due to its high thermal conductivity. The pieces

screwed on the side of the sample holders, which are required for sample transfer, are made out

of aluminum. Aluminum is well-suited for this purpose since it deforms less easily compared to

copper, is non-magnetic, and can resist shear strain.

When experiments at normal incidence are performed, the sample is pumped from the back

of the sample holder, at an angle of about 6◦ relative to the electron beam. The reason for

this is related to the finite spot sizes of pump and probe beams at the sample. If there are any

variations in the time delay between pump and probe beam across the probed region, the time

resolution worsens accordingly. For normal incidence of the electron beam, the time resolution

is thus optimized when the pump beam has normal incidence as well. Therefore, the closest

possible geometry to normal incidence is chosen.

In addition to normal geometry, samples can be tilted to access a different region of reciprocal

space. In particular, this geometry allows studying out-of-plane dynamics of the sample. The

sample holder for such experiments is presented in Fig. 2.9(b). The angle between sample and

sample holder surface is 26◦. This angle is chosen such that the time resolution is optimized

for the pump beam arriving from the side (at 90◦ from the electron beam), based on the same

considerations as described above for normal geometry4. Due to this geometry, only two samples

can be mounted. The two large holes on the side ensure that the pump beam reaches the sample.

The smaller hole in the middle is an alignment hole for the pump beam. There is an additional

alignment hole for the electrons, which is normal to the sample holder surface and aligns with

the center of the sample slots. The two alignment holes meet at the same distance from the

sample holder surface as the center of mounted TEM grids. Also here, the samples are fixed

with covers for good thermal contact. The rounded front edges of the sample holder are adapted

from standard flag-style sample holders and facilitate sliding it into the sample environment.

This design could also be employed for the normal-incidence sample holder in a future version.

4In the tilted case, the absolute arrival times are different for different parts of the probed region. Therefore,

the optimal angle depends on the electron energy. Here, an electron energy of 74 keV was assumed, and the

electron velocity was calculated taking into account relativistic effects.
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2.2.2.3 Magnetic lens

After passing through the sample, the electron beam is focused with a magnetic lens. Here, a

shrouded coil geometry is used [Lie55]. A schematic illustration of the magnetic lens is presented

in Fig. 2.10. The housing, shown in gray, consists of magnetic steel with high iron content and

Figure 2.10: Schematic illustration of a shrouded coil magnetic lens. (a) Cross-section normal to the

electron beam. (b) Cross-section parallel to the electron beam. The metal shield (shroud) is displayed

in gray. Wires are displayed in orange. In (b), the direction of the electric current is indicated by

dots/arrows on the wires. Magnetic field lines are sketched in blue, and an example of an approximate

electron trajectory (without Lorentz-force-induced spiraling) is shown in dashed green. The dashed black

line marks the electron-optical axis.

therefore shields magnetic fields efficiently. The electron beam passes through the hole in the

middle. Around this hole, a wire is wrapped multiple times (several hundred windings), as shown

in Fig. 2.10(a). A DC current of about 1 A is applied to create a magnetic field around the wire.

The magnetic field is shielded by the housing and guided to a small gap located in the middle

of the lens, as shown in Fig. 2.10(b). Electrons that pass straight through the center of the lens

do not get deflected, since the field lines are parallel to their propagation direction. In contrast,

electrons that do not travel along the electron-optical axis experience Lorentz forces. When the

electron-optical axis of the magnetic lens is aligned with the electron beam, electrons that do not

travel on this axis have a velocity component transverse to it. Furthermore, the Lorentz forces

that they experience will also cause transverse velocity components. As a consequence of the

transverse velocity components, these electrons experience Lorentz forces caused by magnetic

field components parallel to the electron-optical axis, which act perpendicular to the electron-

optical axis. Due to the inhomogeneity of the magnetic field, the electrons are deflected inwards

in total (in addition to performing a spiraling motion). Therefore, the assembly acts as a positive

lens for the electrons.

To record diffraction patterns, the current of the magnetic lens is adjusted such that the

photoemission spot on the cathode is imaged on the electron detector. In addition, it is possible

to record real-space images by increasing the current until the sample is imaged on the detector.

The applied currents range from 1-1.5 A, depending on the imaging mode and the distances of

sample, anode, and magnetic lens. Since such currents lead to significant resistance heating,

the lens is cooled from the top with a cold finger. An additional copper ring around the lens

ensures efficient heat transport from the lens to the cold finger. In addition, the magnetic lens
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is mounted on a three-axis manipulator. This allows aligning the center of the lens to the

electron beam. Furthermore, the size of the diffraction pattern can be changed by moving the

lens parallel to the electron beam and adjusting the current (and thus the focal length of the

electron lens) accordingly.

2.2.3 Detection

After passing through the magnetic lens and propagating for another ∼40 cm, the electrons

are recorded with an electron detector. Here, a commercial electron camera is used (TVIPS

TemCam F416). Electron detection is achieved with a phosphor screen (scintillator), which is

fiber-coupled to a CMOS chip. A sketch of the detection method is presented in Fig. 2.11. The

incoming electrons hit the phosphor and create photons, which are then guided towards the

camera chip by optical fibers. It is thus an indirect detection method. To suppress thermal

noise, the chip can be cooled to 0◦C. The detection method is sensitive not only to electrons but

also to visible light. To avoid light on the detector, the phosphor screen is coated with 50 nm of

aluminum in addition to the standard coating provided by TVIPS. Nevertheless, contributions

from light leakage on the detector are observed, likely due to inhomogeneities of the coating.

Figure 2.11: Schematic illustration of the electron detection method employed in the FED setup. The

high-energy electrons transmit through the light-shielding layer (green) to the phosphor screen (blue),

where they create multiple photons. Photons are then directed towards a camera sensor (red) with

optical fibers, which are arranged in hexagonal bundles (yellow).

As an alternative to such indirect electron detectors, more recently also direct detection

methods have become available, which collect secondary electrons created along the path of

high-energy electrons through matter (see for example Ref. [FH07] for further details). A major

advantage of this detection method is that a lot of noise sources are suppressed. In addition, the

detector is not light-sensitive. On the other hand, recording multiple closely-spaced electron

hits can be challenging, because the secondary charge can be shared between pixels [FH07;

van20] and for some detectors also due to the way the digital signal is generated. Nevertheless,

direct electron detectors offer an interesting alternative to indirect detection methods and are

already successfully used for low-dose applications [Ves15; Gen16].
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2.3 From diffraction patterns to the lattice dynamics

The electron diffraction experiment yields a series of diffraction images at different pump-probe

delays, which are then analyzed to obtain the lattice response to laser excitation. This section

provides an overview of different data analysis steps of time-resolved transmission electron

diffraction data, both for polycrystalline samples and single crystals.

2.3.1 Processing of the diffraction images

In the first step of the data analysis, artifacts in the diffraction images should be removed.

In general, artifacts depend on the detector and detection mode as well as on the electron

lens(es). Here, the case of an integrating detection scheme is discussed (as opposed to electron

counting). In this case, there is often a constant background contribution. This can easily be

accounted for by subtracting the intensity of a “dark” image without electrons and pump laser.

For light-sensitive electron detectors, depending on the pump wavelength and the quality of the

light shield, there can also be a pump-induced background. This is more difficult to account for

because it can change over time due to fluctuations or drifts of the pump beam. A mask can

be applied to exclude regions with high laser background from the analysis.

Apart from background contributions, it should also be considered that typically not every

pixel of the electron camera has exactly the same sensitivity. In particular, for the detector em-

ployed here, inhomogeneities arise due to the bundling of optical fibers (see Sec. 2.2.3). This can

be accounted for with a flatfield correction. To record a flatfield directly, a homogeneous illu-

mination with electrons is required, which is often difficult in home-built time-resolved electron

diffraction setups. In the following, a method to obtain a high-quality flatfield from unfocused5

polycrystalline or amorphous diffraction patterns is described.

If the diffraction pattern of the employed polycrystalline or amorphous material was perfectly

circularly symmetric, all angular intensity variations would be due to different pixel sensitivities.

Then, a flatfield could be obtained by dividing the diffraction pattern by its azimuthal average.

However, in practice, this is typically not the case. For example, samples can have an in-

plane preferred orientation caused by the substrate they were grown on (typically NaCl single

crystals). In addition, there can be distortions in the diffraction image and the electron beam

can be inhomogenous.

An example is presented in Fig. 2.12(a) and (b). Figure 2.12(a) shows an unfocused diffrac-

tion pattern of a polycrystalline nickel film. Figure 2.12(b) shows a flatfield obtained by dividing

the diffraction pattern by its azimuthal average. Artifacts at the positions of the diffraction

rings are clearly visible, highlighting that this simple comparison of the diffraction pattern to

its azimuthal average is not sufficient to obtain a high-quality flatfield.

To solve the problem of a not perfectly circularly symmetric diffraction image, the image can

be divided into sectors, with the zero-order beam at the center of the circle. This is illustrated

in Fig. 2.12(c). Then, for each of the sectors, a flatfield of this sector is obtained by dividing

the sector by the azimuthal average of this sector only. Here, the number of sectors needs to

be significantly larger than the symmetry of the non-circularly symmetric features. While this

eliminates the artifacts in the flatfield due to those features, it can introduce new artifacts at

5An unfocused diffraction pattern has fewer intensity variations in the radial direction compared to a focused

one. Therefore, this improves the results, especially in the presence of lens aberrations, which distort the circular

symmetry.
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Figure 2.12: Flatfield determination based on unfocused diffraction patterns. (a) Unfocused diffraction

pattern of nickel. The yellow circle marks the area that is not used for the flatfield calculation be-

cause it is too close to the zero-order beam. (b) Simple flatfield, obtained by comparing the diffraction

pattern shown in Panel (a) to its azimuthal average. The flatfield contains artifacts, which are due to

non-circularly symmetric features in the diffraction pattern. (c) Sectors used for an improved flatfield

calculation. Here, the image is divided into 30 sectors, shown with red lines. A flatfield is calculated by

comparing each sector to its azimuthal average. To avoid artifacts at the sector boundaries, the sectors

are rotated multiple times. The green lines show an example of a rotation angle of 3◦. (d) Result of

the improved flatfield calculation. Here, 30 sectors were used and they were rotated in steps of 1◦. 5

different diffraction patterns with different positions of the zero-order beam were used for this flatfield

calculation. The improved flatfield clearly reveals the hexagonal structure of the detector while mini-

mizing artifacts. Here, the correction factor is shown, which means that the red areas correspond to less

sensitive regions of the detector. (e) Comparison of flatfield-corrected data to uncorrected data. Here, a

diffraction pattern of polycrystalline cobalt is shown. The region shown here is the same as the enlarged

region of Panel (d) shown below. The flatfield correction can remove the hexagonal structure from the

experimental data.

the sector boundaries. This can be avoided by repeating the procedure multiple times, each

time with a slightly more rotated sector distribution, as illustrated in Fig. 2.12(c). The resulting

flatfields are then averaged.

Note that it is important to mask defective pixels, which would otherwise introduce artifacts

in the flatfield. In addition, this procedure does not work very close to the zero-order beam.

To obtain a flatfield of the whole detector area the electron beam can be displaced, for example

with a permanent magnet, before repeating the flatfield procedure described above. Ideally,

the displacement is repeated several times and the results are averaged. Finally, a high-quality
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flatfield is obtained, as shown in Fig. 2.12(d). Here, the flatfield reveals the boundaries of the

hexagonal fiber bundles which couple the phosphor screen to the camera sensor (see Sec. 2.2.3

for camera details). With the flatfield, this experimental artifact can be removed from the

diffraction images, as demonstrated in Fig. 2.12(e).

After background subtraction and flatfield correction, the last image processing step is the

normalization of the diffraction images to the electron flux. The electron flux can vary during

a measurement, for example due to pointing or intensity drifts of the probe beam, or due to

cathode degradation. A simple normalization method uses the total image intensity. Here, it is

important to exclude problematic regions of the diffraction image, for example the zero-order

beam (if saturated), beam stops, defective pixels, and regions outside the field of view. Note

that this normalization method relies on good background subtraction. For single crystals, the

normalization factor obtained in this way can often be further improved by subtracting a con-

stant offset. Such an offset can be caused by a constant contribution to the image intensity due

to defective pixels and/or residual background intensity. It can be obtained either by minimizing

the correlation coefficient between normalized peak intensities and total image intensity, or by a

linear fit to the (not normalized) average unpumped peak intensity as a function of total image

intensity. An alternative to the normalization by the total image intensity is the normalization

by the zero-order beam intensity. In the absence of an independent measure of the zero-order

beam intensity (e.g. with a Faraday cup), the zero-order beam intensity can be extracted from

the diffraction images. Due to the brightness of the zero-order beam, this scheme may require

recording an additional low-exposure diffraction image right after every diffraction image in the

data set to obtain the unsaturated zero-order beam intensity. When the probe delay is var-

ied such as in the FED setup employed here, this normalization method can have advantages,

particularly for measurements that contain a large range of pump-probe delays (up to tens or

hundreds of picoseconds). However, it should be noted that for thicker samples, the zero-order

beam can show a response to laser excitation due to higher-order scattering effects [Lig11]. This

may lead to systematic errors if the zero-order beam is used for normalization.

2.3.2 Extraction of the lattice response to laser excitation

2.3.2.1 Signatures of the lattice response in diffraction

After the diffraction images have been corrected for experimental artifacts as described above,

the lattice response to laser excitation can be extracted. There are several changes of the lattice

that can be triggered by laser excitation. An overview is presented in Fig. 2.13.

First of all, electronic excitation of a material can launch coherent phonons, either by dis-

placive excitation (DECP mechanism) [Zei92] or by impulsive stimulated Raman scattering

(ISRS) [RJN87]. Coherent phonons lead to periodic changes of the structure factor and thus

cause periodic intensity modulations of certain Bragg reflections [Wal17a]. These can be de-

tected in time-resolved diffraction in case the time resolution of the experiment is smaller than

the period of the coherent phonon [Wal16b]. Furthermore, the electronic excitation by the laser

pulse causes a thermodynamic non-equilibrium between electronic and lattice degrees of free-

dom, which leads to energy flow to the lattice, i.e. the creation of phonons. These phonons are

incoherent and therefore lead to an intensity reduction of the Bragg reflections (Debye-Waller

effect, described for example in Refs. [WP75; Gia02; PDW11]). At the same time, the intensity
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Figure 2.13: Overview of different lattice responses to laser excitation. The upper part illustrates possible

laser-induced changes of the lattice. The lower part shows the corresponding signature in time-resolved

diffraction.

of the background rises (diffuse scattering) [Tri10]. This decay of the Bragg reflection intensities

due to incoherent phonons is the main observable employed in this work.

In addition, excitation of phonons typically increases the equilibrium interatomic distances

due to the anharmonicity of the interatomic potential. In the case of femtosecond laser excita-

tion, the sudden heating of the crystal thus typically launches a strain wave. In freestanding

thin films, the strain wave reflects at both surfaces and results in a breathing motion of the film.

The breathing motion corresponds to a modulation of the lattice constant and can therefore

be observed as a periodic shift of the Bragg reflection positions. It is often observed even at

normal incidence of the electron beam, which can be due to wrinkling of the freestanding thin

film or to contributions from shear modes, as discussed in Ref. [Har09]. The period of the

oscillation depends on the film thickness and the speed of sound and is typically on the order of

several picoseconds. Note that in addition to lattice anharmonicities, also the electronic excita-

tion [Nie06; Wan08] and magnetostrictive effects [Rep16; Koc17; Rei18; Pud19] can contribute

to the total stress.

Finally, laser excitation can also drive structural phase transitions. These can be either

from one crystalline phase to another, for example melting of a charge density wave [Eic10], or

to a less ordered phase, e.g. (pre-)melting of the material [Ern09; Vas18]. The former leads to

changes in the Bragg reflection intensities and positions according to the rearrangement within

and/or changes of the unit cell, while the latter also leads to an increase of the Bragg reflection

width due to the increased disorder.

The materials presented in this work do not exhibit structural phase transitions in the

measured temperature range. Coherent phonons were not observed in any of the experiments.

Therefore, in the remainder of this section, the focus lies on the analysis of intensity changes

due to incoherent phonons.

The intensities of the Bragg reflections decrease with increasing phonon population. The

reason for this intensity decrease is that incoherent phonons introduce disorder in the crystal

lattice (dynamic disorder), as illustrated schematically in Fig. 2.13. The relationship between
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the Bragg reflection intensities and the atomic displacements caused by phonons was first theo-

retically described by Peter Debye and Ivar Waller at the beginning of the 20th century [Deb13;

Wal23]. The relevant quantity for describing the influence of incoherent phonons on the Bragg

reflection intensities is the mean-squared atomic displacement (MSD), which is the result of

all the phonon modes excited in the crystal. This description of the atomic displacements

with MSDs is employed throughout this work. Note that by describing the effect of the time-

dependent atomic motion on the diffraction patterns with MSDs, correlations between the atoms

are neglected. This is an approximation because chemical bonds cause correlations between the

movements of different atoms [Gia02]. Nevertheless, it is a reasonable description when many

different phonon modes are excited incoherently [WP75; War90], which is the case for the

experiments presented in this work.

Depending on the structure of the material, the MSD can also be anisotropic. A pronounced

example of anisotropic MSD is discussed in Chapter 3, which presents the anisotropic structural

dynamics of laser-excited black phosphorus. The general case can be described by the so-called

anisotropic mean-squared displacement matrix or U-matrix [Tru96], which is a symmetric 3x3

matrix describing the MSD of an atom in all directions. The MSD in a certain direction n̂ is

then given by:

〈u2〉n̂ = n̂TUn̂. (2.1)

Depending on the space group of the material and the Wyckoff position of the atom, there

can be symmetry-related constraints for the U-matrix, which are tabulated in Ref. [WP75].

In addition, note that MSDs differ for symmetry-inequivalent atoms in the unit cell, i.e. in

materials consisting of several elements or if the same element is located at different Wyckoff

positions. In such cases, the MSD of each symmetry-inequivalent atom is described by a different

U-matrix.

Depending on the crystal structure and the interatomic forces, the resulting MSD can be

isotropic or anisotropic. Figure 2.14 shows several examples. The first example in Fig 2.14(a)

shows the isotropic case, i.e. U11 = U22 = U33 and all off-diagonal elements are zero. In contrast,

Panels (c) and (d) depict examples of anisotropic cases. Note that anisotropic MSDs are not

ellipsoids, but rather have a peanut-like shape. Alternatively, it is also possible to describe

the atomic displacements in terms of thermal ellipsoids, which are surfaces that mark a certain

probability of atomic displacement (typically 50 %) [Tru96].

To describe the effect of the MSD on the Bragg reflection intensities, the so-called temper-

ature factor τ is employed. The structure factor F in the presence of atomic vibrations is then

given by [PDW11]:

F (q) =
∑
k

fk τk exp(iq · rk). (2.2)

Here, fk are the atomic form factors, q is the scattering vector (q = 4π sin(θ)/λ with λ being the

electron wavelength and θ being the Bragg angle), rk stands for the positions of the individual

atoms in the unit cell and the summation is performed over all atoms in the unit cell. The

temperature factor is related to the U-matrix as follows [Gia02]:

τ = exp{−1

2
[U11(ha∗)2 + U22(kb∗)2 + U33(lc∗)2+

+2U12ha
∗kb∗ + 2U23kb

∗lc∗ + 2U13ha
∗lc∗]}.

(2.3)

Here, h, k, and l denote the Miller indices and a∗, b∗, and c∗ denote the reciprocal lattice

vectors of the crystal. In the isotropic case, U11 = U22 = U33 and all non-diagonal elements
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Figure 2.14: Examples of isotropic and anisotropic atomic MSDs. (a) Isotropic MSD, i.e. all diagonal

elements of the U-matrix are equal and all non-diagonal elements are zero (see text for examples). (b)

Example of an anisotropic MSD in which the diagonal elements are different (here: U11 = 2U22 = 2U33).

(c) Example of an anisotropic MSD in which the diagonal elements are the same, but a non-diagonal

element is non-zero (U12 = U21 = −0.15U11).

are zero. For example, this is the case for mono-atomic materials with face-centered cubic (fcc)

or body-centered cubic (bcc) crystal structures, as shown in Table 2.1. For hexagonal close-

packed (hcp) mono-atomic materials, assuming isotropic MSD is an approximation. Whether

this approximation is reasonable depends on the unit cell dimensions, specifically on the ratio

of the lattice constants c/a [WIO71; MD19]. For c/a smaller than or equal to ∼1.63, isotropic

MSD is a good approximation, which is the case for all materials studied in this work.

crystal structure fcc bcc hcp

space group 225 229 194

Wyckoff position 4a 2a 2c

U-matrix constraints U11 = U22 = U33 U11 = U22 = U33 U11 = U22

U12 = U13 = U23 = 0 U12 = U13 = U23 = 0 U13 = U23 = 0

examples Ni, Pt, Au, Cu Fe, Cr Co, Gd, Tb

Table 2.1: U-matrix constraints for three common crystal structures of mono-atomic materials,

face-centered cubic (fcc), body-centered cubic (bcc), and hexagonal close-packed (hcp). The

space groups and Wyckoff positions stem from the Inorganic Crystal Structure Database (ICSD)

and U-matrix constraints were taken from Ref. [WP75]. Note that these are only valid for mono-

atomic lattices with these crystal structures, typically simple elemental metals.

In the isotropic case, Eq. 2.3 can be further simplified to give:

τ = exp{−1

2
U11 q2} = exp{−1

2
× 1

3
〈u2〉 q2}. (2.4)

Here, 〈u2〉 stands for the total MSD considering all directions, i.e the mean-squared distance of

the atom from its equilibrium position. The factor 1/3 follows from the fact that the momen-

taneous displacement of the atom can be along any direction. The MSD in a certain direction

corresponds to the time-average of the squared projection of the displacement in this partic-
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ular direction, e.g. U11 = 〈(u · x̂1)2〉. Since the MSD is isotropic, 〈(u · x̂1)2〉 = 〈(u · x̂2)2〉 =

〈(u · x̂3)2〉 = 1
3〈u

2〉.
Finally, the intensities of the Bragg reflections are proportional to the square of the structure

factor. Hence, for isotropic MSDs and if all atoms are symmetry-equivalent, the Bragg reflection

intensities are given by:

I(q) = I0(q) exp{−1

3
〈u2〉 q2} (2.5)

Here, I0 denotes the intensity of the Bragg reflection in the absence of lattice vibrations. In a

time-resolved diffraction experiment, the focus lies on the relative changes of Bragg reflection

intensities after excitation, which are related to transient MSD changes as follows:

I(t)

I(t < 0)
= exp{−1

3
∆〈u2〉 q2} (2.6)

Here, ∆〈u2〉 = 〈u2〉(t) − 〈u2〉(t < 0) is the transient MSD change. The next sections describe

how to extract such MSD changes reliably from experimental data.

2.3.2.2 Data analysis for polycrystalline materials

For polycrystalline materials, the diffraction pattern consists of Debye-Scherrer rings, as shown

in Fig. 2.15(a). In this case, after correcting for drifts of the zero-order beam, an azimuthal aver-

age is calculated (radial profile/RP), yielding one-dimensional data as presented in Fig. 2.15(b)

(dashed red curve). There can be non-circularly-symmetric distortions in the image, caused for

example by imperfect alignment of the magnetic lens. The distortions are typically stronger for

higher scattering vectors and thus lead to a broadening of the outer diffraction rings in the RP.

In such cases, the RP can be improved by taking sector-wise RPs, similar to the flatfielding

procedure described in Sec. 2.3.1. One of the sector-wise RPs is chosen as reference and the

distance axis of the others is corrected with a correction parameter γ:

r′ =

(
r

r0

)γ
r0. (2.7)

Here, r is the original distance from the center, r′ is the corrected distance, and r0 is an arbitrary

distance close to the first diffraction ring (here: the maximum of the first diffraction ring in the

reference RP). For each sector-wise RP, γ is chosen such that the residuals to the reference RP

are minimized. Only after this correction, the sector-wise RPs are averaged. The correction

can significantly increase the sharpness of outer diffraction rings, as presented in Fig. 2.15(b)

(green curve).

After calculating the RPs, the next step is to analyze their transient changes. Fig. 2.16

shows an example of time-resolved changes in platinum by presenting the RP before laser

excitation and pump-induced changes of the RP at selected time delays. The amplitude of

the diffraction rings decreases due to the Debye-Waller effect. At the same time, the intensity

of the background rises. Due to the limited coherence of the electron beam6, different peaks

overlap, especially for higher scattering vectors. Disentangling the strong overlap of different

peaks as well as the simultaneous dynamics of background and peaks are major challenges in

6The coherence can be improved by a tighter focus on the cathode. However, this comes with a cost of reduced

time resolution and/or signal-to-noise ratio, since space charge effects increase when the electrons in the pulse

are closer to each other.
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Figure 2.15: Diffraction from polycrystalline samples. (a) Diffraction pattern of a polycrystalline nickel

film. This diffraction pattern is visibly distorted, likely due to misalignment of the magnetic lens. (b)

Radial profile (RP) with and without distortion correction. The distortion-corrected RP was calculated

based on 12 sector-wise RPs. Details of the distortion correction are described in the text.

the analysis of time-resolved data from polycrystalline samples. In this subsection, an approach

to extract MSD dynamics reliably from time-resolved polycrystalline data is presented, which

was published in Ref. [Zah21d]. The code of this fitting routine is publicly available [Zah21c].

In a conventional analysis of polycrystalline data, only the most prominent diffraction rings

are considered, typically by performing a fit to the peaks in the RP and extracting time-

dependent changes of the fit parameters. However, this leads to many time-dependent fit

parameters. These often exceed the number of physical parameters of the lattice that change

after laser excitation because some information is encoded in all reflections, namely lattice

expansion and MSD rise. The strong overlap of different rings means that their fit parameters

are correlated, which can lead to imprecise fit results. In addition, background subtraction is

challenging, since there are only few regions in the RP without contributions from diffraction

rings. For these reasons, inconsistencies between MSD rises and lattice expansions extracted

from different rings are often observed.

An approach to minimize time-dependent fit parameters is to consider the full diffraction

pattern and directly fit the “physical” lattice changes following laser excitation, instead of

time-dependent parameters for individual rings. Such a global fitting approach requires prior

knowledge about the expected lattice changes. Here, it is assumed that no phase transitions or

coherent phonons are induced by the laser excitation, therefore only the MSD and the lattice

constant change. In addition, only materials with one atom per unit cell are considered. The

approach can however be extended to cover also more complex materials or heterostructures.

The global fitting routine consists of two steps: first, a fit is performed to the RP before

laser excitation (static fit). Second, a fit is performed to time-dependent changes in the RP

(dynamic fit), with the fit parameters limited to MSD change, expansion, and changes of the

background. In the first step (static fit), it is important to obtain a very good description of

the RP before laser excitation. For optimal signal-to-noise ratio of the experimental data, all

RPs recorded before the arrival of the pump pulse are averaged. As an example, data recorded

on platinum are discussed here. The average of all RPs before laser excitation is presented in

Fig. 2.16(a) (blue curve). Since the crystal structure of the sample is known (platinum has

an fcc crystal structure with a lattice constant of 3.924 Å [ESJ51]), the positions of the rings
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Figure 2.16: Azimuthally averaged diffraction pattern (radial profile, RP) of platinum and pump-induced

changes. (a) RP of platinum before laser excitation. The solid blue curve represents experimental data

and the dashed black curve is the result of the global fitting analysis. The background contribution

(fit result) is shown as a dashed red curve. (b) RP after background subtraction. The green curve

corresponds to the experimental data and the dashed black curve is the result of the global fit. The

contributions from the individual Bragg reflections are displayed in red. (c) Time-resolved changes in

the RP for selected time delays. The solid curves are experimental data and the black dashed curves

correspond to the fit results. The curves represent differences compared to the RP before laser excitation.

Note that the intensity units are the same in all three panels. In addition, the x-axis was converted from

image pixels to scattering vectors using the result of the global fit. Adapted from Ref. [Zah21d].

in reciprocal space are known. Nevertheless, due to distortions of the diffraction pattern such

as spherical aberrations of the magnetic lens, the relationship between the distance of a ring

from the zero-order beam (ring radius) and the scattering vector is non-linear. Therefore, a

distortion correction parameter γ is introduced as a fit parameter. In addition, the distance

from the zero-order beam in pixels needs to be converted into scattering vector. Therefore, the

radius of the first ring in pixels, r1, is also a fit parameter. Including the distortion correction,

the radii ri of the other rings are then determined by:

ri =

(
qi
q1

)γ
r1. (2.8)

Here, qi are the scattering vectors of the diffraction rings. In the absence of distortions, γ = 1

(no correction). For barrel distortions, which is the case here, γ is smaller than 1 (here: around

0.96). In the case of pincushion distortions, γ would be larger than 1. With Eq. 2.8, which

is a phenomenological correction, the major part of the distortion can be accounted for. In
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addition, to obtain a precise description of the static RP, individual radius correction factors fi

are required as fit parameters, which are constrained such that the radii cannot deviate by more

than a few percent (here: 2 %) from the radii given by Eq. 2.8. The constraint minimizes cross-

talk of the positions of overlapping diffraction rings in the fit, which is particularly important

for rings that are not clearly visible as distinct peaks in the RP, e.g. the (222) reflection.

The peaks in the RP are described as Lorentzians. The peak amplitudes are fit parameters.

For perfectly polycrystalline samples, the amplitudes could also be obtained from structure

factor calculations or literature. However, many thin-film samples grown on NaCl crystals have

a preferred orientation, which changes the relative intensities of the diffraction rings. By fitting

the peak amplitudes in the RP, the fitting procedure can be easily applied to samples both with

and without preferred orientation.

The width of the Lorentzians in reciprocal space is one fit parameter, wreci. The width of

the rings in reciprocal space is thus the same for all peaks, which means that broadening due to

finite crystallite sizes (Scherrer equation) is not considered. This is a reasonable approximation

since the broadening in time-resolved electron diffraction experiments is typically dominated

by the finite coherence of the electron pulses. Note that the width of the peaks in the RP,

wi, is slightly different for different peaks due to the non-linear relationship between pixels and

scattering vectors (caused by distortions, see Eq. 2.8). In total, the fit function describing all

rings in the observed range of reciprocal space is given by:

F (r) =

N∑
i=1

Ai(
1 +

(
r−rifi
wi

)2
) . (2.9)

Here Ai are the amplitudes of the rings (fit parameters) and N is the number of diffraction rings

in the observed range of reciprocal space.

In addition to the intensity from the rings, there is also a significant background intensity.

This intensity arises from the tail of the zero-order beam, static disorder of the crystal, and

diffuse scattering (dynamic disorder). Depending on the sample, further contributions can also

come from the substrate or the surfaces of the thin film. The background is time-dependent,

since diffuse scattering increases when more phonons are created. The intensity of the zero-order

beam can also be time-dependent due to higher-order scattering effects [Lig11]. To describe the

background intensity in the fit, a phenomenological function is used, which is chosen depending

on the experimental conditions. For the measurement presented here, the following function

was used:

B(r) = a× exp{−r/b}+ c+ d× r. (2.10)

The sum F + B is then convolved with a Gaussian to account for the finite coherence of

the electron pulses. In addition to the broadening due to the limited coherence, particularly

the outer rings can be broadened further by distortions that are not circularly symmetric.

Furthermore, the focusing of the magnetic lens can be slightly different for different diffraction

orders [Wal16b]. To correct for such effects, an additional fit parameter δ is introduced, which

distorts the distance axis linearly before the convolution:

r′ = r (1− δ r − rstart

rend − rstart
). (2.11)

rstart and rend are the radii of the beginning and the end of the fit range, respectively. δ is

typically equal or larger than zero. The former corresponds to no correction and the latter
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means that the width of the Gaussian (and therefore the broadening) effectively increases with

scattering vector.

Regarding the width of the Gaussian for the convolution, it should be noted that this fit

parameter strongly correlates with the width of the Lorentzians (wreci), which is not surprising

since both of them control the width of the peaks in the RP. This means that the fit result

for these two parameters usually depends on the starting parameters. In order to nevertheless

obtain reliable results, the global fitting routine includes a systematic variation of these two

parameters. The combination that yields the least residuals is identified and used for the

further steps. More information about the width optimization is available in Ref. [Zah21d].

The static fit result is presented in Fig. 2.16(a) as a dashed black curve. An excellent

description of the experimental RP is achieved. Fig. 2.16(b) shows the experimental RP with

the fit result for the background contribution subtracted (green curve) and the contributions of

the individual rings (fit result, red curves). The dashed black curve corresponds to the result

of the static fit, again highlighting the excellent agreement of fit result and experimental data.

Such good agreement is necessary for the subsequent step of the fitting routine.

In the second step of the fitting routine (dynamic fit), time-dependent changes of the RP

are analyzed. The results of the static fit are used to minimize time-dependent fit parameters.

Therefore, only the following time-dependent changes are allowed:

• decreases of the diffraction ring intensities, corresponding to an increase of the MSD.

Equation 2.6 is used here to describe the intensity changes, which is valid for mono-

elemental materials with isotropic MSD. It is possible to extend the fitting to more complex

materials, which would require introducing more than one MSD fit parameter as well as

a structure factor calculation.

• expansion or contraction of the lattice, which changes the positions of all diffraction rings:

qi(t) =
qi,0

1 + ε(t)
. (2.12)

Here, qi,0 is the scattering vector before laser excitation.

• changes of the background parameters. The background increases, which is caused by an

increase of diffuse scattering due to the additional phonons excited.

Since some background parameters are correlated, the fit result can sometimes be improved by

constraining their maximum change from one delay to the next. However, care must be taken

to ensure that the boundaries are wide enough to not alter the extracted MSD dynamics. The

boundaries must be such that the time-dependent increase of the background can be adequately

described for all delays.

The results of the dynamic fit are presented in Fig. 2.16(c) for three different pump-probe

delays. Solid curves are experimental data and dashed black curves represent fit results. In

general, good agreement with the experimental data is observed. It is noticeable that the fit

result underestimates the time-dependent peak intensity changes for low scattering vectors while

overestimating them for high scattering vectors. This is likely due to higher-order scattering

effects beyond the kinematic limit, which “redistribute” intensity between diffraction orders

(including the zero-order beam). Hence, these effects lead to deviations from the relationship

of Eq. 2.6. For the example discussed here, platinum metal, higher-order scattering effects are
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Figure 2.17: Comparison of the global fitting approach to other analysis methods. (a) Fit result for the

case in which subsequent fits of background and diffraction rings are performed. Light blue areas mark the

regions to which the background fit is performed. The solid yellow curve represents the experimental data

after background subtraction and the dashed black curve represents the result of a fit of the diffraction

rings (without background). The red arrows mark areas of particularly high disagreement between

background and rings. (b) Residuals of the subsequent fit shown in (a) (yellow curve) and residuals of

the global fitting routine, which fits rings and background simultaneously (green curve). (c) Result of a

“local” fit of the MSD changes, i.e. the intensity change of each ring is a separate fit parameter. The

result of the global fit is shown as green diamonds. Solid curves are fits with a two-temperature model

(TTM). (d) Amplitude of the MSD changes of the individual peaks shown in (c), relative to the result of

the global fit (green line). The values correspond to TTM results at 3 ps. The error bars were calculated

from the standard errors obtained from the TTM fits, assuming that the MSD is proportional the to

temperature (high-temperature limit, see Sec. 2.3.2). The error bar of the global fit result falls within

the line width. (g) Values for the electron-phonon coupling parameter Gep extracted with a TTM from

the local fits, relative to Gep from the global fit (green line). The error bars correspond to standard

errors obtained from the TTM fits. The standard error of the global fit is displayed as a shaded green

area. Adapted from Ref. [Zah21d].

probably present in the RP due to its high atomic number and density. In such a case, if

fits on individual diffraction rings were performed, different rings would yield different results

for the amplitudes of the MSD changes. Since the global fitting routine extracts the MSD

dynamics based on the full diffraction pattern, it is likely more accurate compared to “local”

fits of individual diffraction rings in the presence of multiple scattering effects.

In addition, deviations of the fit result from the experimental data are observed at both

ends of the fit range. These are likely due to the phenomenological background function.

Furthermore, the results for the background are generally expected to be less precise at the

ends of the fit range, because the comparison between experiment and fit ends there. However,

for most of the fit range, both the background and the diffraction ring changes are well described

by the fit result.

The global approach presented here has two main advantages, which are illustrated in

Fig. 2.17. The first advantage is that the fit is performed to both diffraction rings and back-
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ground simultaneously. An alternative approach is to first subtract a background and then

perform a fit to the diffraction rings only. For example, the background can be subtracted

by fitting a background function to user-defined “background regions”, which is illustrated in

Fig. 2.17(a). The light blue areas mark the background regions and the RP after background

subtraction is shown as a yellow curve. The subsequent fit of the diffraction rings is shown

as a dashed black curve. The main problem of this approach is that the background regions

typically contain contributions from the diffraction rings as well (due to the limited coherence).

The background is thus overestimated in the first step, leading to bad agreement between fit

and experiment in the second step, when a fit is performed to the diffraction rings. Regions of

high deviations are indicated by red arrows. An additional disadvantage is that the fit result

for the background depends on the choice of background regions.

Figure 2.17(b) compares the residuals of this subsequent fitting approach (yellow curve) to

the residuals of the static fit of the global fitting routine (green curve). The global fit exhibits

much lower residuals and therefore achieves a better description of the static diffraction pattern.

A good description of the static pattern is essential to obtain accurate results for the time-

dependent quantities, in particular, the background subtraction has a significant influence on

the amplitude of the MSD dynamics.

The second advantage is that the global fit results for the lattice dynamics are based on

the full diffraction pattern instead of individual rings. Fig. 2.17(c) shows the results of a fit in

which the intensities (and thus the MSD changes) of different rings are separate fit parameters

(”local” fit). To ensure direct comparability to the global fit, the same fit function is used. Due

to the significant overlap of diffraction rings, expansion is not considered7 and all MSD changes

are constrained to be non-negative. Different rings yield different results for the MSD changes,

an ambiguous result since the same MSD change is encoded in all diffraction rings. Due to this

ambiguity of the local fit, the final result for the MSD dynamics depends on which rings are

considered in the analysis. In particular, the amplitude of the MSD rise differs significantly

for different diffraction rings, as shown in Fig. 2.17(d). Similarly, also values for the electron-

phonon coupling parameter Gep extracted from a local fit can vary significantly, as presented in

Fig. 2.17(e). In contrast, the global fit yields one result for the MSD change (and Gep), which

is based on all diffraction rings.

In summary, the global fitting routine presented here minimizes time-dependent fit param-

eters by performing a fit of physical quantities (MSD rise, expansion) to the full diffraction

pattern. It can be applied in the absence of phase transitions and/or coherent phonons and

removes ambiguities compared to other analysis approaches, yielding reliable results for the

lattice dynamics. The approach described here can be directly applied to all materials with

one atom per unit cell, and it could also be extended to describe more complex materials and

heterostructures.

2.3.2.3 Data analysis for single crystals

For single crystals, for example exfoliated layered materials, Bragg reflections are observed as

peaks in the diffraction pattern, as shown in Fig. 2.18(a). Here, the observed Bragg reflections

depend on the orientation of the sample relative to the electron beam and can be determined

7Typically, expansion effects are small and whether or not expansion is considered in the fit has a negligible

effect on the MSD dynamics.
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with the Ewald sphere construction. For high-energy electron scattering, the Ewald sphere is

almost flat on the length scales of the reciprocal lattice vectors. This is illustrated in Fig. 2.18(c).

Therefore, many different Bragg reflections are observed at once, which is an advantage. For

example, analyzing a large number of Bragg reflections can enable the separation of MSD

changes of different atoms in the unit cell. An important point to keep in mind is that with

increasing scattering vector, the Ewald sphere intersects the Bragg reflections in reciprocal space

further from their centers, which can have implications for the observed dynamics [Win21].

(a) (b) (c)

Figure 2.18: Diffraction from a single crystal. (a) Example diffraction pattern from a single crystal

(here: black phosphorus). The white shadow is caused by a beam block for the zero-order beam. (b)

Example of the shape of an observed Bragg reflection, marked in Panel (a) with a blue rectangle. (c)

Schematic illustration of the Ewald sphere construction for high-energy electron diffraction. Here, the

situation for normal incidence is presented. The Bragg reflections are sketched in black. The shape of

the Bragg reflections in reciprocal space depends on the sample quality as well as on the thickness of

the sample. The elongation of the Bragg reflections in the direction of the sample normal is caused by

the small sample thickness of only tens of nanometers. Due to the large Ewald sphere in high-energy

electron diffraction, many Bragg reflections are observed at once. With increasing scattering vector, the

distance between the observed part of the reflection and its center increases.

To extract time-resolved changes in the diffraction patterns, fits to observed Bragg reflections

are performed. The fit routine employed here was developed by Yoav William Windsor. For

exfoliated high-quality crystals, the shape of the observed reflections is typically determined

mostly by the electron beam properties, which depend on the spot size of the probe beam on

the cathode. As an example of a typical shape of a reflection, Fig. 2.18(b) shows a close-up

of the reflection marked in Fig. 2.18(a). A two-dimensional Pseudovoigt function is used as

a fit function, which has enough free parameters to yield a good description of the observed

reflections:

P (x, y) = a

[
(1− η) exp

(
−ln(2)

((x− x0

2sx

)2
+
(y − y0

2sy

)2))
+

+ η

(
1

1 +
(
x−x0
2sx

)2
+
(y−y0

2sy

)2)]. (2.13)

Furthermore, there is a free parameter for the rotation of the axes x̂ and ŷ with respect to the

image axes.
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In addition to the reflections themselves, there are also background contributions to the

intensity in the region of the reflection, although much less compared to polycrystalline data.

As in the case of polycrystalline materials, these contributions stem for example from the tail

of the zero-order beam and from diffuse scattering caused by static and dynamic disorder. To

take static and time-dependent background contributions into account, a tilted plane T (x, y) =

c0 + c1x + c2y is added to the fit function. The fit is performed to a square area around the

reflection, as shown in Fig. 2.18(a) and (b). Based on the fit results for the changes of the peak

amplitudes a in Eq. 2.13, MSD dynamics can then be extracted, as described in Sec. 2.3.2.1.

Furthermore, size changes of the unit cell (e.g. expansion) are reflected in changes of x0 and y0

as functions of pump-probe delay.

2.3.3 The relationship between MSD and lattice temperature

The last two sections described how to obtain the MSD dynamics from the diffraction patterns.

If the lattice is in thermal equilibrium, the MSD can be directly converted into lattice tempera-

ture, provided that the phonon properties of the material are known. However, the assumption

of a thermalized phonon distribution is often not justified on short timescales after laser exci-

tation. Typically, direct phonon-phonon scattering is not efficient enough to establish thermal

equilibrium of the phonons on sub- or few-ps timescales [ROM20]. In this case, how far from

equilibrium the transient phonon population is depends on the details of electron-phonon scat-

tering. In particular for materials with optical phonons, pronounced deviations from thermal

equilibrium can occur. As an example, graphite has strongly-coupled optical phonons (SCOPs),

which are excited much more efficiently by the photo-excited carriers [Cha14]. This leads to a

pronounced transient nonthermal phonon distribution with these phonons being excited much

more than in thermal equilibrium. In such cases, a lattice temperature is not defined. A similar

behavior is also observed for black phosphorus, as described in Chapter 3. For simple metals,

nonthermal phonon populations have been observed as well, e.g. in aluminum [Wal16a]. It is

thus important to verify that the phonon distribution is actually thermal (or close to thermal)

before converting MSD into lattice temperature.

For materials with only one atom per primitive unit cell, the conversion can be done using

the phonon density of states (DOS) g(ω). The MSD as a function of temperature is then given

by [PDW11]:

〈u2〉 =
~

2m

∫ ∞
0

coth

(
~ω

2kBT

)
g(ω)

ω
dω. (2.14)

Here, m is the mass of the atom and ω is the phonon frequency. g(ω) is the DOS per atom, which

means that its integral over all frequencies is equal to 3. Note that as the phonon frequency

decreases, g(ω) goes to zero, but the term coth
(

~ω
2kBT

)
as well as 1

ω diverge. In practice, it is

thus not trivial to compute the integral of Eq. 2.14. Small errors of the phonon DOS in the

low-frequency region can lead to very large errors of the MSD. In practice, the accuracy of the

calculation can be improved by replacing the low-frequency region of the DOS with the result of

a fit with a polynomial function that goes to zero at least quadratically. A quadratic dependence

of the DOS on the frequency corresponds to a constant speed of sound (long-wavelength limit).

Therefore, the leading term in the long-wavelength/low-frequency limit should be quadratic.
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Figure 2.19: Phonon DOS and temperature-dependent MSDs of the ferromagnets studied in this work.

(a) Phonon DOS of nickel obtained from a DFT calculation. (b) Same as (a), but for cobalt. (c) Same as

(a), but for iron. (d) MSD as a function of temperature, calculated based on the phonon DOS shown in

(a). For improved accuracy, the region ~ω < 5 meV was replaced by the result of a fit to the phonon DOS

with the following function: y(~ω) = a (~ω)2 + b (~ω)3. For comparison, the dashed black curve shows

the tabulated result from Ref. [PDW11]. (e) Same as (d), but for cobalt. In this case, the tabulated

result from Ref. [PDW11] is an estimation based on the Debye model. (f) Same as (d), but for iron. (g)

Phonon DOS of terbium, calculated with DFT+U. (h) Same as (g), but for gadolinium. (i) Debye-Waller

factor of terbium, calculated from the phonon DOS shown in (g). The region below ~ω < 1 meV was

replaced by the result of a fit with the abovementioned function for improved accuracy. (j), Same as (i),

but for gadolinium. Details about the DFT and DFT+U calculations are provided in Sec. 2.4.
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Figure 2.19 presents the phonon DOS of nickel, cobalt8, iron, gadolinium8, and terbium8 as

well as the calculated Debye-Waller factors. For iron, cobalt, and nickel, tabulated values from

Ref. [PDW11] are also shown for comparison. For nickel and iron, the calculated Debye-Waller

factors agree very well with the tabulated ones. For cobalt, the agreement is worse. However,

this may be due to the literature result for cobalt being an estimation based on the Debye

model.

In general, the MSD as a function of temperature exhibits a characteristic behavior: at

low temperatures, the MSD is dominated by zero-point motion. At high temperatures (~ω �
2kBT for all phonon modes), coth

(
~ω

2kBT

)
≈ 2kBT

~ω and thus the MSD is proportional to the

temperature. Note that for high temperatures and depending on the material, anharmonic

effects can occur, which lead to deviations from a linear behavior [WP75].

Here, only the case of materials with one atom per primitive unit cell was discussed. For

materials with more atoms per primitive unit cell, which have optical phonons, the phonon

DOS is not sufficient to calculate the MSD. In this case, also the phonon polarization vectors

are required, as described for example in Ref. [PDW11].

2.4 From DFT results to temperature models

Once the MSD/lattice temperature dynamics have been extracted, it is often insightful to

compare the experimental results to theory. In this work, density functional theory (DFT)

calculations were employed to obtain the electron-phonon coupling matrix elements as well as

the electron and phonon DOS. For the 3d ferromagnets iron, cobalt, and nickel, DFT calculations

were performed by Jan Vorberger and Tim Butcher. GGA-PBE pseudopotentials were employed

in the calculation. An unshifted k-point grid of 32×32×32 points and a q-point grid of 8×8×8

points was used. The plane-wave energy cut-off was 40 Ha for iron and 50 Ha for cobalt and

nickel. Further details are available in Refs. [Zah20c; Zah21a; Zah21b].

For the 4f ferromagnets terbium and gadolinium, DFT+U calculations9 were employed,

which were performed by Haichen Wang and Miguel Marques. DFT+U calculations were used

here due to the strong electronic correlation effects in rare-earth metals [Söd14]. The calculations

were performed with the DFT code abinit, using LDA-PAW pseudopotentials and an effective

U of 6.0 eV. An unshifted k-point grid of 12 × 12 × 12 points and a q-point grid of 6 × 6 × 6

points was used. The plane-wave energy cutoff was 25 Ha and the cutoff for the LDA-PAW

pseudopotentials was 50 Ha. The relaxed lattice constants were a = 3.534 Å, c = 5.641 Å for

gadolinium and a = 3.415 Å, c = 5.767 Å for terbium.

Once the electron and phonon properties and the electron-phonon coupling matrix elements

have been obtained from DFT, the next step is to combine them with a model for the dynamics

of the material following laser excitation. In case the two-temperature model (TTM) is employed

(see Eqs. 1.1 and 1.2), the electron-phonon coupling parameter Gep as well as the electron and

lattice heat capacities are required as inputs for the model. This section describes how these

8Note that cobalt, gadolinium, and terbium have a hexagonal close-packed (hcp) crystal structure with two

atoms per primitive unit cell. However, they consist of only one element each and both sites are symmetry-

equivalent. As discussed in Sec. 2.3.2, certain hcp metals can be well approximated as having isotropic MSD.

This is the case for all materials here and it is thus a good approximation to treat them as materials with one

atom per unit cell.
9The U stands for the on-site interaction parameter U in the Hubbard model, which allows to describe

electronic correlations.
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inputs can be calculated from the results of a DFT calculation. Only the case of metals is

described here. For semiconductors and insulators, the situation is typically more complex

and often a description with the TTM is insufficient, for example due to pronounced phase-

space constraints for electron-electron and electron-phonon scattering. Code that performs the

calculations described in the following (except Eq. 2.15) is publicly available [Zah22a].

For metals, it is convenient to describe the electron-phonon coupling using the (generalized)

Eliashberg function α2F , which is defined as follows [All87]:

α2F (ε, ε′, ω) =
2

~N2
c ge(µ)

∑
kk′

|Mq
kk′ |2 δ(ω − ω(q)) δ(ε− ε(k)) δ(ε′ − ε(k′)). (2.15)

Here, k and k′ denote the initial and final momentum of the scattering electron, q = k′ − k is

the wavevector of the phonon that takes part in the scattering process, and Mq
kk′ is the matrix

element of the scattering process. ε(k) and ε(k′) are the respective electron energies and ω is the

phonon frequency. Nc denotes the number of unit cells over which the summation is performed,

ge is the electronic DOS (normalized to the unit cell) and µ is the chemical potential. The

chemical potential is temperature-dependent because the number of electrons per unit cell, Ne,

is constant:

Ne =

∫ ∞
−∞

ge(ε)
1

exp
(
ε−µ(T )
kBT

)
+ 1

dε =

∫ εF

−∞
ge(ε)dε. (2.16)

Here εF = µ(0 K) denotes the Fermi energy. In the case of spin-resolved DFT calculations, as

performed for the ferromagnetic materials studied in this work, one can either assume a common

chemical potential µ for both spin types or choose to calculate individual chemical potentials

for each spin type. While the former reflects the equilibrium situation better, the latter is likely

closer to the situation shortly after laser excitation. In this work, except for the visualization

of Fig. 2.20, separate chemical potentials for each spin type were calculated. In practice, for

the electron temperatures reached in the experiments, the differences compared to a common

chemical potential are small.

To calculate the electron-phonon coupling parameter Gep from the Eliashberg function, some

approximations are typically made. First of all, based on Wang et al., the Eliashberg function

can be approximated as follows [Wan94; Wal16a]:

α2F (ε, ε′, ω) ≈ ge(ε)ge(ε
′)

g2
e (µ)

α2F (µ, µ, ω). (2.17)

Furthermore, as the deviations of the chemical potential from the Fermi energy are small for

the temperatures relevant here, the following approximation is made:

α2F (µ, µ, ω) ≈ α2F (εF, εF, ω) = α2F (ω). (2.18)

The approximation of Eq. 2.17 assumes that the matrix elements Mq
kk′ don’t depend on k

and k′ for all states that take part in the electron-phonon relaxation process, which are the

states around the chemical potential. This approximation is based on an argument of scale:

in typical simple metals, such as the ferromagnets studied in this work, the highest-energy

phonons have a frequency of several tens of meV (see Fig. 2.19). However, electronic properties

are expected to change on larger energy scales, as for example evidenced by the energy scales

on which the electronic DOS changes. Figure 2.20(a)-(c) present the electronic DOS for the

3d ferromagnets studied in this work together with the “phonon window”, the typical range
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in which electron-phonon scattering occurs. The comparison shows that in this range, the

electronic DOS varies only very little, suggesting that the character of the states does not

change significantly. Furthermore, Lin et al. made a direct quantitative comparison of Gep with

and without this approximation for aluminum and found only small differences [LZC08].
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Figure 2.20: Approximations in the calculation of the electron-phonon coupling parameter Gep. (a)

Electronic DOS of ferromagnetic nickel, calculated with spin-resolved DFT. The chemical potential µ

at room temperature (295 K) is shown as a dashed black line. The yellow areas visualize the “phonon

window”, the typical range for electron-phonon scattering. Here, an energy range from µ − ~ωmax to

µ+~ωmax is shown. This corresponds to the states that an electron at the chemical potential can scatter

into with one electron-phonon scattering event. Note that in reality there are no sharp borders of the

“phonon window” since electrons above and below the chemical potential also participate in electron-

phonon scattering. For simplicity, ~ωmax = 40 meV is assumed for all three materials, which is slightly

larger than their maximum phonon frequencies (see Fig. 2.19). The approximations of Eq. 2.19 are shown

as dashed green lines. (b) Same as (a), but for cobalt. (c) Same as (a), but for iron. (d) Fermi-Dirac

distribution function nFD at room temperature (295 K) together with the “phonon window”. The dashed

green line corresponds to the approximation of Eq. 2.20.

Similarly, based on the comparison of the electronic DOS with the “phonon window”, the

following approximation is made:

ge(µ+ ~ω) ≈ ge(µ). (2.19)

This approximation is visualized with the dashed green lines of Fig. 2.20(a)-(c). The approx-

imation provides a very good description of the electronic DOS in the “phonon window” for

all cases. Furthermore, the Fermi-Dirac distribution is approximated with a first-order Taylor

expansion:

nFD(ε+ ~ω) ≈ nFD(ε) +
∂nFD

∂ε
~ω. (2.20)

This approximation is visualized in Fig. 2.20(d) for ε = µ, showing that it is reasonable for

energies close to the chemical potential. With these approximations, the energy flow between

electrons and phonons, Z, can then be described as [All87; LZC08; Wal16a]:

Z(Te, Tl) = − 2π

ge(µ)

∫ ∞
0

(~ω)2 α2F (ω) [nBE(ω, Te)− nBE(ω, Tl)] dω×

×
∫ ∞
−∞

g2
e (ε)

∂nFD(ε, Te, µ)

∂ε
dε. (2.21)
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Here, Te and Tl are the temperatures of the electrons and the lattice, respectively. nBE is

the Bose-Einstein distribution function (with µ = 0) and nFD is the Fermi-Dirac distribution

function. The electron-phonon coupling parameter is then given by:

Gep(Te, Tl) =
Z(Te, Tl)

Te − Tl
. (2.22)

Note that Eqs. 2.21 and 2.22 calculate the energy transfer rate and electron-phonon coupling

per unit cell, since also the electronic DOS is in units of states per unit cell here (see Eq. 2.16).

The values per volume can be obtained by dividing by the unit cell volume. In the spin-resolved

case, Gep is calculated for each spin type separately, based on the Eliashberg function and

electronic DOS of this spin type. Therefore, spin-flip scattering is not included.

As shown in Eqs. 2.21 and 2.22, Gep depends on both the electron and the lattice tem-

peratures. The dependence of Gep on the lattice temperature is presented in Fig. 2.21 for the

example of ferromagnetic iron.
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Figure 2.21: Electron-phonon coupling parameter Gep of ferromagnetic iron for different lattice temper-

atures. Due to the weak dependence of Gep on the lattice temperature, it is often a good approximation

to consider only the dependence of Gep on the electron temperature. The sum of majority and minority

Gep is presented.

Since Gep changes relatively little over the range of lattice temperatures typically reached in

electron diffraction experiments (for freestanding thin films and kHz repetition rates ∼150-300 K

lattice temperature rise), it is often a good approximation to neglect the dependence of Gep on

the lattice temperature in Eq. 2.21.

In addition to Gep, also the electron and lattice heat capacities are necessary to perform a

TTM. The electronic heat capacity, ce, is given by:

ce(T ) =

(
∂Ee

∂T

)
V

=
d

dT

∫ ∞
−∞

ge(ε)
ε

exp
(
ε−µ(T )
kBT

)
+ 1

dε

 . (2.23)

Here Ee denotes the energy of the electrons. For a free electron gas and with the approximation

µ(T ) ≈ εF, the electronic heat capacity is proportional to the temperature (see for example

Ref. [IL09]). In reality, significant deviations from a linear relationship can occur [LZC08], in

particular for transition metals, which exhibit strong variations of the electronic DOS around

the Fermi level (see also Fig. 2.22(d)).
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Similarly to Eq. 2.23, the lattice heat capacity, cl, can be calculated as:

cl(T ) =

(
∂El

∂T

)
V

=
d

dT

∫ ∞
−∞

gl(ε)
ε

exp
(

ε
kBT

)
− 1

dε

 . (2.24)

Here El denotes the lattice energy and gl denotes the phonon DOS. For high temperatures,

cl approaches the classical thermodynamic value of 3kB per atom. A good estimate for the

applicability of the high-temperature limit is the Debye temperature (see also Fig. 2.22(e)).

For mono-elemental metals, which typically have rather low Debye temperatures, the high-

temperature limit is often already a reasonable approximation at room temperature.

An overview of the DFT calculation results for the 3d ferromagnets iron, cobalt, and nickel

is presented in Fig. 2.22. These results are the basis of the energy flow models presented in

Chapter 4. The data are publicly available in Ref. [Zah22a]. Analogously, Fig. 2.23 presents an

overview of the DFT+U calculation results for the 4f ferromagnets terbium and gadolinium.
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Figure 2.22: Results of spin-resolved DFT calculations for iron, cobalt, and nickel. (a) Spin-split elec-

tronic DOS for ferromagnetic iron. States below the Fermi level (here at 0 eV) are shown filled. (b)

Same as (a), but for cobalt. (c) Same as (a) and (b), but for nickel. (d) Electronic heat capacities of

iron, cobalt, and nickel. The sum of majority and minority contributions is presented. (e) Lattice heat

capacities of iron, cobalt, and nickel calculated from the phonon DOS. Literature results for the Debye

temperatures ΘD from Ref. [HPL74] are presented as well (dashed lines). (f) Electron-phonon coupling

parameters Gep as functions of electron temperature, calculated for a lattice temperature of 295 K. The

sum of majority and minority contributions is presented. (g) Contributions of majority and minority

electrons to the electronic heat capacity of iron. (h) Majority and minority Eliashberg function of iron.

(l) Majority and minority contributions to the electron-phonon coupling parameter Gep of iron. (j)-(l)

Same as (g)-(i), but for cobalt. (m)-(o) Same as (g)-(i), but for nickel. Details on the DFT calculations

are described in the text.
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Figure 2.23: Results of spin-resolved DFT+U calculations for gadolinium and terbium. (a) Spin-split

electronic DOS of ferromagnetic gadolinium. States below the Fermi level (here at 0 eV) are shown

filled. (b) Same as (a), but for terbium. (c) Electronic heat capacities of gadolinium (green) and terbium

(blue). The sum of majority and minority electron heat capacity is presented. (d) Lattice heat capacities

of gadolinium and terbium, calculated from the phonon DOS. (e) Electron-phonon coupling parameters

Gep for a lattice temperature of 295 K. (f) Majority and minority contributions to the electronic heat

capacity of gadolinium. (g) Majority and minority Eliashberg function of gadolinium. (h) Majority

and minority contributions to Gep of gadolinium. (i-k) Same as (f-h), but for terbium. Details on the

DFT+U calculations are described in the text.





Chapter 3

Nonthermal lattice dynamics in

black phosphorus

The first unambiguous production of graphene by Novoselov et al. [Nov04], which was achieved

by mechanical exfoliation of a graphite crystal, triggered tremendous research interest in the

field of 2D materials. Soon afterwards, also other layered van der Waals crystals were exfoli-

ated down to the monolayer [Nov05]. Nowadays, a large number of different 2D materials with

widely different properties are available [Xu13; GG13]. The continued research interest is based

on several attractive properties of 2D materials. First of all, the fact that monolayers can be

produced and are, for many materials, stable in ambient conditions offers the perspective of

building very small and mechanically flexible devices. In addition, monolayers or few layers

often exhibit properties that are different from their bulk counterparts. For example, the band

gap of black phosphorus is thickness-dependent [Tra14; Li17]. Some transition metal dichalco-

genides (TMDCs) exhibit transitions from indirect to direct band gap [Spl10; Zha13] and in

addition, excitonic effects become more pronounced due to reduced screening in the out-of-

plane direction [Che15; Wan18]. In some magnetic layered materials, the transition from bulk

to monolayer changes the magnetic state, e.g. from antiferromagnet to ferromagnet [Hua17] or

from paramagnet to ferromagnet [Bon18]. Finally, a major advantage of 2D materials is that

combining them is very easy since the out-of-plane adhesion of different layers is caused by van

der Waals interactions only. This means that any two materials can be combined to form het-

erostructures, regardless of the lattice constant mismatch [GG13]. In fact, the angle between the

two crystals even offers an additional tuning knob to control the behavior of heterostructures,

which has led for example to the discovery of superconducting “magic-angle” graphene [Cao18].

Due to the vast possibilities of combining different 2D materials, they are often compared

to Lego bricks [GG13; Lay15]. To take full advantage of their possibilities, it is necessary to

have different kinds of 2D materials with different properties available. While graphene offers

high carrier mobility due to its Dirac cones, it lacks a band gap, which is disadvantageous

for many applications. Semiconducting TMDCs have a band gap in the visible range, but

significantly lower carrier mobility compared to graphene. Black phosphorus bridges the gap

between these two classes of 2D materials because it has a tunable band gap in the infrared to

visible range [Tra14; Li17] and high carrier mobility [Li14; XWJ14; Lon16]. Furthermore, its

in-plane anisotropic structure offers yet another tuning knob for heterostructure devices.

47



48 Chapter 3. Nonthermal lattice dynamics in black phosphorus

Since any device operates in non-equilibrium conditions, microscopic insights into relaxation

pathways and the underlying couplings in 2D materials are desired. Electron-phonon coupling

is an important relaxation channel for excited carriers and a detailed understanding is thus

relevant for applications in which hot carriers are excited or injected into the material. Phonon-

phonon coupling influences properties such as thermal conductivity and is thus also an important

factor for the functionality of heterostructure devices. The lattice sensitivity of time-resolved

diffraction makes it an ideal tool to study both of these couplings.

This chapter presents time-resolved electron diffraction results on multilayer black phospho-

rus, which were obtained together with Patrick Hildebrandt and are partially discussed also

in his bachelor thesis [Hil18]. The results presented in Sec. 3.3 were published in [Zah20a].

The experimental data of this section are publicly available [Zah20b]. Section 3.4 presents fur-

ther, unpublished results also based on the analysis of Bragg reflections. Additional results of

a project led by Hélène Seiler, which focused on the analysis of the diffuse scattering back-

ground, are presented in Sec. 3.5 and were published in Ref. [Sei21]. All DFT calculations

presented in this chapter, which as the same as in Ref. [Sei21], were performed by Fabio Caruso

(Christian-Albrechts-Universität zu Kiel) and Marios Zacharias (Cyprus University of Tech-

nology). The diffuse scattering intensity calculations presented in Sec. 3.5 were performed by

Marios Zacharias.

3.1 Crystal structure, electronic and vibrational properties

The crystal structure of black phosphorus is presented in Fig. 3.1. The material exhibits in-plane

anisotropy since it consists of puckered layers of phosphorus atoms. The two inequivalent high-

symmetry directions in the layer plane are called the armchair and zigzag directions, respectively,

as indicated in Fig. 3.1(b). The space group of bulk black phosphorus is 64 or Cmce, and all

phosphorus atoms are symmetry-equivalent (Wyckoff positions 8f).

(a) (b)

armchair
4.37 Å

zigzag
3.31 Å

Figure 3.1: Anisotropic crystal structure of black phosphorus. (a) Side view of the crystal structure

showing the van der Waals bonded layers as well as the puckered structure. (b) Top view of the crystal

structure with the two inequivalent high-symmetry directions indicated. Adapted from Ref. [Zah20a].

The in-plane anisotropy of the atomic structure translates into anisotropy of the electronic

and vibrational properties. These are presented in Fig. 3.2, which shows the electron and

phonon band structures of bulk black phosphorus calculated with DFT. The anisotropy of the
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band structures manifests in anisotropy of many macroscopic properties of black phosphorus,

such as optical absorption [Tra14; Low14; XWJ14; Jia18] and in-plane thermal [Luo15; Lee15;

Jan15; Sun17] and electrical [Qia14; Liu14; XWJ14; He15] conductivities.

Z
A'

Y

AX

Q

Γ

1.61 eV
0.59 eV

Figure 3.2: Vibrational and electronic properties of bulk black phosphorus. (a) Phonon band structure

and (b) electronic band structure along high-symmetry directions, both calculated with DFT (calcula-

tions from Ref. [Sei21]). For the electronic band structure, a scissor shift was applied to the unoccupied

bands to obtain the correct band gap of around 0.3 eV. Examples of optical transitions in the case of exci-

tation with 0.59 eV and 1.61 eV photon energy are also presented. (c) Brillouin zone with high-symmetry

points, following the convention used in Ref. [RPM18]. Adapted from Ref. [Sei21].

3.2 Electron diffraction experiments

A thin-film sample of black phosphorus was prepared as described in Sec. 2.1.1. A microscope

image of the flake on a TEM grid is presented in Fig. 3.3(a). The measurements were conducted

on the thinner, gray part of the flake. The thickness of this area was estimated to be 39±5 nm,

based on its transmission and the optical constants of black phosphorus reported in Ref. [Jia18].

The transmission diffraction pattern of the sample is presented in Fig. 3.3(b). Due to the crystal

symmetry, only reflections (h0l) with even h and l are allowed [Hah16]. However, additional,

“forbidden” reflections are visible, which may be due to stacking faults, multiple scattering,

or structural deviations at the surface. Since black phosphorus is air-sensitive, it is likely that

oxidation of the surface occurred during the preparation of the sample (in ambient conditions).

To minimize degradation, the sample was stored in vacuum directly after preparation. Since the

sample contains 74±10 layers in total, a significant contribution of the surface to the measured

lattice dynamics is not expected.

Due to the very anisotropic optical properties of black phosphorus, the pump polarization

has a pronounced influence on the amount of energy that is absorbed by the sample. Therefore,

it strongly influences the amplitude of the laser-induced dynamics in a pump-probe experiment.

Before the experiment, the relative orientation between pump pulses and the crystal structure

was identified by scanning the pump polarization. Figure 3.3(c) shows the intensities of the

(400) and (004) reflections at 50 ps after laser excitation as functions of pump polarization

angle. A sinusoidal modulation with a period of 180◦ is clearly observed, in agreement with re-

ported optical properties [Jia18]. The polarization angles with the strongest reduction of Bragg
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Figure 3.3: The black phosphorus sample, its diffraction pattern, and characterization of the crystal

directions relative to the pump polarization. (a) Microscope image of the black phosphorus thin-film

sample on a TEM grid. The flake consists of several areas with different colors, which are caused by

thin-film interference. The upper, gray area is the thinnest one and was therefore used for measurements.

(b) Transmission electron diffraction pattern of black phosphorus. The high-symmetry peaks along the

armchair and zigzag directions are marked in green and blue, respectively. This panel was adapted

from Ref. [Zah20a]. (c) Scan of the pump polarization angle to identify the high-symmetry directions.

Images were recorded with a pump-probe delay of 50 ps, i.e. well after electron-phonon equilibration.

The intensities of the (400) and (004) reflections are shown as functions of pump polarization angle,

relative to their average intensity over the whole scan. The data are the average of Friedel pairs. Solid

orange lines mark angles at which the polarization is along the armchair direction while dashed red

lines mark angles at which the polarization is along the zigzag direction. Note that the minima of the

experimental data correspond to the highest optical absorption because the signal consists of a reduction

of the reflection intensities. The black curve is the result of a fit with a cosine function with a fixed period

of 180◦. The incident fluence of this measurement was (9.8±1.4) mJ/cm2 and the pump wavelength was

770 nm.

reflection intensities, marked with solid orange lines in Fig 3.3(c), correspond to polarization

along the armchair direction. In contrast, the angles with the least signal, marked with dashed

red lines, correspond to polarization along the zigzag direction.

3.3 Anisotropic MSD dynamics

Next, pump-probe delay scans were performed to study laser-induced changes of the lattice.

Figure 3.4 presents results for the pump polarization along the armchair direction of the crystal

and a pump wavelength of 770 nm (corresponding to a photon energy of 1.61 eV). The measure-

ment was performed with an incident fluence of 9.8± 1.4 mJ/cm2 and at a base temperature of

100 K.

Fig. 3.4(a) shows the intensity evolution of high-symmetry Bragg reflections in the arm-

chair and zigzag directions. A two-step behavior is observed, with a sub-picosecond intensity

drop and a pronounced second drop on longer timescales. In addition, significant differences

between reflections along the armchair and zigzag directions are observed. In order to analyze
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Figure 3.4: Evolution of Bragg reflection intensities and corresponding MSDs for high-symmetry reflec-

tions along the armchair and zigzag directions. (a) Relative changes of Bragg reflection intensities for

Bragg peaks along the armchair (green dots) and zigzag directions (blue triangles). The intensities are

the average of Friedel pairs, e.g. (002) and (002), since they exhibit the same dynamics. The data shown

here are the average of several delay scans and the error bars correspond to the standard error of the

mean. (b) MSD changes as functions of pump-probe delay in the armchair and zigzag directions. The

weighted average of the results from the Bragg reflections shown in Panel (a) is presented. The inset

shows a close-up of the dynamics at early time delays. (c) MSD dynamics normalized to the result of a

bi-exponential fit at 100 ps. The yellow area marks the period during which the lattice is in a nonther-

mal state, evidenced by transient differences between the normalized MSD changes in the armchair and

zigzag directions. Adapted from Ref. [Zah20a].
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those changes in detail, the intensity changes are converted into MSD changes, as described

in Sec. 2.3.2 for anisotropic materials. For Bragg reflections along the armchair direction, the

relative intensity change is related to the MSD change as follows:

I(t)

I0
= exp{−[U33(t)− U0

33]
4π2

c2
l2}, (3.1)

where I0 denotes the intensity before laser excitation, U0
33 is the MSD in the armchair direction

before laser excitation, c = 4.37 Å is the lattice constant in the armchair direction [Aka89] and

l corresponds to the Miller index of the Bragg reflection. Analogously, the relative intensity

change for Bragg reflections along the zigzag direction is given by:

I(t)

I0
= exp{−[U11(t)− U0

11]
4π2

a2
h2}. (3.2)

Here, a = 3.31 Å is the lattice constant in the zigzag direction [Aka89], h is the Miller index of

the Bragg reflection and U0
11 is the MSD in the zigzag direction before laser excitation. MSD

changes were calculated for all Bragg reflections shown in Fig. 3.4(a) and their weighted average

in the armchair and zigzag directions is presented in Fig. 3.4(b). The amplitude of the MSD rise

is anisotropic, with a much larger rise in the armchair direction. This behavior is in qualitative

agreement with diffraction results for the MSD in thermal equilibrium [Aka89] and indicates

that the interatomic potential is anisotropic, with “softer” bonds in the armchair direction.

Therefore, as the lattice temperature increases, the additional energy in the lattice causes a

larger MSD increase in the armchair direction.

To analyze the time evolution of the MSDs quantitatively, a fit with the following bi-

exponential function was performed:

y(t) =

{
θ(t− t0)

[
A1

(
1− exp

{
− t− t0

τ1

})
+A2

(
1− exp

{
− t− t0

τ2

})]}
∗G(t). (3.3)

Here, θ denotes the Heaviside step function and G(t) is a Gaussian with a width corresponding

to the estimated time resolution of the experiment, here 150 fs FWHM. The fit results for the

armchair and zigzag MSDs are presented in Table 3.1.

armchair zigzag

A1 [10−3Å
2
] 0.66± 0.03 0.68± 0.02

τ1 [ps] 0.48± 0.05 0.58± 0.04

A2 [10−3Å
2
] 1.84± 0.03 0.85± 0.03

τ2 [ps] 22± 1 20± 2

Table 3.1: Results of a bi-exponential fit (Eq. 3.3) to the MSD dynamics after excitation with

770 nm light polarized along the armchair direction, at a base temperature of 100 K. The errors

correspond to 68.3 % confidence intervals of the fit.

The pronounced two-step behavior of the MSD dynamics indicates that the fast timescale is

predominantly caused by electron-phonon equilibration while the slower timescale is mostly due

to phonon-phonon equilibration. The time constant of the fast component, ∼0.5 ps, is consistent

with time-resolved optical and photoemission results [Wan16; IYX17; Che19]. The amplitude

of the fast component is similar for both directions. In contrast, the amplitude of the slower
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component is significantly higher for the armchair direction. At a pump-probe delay of 100 ps,

it can be assumed that the lattice is already close to a thermal state. Therefore, the distinct

amplitude ratios A1/A2 indicate that directly after the initial electron-phonon equilibration,

the lattice is in a nonthermal state, with a higher MSD in the zigzag direction compared

to thermal equilibrium. Consequently, on average, electron-phonon coupling is stronger for

phonon modes with a large atomic displacement in the zigzag direction. In addition, since

the MSD rises further after the initial electron-phonon equilibration, it can be concluded that

electron-phonon equilibration produces a larger number of high-energy phonons compared to

thermal equilibrium. This conclusion is based on a combination of two effects. First, high-

energy phonons decay into multiple low-energy phonons due to energy conservation. Second,

on average, low-energy phonons produce a higher displacement per phonon compared to high-

energy phonons [PDW11]. In summary, the initial electron-phonon equilibration leads to a

strongly nonthermal state of the lattice with a relatively large number of high-energy (e.g.

optical) phonons excited and a relatively large MSD in the zigzag direction.

On longer timescales, the nonthermal state of the lattice relaxes back to thermal equilibrium.

This is visualized in Fig. 3.4(c), which shows the MSD rise in the armchair and zigzag directions

normalized to the respective fit result at 100 ps. The differences between the armchair and zigzag

directions persist up to ∼60 ps, indicating that the lattice thermalizes on this timescale. The

timescale is similar compared to results for WSe2 [Wal17b] and graphite [Ste18].

In principle, both direct phonon-phonon scattering as well as electron-phonon scattering

processes contribute to phonon thermalization. In the case of black phosphorus, the valence

band maximum and the conduction band minimum are located at the Z-point of the Brillouin

zone, as shown in Fig. 3.2(b). The excitation with 1.61 eV photon energy excites predominantly

carriers in the Z-valley, as illustrated by vertical red lines in Fig. 3.2(b). Likewise, also an elec-

tron distribution that has thermalized via electron-electron scattering predominantly1 occupies

states in the Z-valley [Sei21]. There is only one Z-point in the Brillouin zone. Consequently,

whether or not the excited carriers have thermalized, most of them can only relax within the

Z-valley, thus predominantly emitting phonons with small momenta. Electron-phonon scatter-

ing alone is therefore unable to establish thermal equilibrium of the phonon system over the

full Brillouin zone. Hence, it can be assumed that phonon thermalization is mostly achieved by

direct phonon-phonon scattering (via anharmonicity of the interatomic potential).

Based on the experimental results for the MSD evolution in the armchair and zigzag di-

rections shown in Fig. 3.4(b), it is possible to calculate the full in-plane MSD dynamics (see

Eq. 2.1). Due to the symmetry of black phosphorus (space group 64 with phosphorus atoms

sitting at Wyckoff positions 8f), the in-plane off-diagonal elements of the U-matrix, U13 and U31,

are zero [WP75]. Also U12 and U21 are zero due to symmetry, which however does not affect the

in-plane MSD. The diagonal elements U11 and U33 correspond to the MSDs in the zigzag and

armchair directions, respectively. For an arbitrary in-plane direction n̂ = (cos(φ), 0, sin(φ))T,

the MSD in this direction is thus given by:

MSD(φ) = n̂T

U11 0 0

0 U22 U23

0 U32 U33

 n̂ = U11 cos2φ+ U33 sin2φ (3.4)

1In addition, depending on the electron temperature, there can be a smaller but non-negligible occupation of

other low-energetic conduction band valleys as well [Sei21].
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The total transient MSDs U11(t) and U33(t) are the sum of the MSD before laser excitation and

the MSD rise induced by the excitation of additional phonons. From the time-resolved electron

diffraction experiment, only MSD changes after laser excitation are obtained, but not the total

MSDs. To estimate the MSDs before laser excitation, it was assumed that both before and

after excitation, the MSDs are proportional to the lattice temperature, which corresponds to

the high-temperature limit. In addition, the temperature rise induced by the laser pulse was

estimated to be 270 ± 50 K, based on the absorbed energy density of 380 ± 70 J/cm3 and the

heat capacity of black phosphorus. Here, the heat capacity was approximated as consisting only

of its dominant contribution, the lattice heat capacity, which was calculated from the phonon

DOS [Mac18].

With these results, the time evolution of the full in-plane MSD can be visualized, which

is presented in Fig. 3.5(a) for several pump-probe delays. Already before excitation, the MSD

is anisotropic due to the anisotropic interatomic potential that favors atomic displacements in

the armchair direction. After laser excitation, the total MSD increases due to the additional

phonons that are excited. During phonon thermalization, the MSD increases further due to the

increased population of lower-energy phonons.

In addition to the MSD increase, also the shape of the MSD changes. The transient shape

change is visualized in Fig. 3.5(b), which shows the MSD curves of Fig. 3.5(a) normalized to

their area. The nonthermal phonon occupation leads to a transiently larger MSD in the zigzag

direction compared to equilibrium and thus a reduction of the MSD anisotropy. On longer

timescales, the lattice thermalizes and the equilibrium anisotropy is restored, as visualized by

the dashed curves.
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Figure 3.5: Evolution of the in-plane MSD after laser excitation. (a) MSD curves at different pump-probe

delays, from before excitation (dark blue) up to 100 ps after the arrival of the laser pulse (bright red).

In addition to the overall increase of the in-plane MSD, also its shape changes transiently. (b) MSD

curves normalized to their area, highlighting shape changes to a transiently less anisotropic MSD with a

relatively high displacement in the zigzag direction. Adapted from Ref. [Zah20a].
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3.4 The influence of pump wavelength, pump polarization,

absorbed energy density, and base temperature

So far, only experiments with the pump polarization in the armchair direction have been dis-

cussed. However, in general, details of the excitation (e.g. pump wavelength and polarization)

can influence the observed lattice dynamics, in particular for semiconductors – their carrier

thermalization is often less efficient compared to metals. First, the influence of the pump wave-

length on the lattice dynamics is investigated. For this, in addition to the measurement with a

pump photon wavelength of 770 nm already discussed in the previous section2, also a measure-

ment with a pump photon wavelength of 2100 nm was recorded. As illustrated in Fig. 3.2(b),

with 2100 nm photon wavelength, only transitions close to the Z-point can be excited. With

770 nm, the excitation is also centered around the Z-point, but the excited carriers are on aver-

age energetically much further away from the band extrema. There is also a larger spread in the

momenta of the excited carriers. The initial distribution of excited carriers differs significantly

for the two wavelengths.

To avoid any influences of the absorbed energy density on the comparison, the pump laser

power was adjusted to produce a similar amplitude of the MSD changes in both measurements.

The comparison of the results is presented in Fig. 3.6. As shown in Fig. 3.6(a), the amplitudes

of the pump-probe effect and thus the absorbed energy densities are very similar in both cases.

Note that the slightly different amplitude ratios ∆U33/∆U11 after thermalization are likely

an experimental artifact caused by systematic errors because the differences persist up to at

least 300 ps and the field of view varied slightly in the experiments. To compare the dynamics

quantitatively, a bi-exponential fit with Eq. 3.3 was performed for each time trace and the MSD

changes were normalized to the fit results at 100 ps.

Figure 3.6(b) presents the comparison of the normalized MSD changes in the armchair di-

rection. Within the experimental precision, no differences are observed in the MSD dynamics.

The same result is obtained for the zigzag direction, as presented in Fig. 3.6(c). No effects of

the photon wavelength on the lattice dynamics are observed. Consequently, electron-phonon

coupling leads to a very similar nonthermal phonon distribution in the two cases. This can be

explained by efficient carrier thermalization, which would lead to similar carrier distributions

in both cases before significant electron-phonon energy transfer occurs. Fast electron thermal-

ization on timescales < 50 fs has been observed in another layered van der Waals material,

graphite [Roh18]. Alternatively, a potential scenario is that the (nonthermal) carrier distri-

butions couple to similar phonon modes in both cases. For both 770 nm and 2100 nm photon

wavelengths, there are significant phase-space constraints for scattering of the excited carriers

with phonons. In both cases, most of the energy relaxation of excited carriers occurs within

the Z-valley, thus creating phonons close to Γ. However, in the limit of very weak carrier ther-

malization, the created phonons would be on average much closer to Γ for 2100 nm compared

to 770 nm excitation wavelength. This would be expected to influence the MSD dynamics as

well, which is not observed. Consequently, carrier thermalization in black phosphorus is likely

rather efficient and thus leads to the observed independence of the dynamics on the photon

wavelength.

2For the sake of comparison, a more robust normalization method was employed here (normalization by total

image counts), which yielded good results for all measurements of this section. The differences are small compared

to the MSD dynamics presented in Sec. 3.3, for which a different normalization method was employed.
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Figure 3.6: Influence of the pump wavelength on the observed MSD dynamics. Experiments with pump

photon wavelengths of 2100 nm and 770 nm are compared. In both cases, the pump polarization was along

the armchair direction. (a) MSD dynamics in the armchair and zigzag directions. (b) Normalized MSD

dynamics in the armchair direction. All MSD changes were normalized to the results of a bi-exponential

fit at 100 ps. (c) Same as (b), but for the MSD dynamics in the zigzag direction.

Next, the dependence on the polarization of the pump light is investigated. In general,

changing the pump polarization changes the matrix elements of the electronic transitions, which

means that different electronic states are initially excited. Depending on the efficiency of car-

rier thermalization, this can also influence the lattice dynamics. To study the polarization

dependence of the lattice dynamics in black phosphorus, in addition to the experiment with

polarization in the armchair direction discussed in Sec. 3.3, an experiment with polarization in

the zigzag direction and otherwise unchanged excitation conditions was recorded.

The comparison is presented in Fig. 3.7. For zigzag polarization, the amplitude of the

MSD rise is lower due to the anisotropic optical properties, as shown in Fig. 3.7(a). Based

on the optical constants for zigzag polarization [Jia18], the absorbed energy density of this

measurement was 140 ± 30 J/cm3, and thus a factor of ∼2.6 lower than the experiment in the

armchair direction. This factor is similar to the amplitude ratios of the MSD rises, ∼2.8 for

the MSD in the armchair direction and ∼2.9 for the MSD in the zigzag direction. Note that

absorbed energy density and MSD rise are not expected to be exactly proportional, but to a
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Figure 3.7: Influence of the pump polarization on the MSD dynamics. Measurements with pump po-

larization along the armchair and zigzag directions and otherwise unchanged excitation conditions are

compared. The pump wavelength was 770 nm and the incident fluence was the same in both cases

(9.8 ± 1.4 mJ/cm2). (a) MSD dynamics in the armchair and zigzag directions for both polarization di-

rections. (b) MSD dynamics in the armchair direction for both polarization directions, normalized to

the results of a bi-exponential fit (Eq. 3.3) at 100 ps. (c) Same as (b), but for the MSD dynamics in the

zigzag direction.

good approximation. The exact relationship depends on the electron and lattice heat capacities

and on whether the high-temperature limit is applicable for the MSD (see Sec. 2.3.3).

When comparing the normalized MSD dynamics for armchair and zigzag polarization, dif-

ferences are observed, as presented in Fig. 3.7(b) for the MSD along the armchair direction and

in Fig. 3.7(c) for the MSD along the zigzag direction. In both cases, the amplitude of the slow

MSD rise (A2) relative to the fast rise (A1) is larger for zigzag polarization. In general, this

behavior could be caused by the specific electronic states that are excited in each case (in com-

bination with slow carrier thermalization), but it could also be due to the significantly different

absorbed energy densities. Since the lattice dynamics of black phosphorus were found to be

wavelength-independent, carrier thermalization is probably rather efficient, which means that

the latter explanation for the observed differences between armchair and zigzag polarization is

more likely.
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To investigate effects of the absorbed energy density on the MSD dynamics, another mea-

surement with 2100 nm pump wavelength was recorded, with a significantly lower absorbed

energy density than the measurement of Fig. 3.6. Figure 3.8 compares results of bi-exponential

fits with Eq. 3.3 for the two measurements with 2100 nm wavelength (shown in gray) and the

two measurements with 770 nm wavelength and different polarization directions (shown in red).

As a measure of the absorbed energy density, the sum of all MSD amplitudes is used, i.e.

A1, armchair +A2, armchair +A1, zigzag +A2, zigzag. As presented in Fig. 3.8(a) and (d), the ratio of

the amplitudes A2/A1 decreases with absorbed energy density for the MSDs in both the arm-

chair and zigzag directions. For the fast time constant τ1, no dependence on the absorbed energy

density is observed. In contrast, the slow time constant τ2 decreases with absorbed energy den-

sity. Since the same trends are observed for the two measurements with 2100 nm wavelength

(both with polarization along the armchair direction) as well as the two measurements with

770 nm (with polarization along armchair and zigzag direction), it is likely that the observed

differences for the two polarization directions are caused by the different absorbed energy den-

sities. However, to fully exclude any effects of the pump polarization on the MSD dynamics,

additional measurements are required. In particular, either matching the absorbed energy den-

sity for both polarization directions or recording measurements with several absorbed energy

densities each would allow to better disentangle different contributions to the MSD dynamics.

Based on the experimental results presented in Fig. 3.8, it is likely that predominantly the

slow component of the MSD dynamics depends on the absorbed energy density, since besides

the amplitude ratio A2/A1 also τ2 exhibits a dependence on the absorbed energy density. The

slow component is mostly caused by phonon thermalization effects, as discussed in Sec. 3.3.

Consequently, the experimental results point towards a dependence of the phonon thermalization

on the absorbed energy density. There are two effects that can contribute to this. The first one is

a population effect: for different absorbed energy densities, the final temperatures are different

and thus also the final phonon populations, which are given by the Bose-Einstein distributions at

the respective temperatures. Apart from more phonons being excited in total for high absorbed

energy densities, also the relative population increase of different phonon frequencies is different,

as illustrated in Fig. 3.9. For low absorbed energy densities, the additional phonons after

excitation and phonon thermalization are shifted towards lower frequencies compared to high

absorbed energy densities. Assuming that the energy and momentum distribution of the initially

excited phonons doesn’t depend on the absorbed energy density, phonon thermalization requires

more redistribution towards lower frequencies for low absorbed energy densities. Redistribution

to lower frequencies significantly enhances the MSD amplitude. Therefore, the effect could

contribute to the higher relative amplitude of the slow component (A2) and its larger time

constant (τ2) at low absorbed energy densities. However, in total, the differences are small,

suggesting that it is not the only mechanism contributing to the observed behavior.

A second mechanism is an effect of the interaction itself: as discussed in Sec. 3.3, due

to restrictive phase space constraints for electron-phonon scattering, phonon thermalization is

predominantly achieved by direct phonon-phonon scattering (anharmonic decay and phonon-

phonon collisions). In particular, anharmonic decay leads to the population of lower-frequency

phonons at the expense of higher frequencies. The phonon-phonon scattering rates increase

with increasing temperature [TM95; Sei21]. At low temperatures, the nuclei are located close

to the interatomic potential and therefore the harmonic approximation is very good. As the

temperature rises, the atomic MSD increases, and the average distance of the atoms from the
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Figure 3.8: Dependence of the MSD dynamics on the absorbed energy density. Results of the bi-

exponential fit with Eq. 3.3 are compared between different measurements. As a measure of the absorbed

energy density, the total amplitude of the pump-probe effect is shown on the x-axes, calculated as

A1, armchair +A2, armchair +A1, zigzag +A2, zigzag. The measurements presented here are the measurements

previously shown in Figs. 3.6 and 3.7, plus a measurement at 2100 nm recorded with relatively low

absorbed energy density. (a) Ratio of the amplitudes of the slow (A2) and fast component (A1) for the

MSD along the armchair direction. (b) Time constant of the fast component for the MSD along the

armchair direction. (c) Time constant of the slow component for the MSD along the armchair direction.

(d) Same as (a), but for the MSD along the zigzag direction. (e) Same as (b), but for the MSD along the

zigzag direction. (f) Same as (c), but for the MSD along the zigzag direction. The error bars correspond

to 68.3 % confidence intervals obtained from the fit.

minimum of the interatomic potential increases as well. As a consequence, anharmonic effects

play a larger role. In the case of laser excitation, additional phonons are created by electron-

phonon and phonon-phonon scattering, thus enhancing anharmonic effects. The enhancement is

larger for higher absorbed energy densities and therefore contributes to the observed decrease of

τ2 with absorbed energy density. It can also influence the amplitude ratios A2/A1 because sep-

arating the MSD dynamics in two different exponential contributions is an approximation. It is

thus plausible that a change in phonon-phonon coupling strength can influence both amplitudes.

In order to further investigate the temperature-dependence of phonon-phonon scattering

processes as well as population effects, there is an additional tuning knob available: the temper-

ature of the material before laser excitation (base temperature). In addition to the measurement

with 2100 nm photon wavelength and 100 K base temperature presented in Fig. 3.6, a measure-
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Figure 3.9: Phonon occupation increase after laser excitation and lattice thermalization for different

experimental conditions. (a) Phonon DOS from the DFT calculations presented in Ref. [Sei21]. The

number of states is given per conventional unit cell with 12 phosphorus atoms. (b) Normalized increase

in phonon occupation for two different absorbed energy densities and base temperatures (Tbase). The

results were calculated based on the phonon DOS presented in (a) and the Bose-Einstein distributions

at different temperatures. To compare the frequency distributions of the additional phonons, each curve

was normalized to its integral.

ment at room temperature and otherwise unchanged experimental conditions was performed.

The comparison of the two measurements is presented in Fig. 3.10. Panel (a) presents the direct

comparison of the amplitudes of the MSD changes in both the armchair and zigzag directions.

As expected, the amplitudes of the MSD changes are very similar for the two measurements,

since the same incident pump fluence and polarization was employed in both cases. Note that

as in Fig. 3.6, the slightly different amplitude ratios ∆U33/∆U11 observed for the two base tem-

peratures cannot be reliably interpreted, since they could also be caused by systematic errors.

Figure 3.10(b) and (c) present a comparison of the normalized MSD changes for the armchair

and zigzag directions, respectively. Pronounced differences are observed for the two base tem-

peratures. First, for 295 K base temperature, the amplitude ratios A2/A1 are lower for both

armchair and zigzag MSD. Second, the slow rise is significantly faster in the measurement at

room temperature. Table 3.2 compares the fit results for all parameters of Eq. 3.3.

The most striking difference is observed for the time constant τ2, which is by a factor of ∼2

smaller in the room temperature measurement. This indicates that phonon thermalization is

much more efficient compared to the measurement at 100 K. Since the incident laser fluence was

the same and thus the absorbed energy densities were very similar3, any effects of the absorbed

energy density can be excluded as a cause of the different MSD dynamics. The significant re-

duction of τ2 with increasing temperature is likely caused at least partially by the temperature

dependence of anharmonic decay. This is in qualitative agreement with temperature-dependent

3Differences could occur due to temperature-dependent changes of the band structure, matrix elements, or

equilibrium carrier occupation. Nevertheless, the resulting absorption differences are small, as evidenced by the

very similar magnitude of the pump-probe effect in both cases (see Fig. 3.10(a)).



3.4. The influence of pump wavelength, pump polarization, absorbed energy density,
and base temperature 61

0

1

2

3

M
S

D
 c

ha
ng

e 
[1

0
-3

 Å
2 ]

(a)

295 K,  U33 (armchair)

295 K,  U11 (zigzag)

100 K,  U33 (armchair)

100 K,  U11 (zigzag)

0

0.2

0.4

0.6

0.8

1

N
or

m
al

iz
ed

 M
S

D
 c

ha
ng

e

(b)

295 K,  U33, norm (armchair)

100 K,  U33, norm (armchair)

0 10 20 30 40 50 60 70 80 90 100
Time delay [ps]

0

0.2

0.4

0.6

0.8

1

N
or

m
al

iz
ed

 M
S

D
 c

ha
ng

e

(c)

295 K,  U11, norm (zigzag)

100 K,  U11, norm (zigzag)

Figure 3.10: Dependence of the MSD dynamics on the temperature before laser excitation (base tem-

perature). A measurement at a base temperature of 100 K is compared to one at 295 K. The pump

wavelength was 2100 nm and the excitation conditions, in particular also the incident pump fluence,

were the same in both measurements. (a) MSD dynamics along the armchair and zigzag directions for

both base temperatures. (b) MSD dynamics along the armchair direction for both base temperatures,

normalized to the results of the bi-exponential fit (Eq. 3.3) at 100 ps. (c) Same as (b), but for the MSD

dynamics along the zigzag direction.

100 K 295 K

armchair zigzag armchair zigzag

A1 [10−3Å
2
] 0.86± 0.02 0.72± 0.02 1.01± 0.04 0.94± 0.05

τ1 [ps] 0.51± 0.03 0.56± 0.04 0.61± 0.06 0.75± 0.07

A2 [10−3Å
2
] 1.97± 0.02 0.87± 0.03 1.81± 0.04 0.80± 0.05

τ2 [ps] 21.0± 0.6 16± 1 9.8± 0.5 7.8± 0.9

Table 3.2: Results of a bi-exponential fit (Eq. 3.3) to the MSD dynamics after excitation with

2100 nm light polarized along the armchair direction, comparison between 100 K and 295 K base

temperature. The errors correspond to 68.3 % confidence intervals of the fit.
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measurements of (single-state) phonon lifetimes with Raman spectroscopy [Tri19], which re-

vealed an increase of phonon linewidth with temperature for most Raman-active phonons. The

result is also in agreement with the time-dependent Boltzmann calculations of Ref. [Sei21]. In

addition to the temperature dependence of anharmonic decay, another (likely smaller) contri-

bution to the reduction of τ2 can stem from the different phonon population increases in both

cases (as discussed previously and illustrated in Fig. 3.9(b)).

Regarding the amplitude components A1 and A2 of the MSD increase, there is a tendency

that A1 is higher for the measurement at 295 K compared to 100 K, while the opposite is

true for A2. However, due to the vastly different time constants τ2, these results cannot be

interpreted unambiguously. Even though A1 is dominated by electron-phonon scattering and

A2 is dominated by phonon-phonon scattering, as mentioned previously, there is no sharp

separation between the two processes. Both electron-phonon scattering and phonon-phonon

scattering processes happen simultaneously and also influence each other. Therefore, more

efficient phonon-phonon scattering can influence not only τ2, but also the results for A1 and A2.

3.5 Accessing transient momentum distributions with ultrafast

diffuse scattering

The analysis presented in the previous two sections focused on the Bragg reflections. It revealed

pronounced nonthermal phonon distributions on ultrafast timescales and could follow the re-

distribution of phonon energies towards Bose-Einstein statistics. However, based on the Bragg

reflections alone it is not possible to learn which phonon modes are predominantly populated

when the lattice is in a nonthermal state. Only the total effect of all additional phonons on

the MSD can be measured. The atomic displacements caused by a certain phonon mode are

described by its phonon polarization vector. It is important to note that the direction of atomic

displacement is generally not the same as the momentum of the phonon mode. The MSD dy-

namics therefore do not enable access to the momentum distribution of the additional phonons.

To access this information, the diffuse scattering background can be analyzed, which encodes

information on the phonon momenta [Tri10; Wal17b; Ste18].

To visualize changes in the diffuse scattering background of black phosphorus, the diffraction

pattern before laser excitation was subtracted from the diffraction patterns recorded after the

arrival of the pump laser pulse. The resulting difference images are presented in Fig. 3.11(a)-(c)

for the same measurement as in Sec. 3.3 and several pump-probe delays.

Following laser excitation, the Bragg reflections decrease (blue dots in Fig. 3.11), which was

analyzed in detail in Sec. 3.3. In addition, the intensity of the diffuse scattering background

increases (red areas in Fig. 3.11). With increasing pump probe delay, there are profound changes

in the diffuse scattering background: at 2 ps pump-probe delay, the difference image exhibits

vertical stripes. In contrast, at 10 ps delay, a diamond-shaped structure is visible, which is

further intensified at 50 ps delay. These changes in the diffuse background directly show that

the phonon distribution changes profoundly on timescales of tens of picoseconds, in agreement

with the results of Sec. 3.3.

In order to gain detailed insights into the nonthermal phonon distributions, the experimental

results were complemented by calculations based on the time-dependent Boltzmann formalism.

Here, the electrons were assumed to be in internal thermal equilibrium, which is a reasonable
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Figure 3.11: Experimental and theoretical diffuse scattering signals of black phosphorus. (a)-(c) Exper-

imentally measured difference images (difference to pre-time-zero diffraction pattern) at several pump-

probe delays. The data were two-fold symmetrized and normalized to a common number. Blue cor-

responds to an intensity decrease while red corresponds to an intensity increase. (d)-(f) Simulated

difference images at the same pump-probe delays as in (a)-(c), calculated using the time-dependent

Boltzmann equation formalism and the all-phonon structure factor [Zac21]. The data were normalized

to a common number. Adapted from Ref. [Sei21].

approximation based on the results of Sec. 3.4. Both electron-phonon and phonon-phonon scat-

tering processes are described using the time-dependent Boltzmann equation formalism [Car21].

Due to the complexity of the calculation, it was restricted to electron momenta in the Q-Z-A′

plane and phonon momenta in the X-Γ-A plane. Further details are available in Ref. [Sei21].

Figure 3.12 presents the calculation results. To visualize the nonthermal evolution of the

phonons, the phonon occupation numbers were converted to temperatures (of the individual

phonon modes). Fig. 3.12(a)-(e) present the momentum distribution of the additional phonons

by showing the temperatures of phonon modes in the X-Γ-A plane at several pump-probe delays.

To show the distribution of phonon energies as well, Fig. 3.12(f)-(h) present the phonon band

structure with phonon temperatures at several pump-probe delays.

Shortly after laser excitation (t = 100 fs), only phonons around Γ are excited, as presented

in Fig. 3.12(a). Figure 3.12(f) shows that these phonons are predominantly optical phonon

modes. On intermediate timescales (500 fs to few ps), phonon modes along the Γ-A direction

are preferentially populated (see Fig. 3.12(b) and (c)). This can be explained by the asymmetric

shape of the electronic DOS around the Z-point and by electron-phonon scattering of highly

excited electrons from the A- and Y-valleys to the Z-valley. Regarding the energies, it can

be seen from Fig. 3.12(g) that optical modes are still populated significantly more than in

thermal equilibrium. On timescales of tens of picoseconds, phonon thermalization across the
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Figure 3.12: Calculated evolution of the non-equilibrium phonon population. For visualization purposes,

temperatures of individual phonon modes are presented (instead of occupation numbers). (a)-(e) Phonon

temperatures in the X-Γ-A plane at several pump-probe delays, showing the non-equilibrium distribution

of phonons in momentum space. (f)-(h) Phonon band structure with temperatures of individual modes

at several pump-probe delays, showing the non-equilibrium energy distribution in addition to the non-

equilibrium momentum distribution. Adapted from Ref. [Sei21].

full Brillouin zone is achieved, as presented in Fig. 3.12(d), (e) and (h). These results are in

qualitative4 agreement with the conclusions drawn from the measured MSD dynamics (Sec. 3.3).

In particular, the calculated initial creation of high-energy (optical) phonons and the subsequent

thermalization of the lattice on timescales of tens of picoseconds agrees well with the measured

two-step behavior of the MSD dynamics.

In order to relate the non-equilibrium calculations to the experimentally measured diffuse

scattering signal, calculating the phonon structure factor (also called inelastic structure factor)

is required. Here, the all-phonon structure factor was calculated as described in Ref. [Zac21].

The results for the transient changes in scattering intensity are presented in Fig. 3.11(d)-(f).

The calculated images agree well with the experimental results. In particular, the faint vertical

stripes at a pump-probe delay of 2 ps are reproduced, showing that the nonthermal phonon

population on short timescales after laser excitation is well captured by the time-dependent

Boltzmann calculations. Also on longer timescales, the calculation offers a good description of

the experimental results. The emergence of a diamond-shaped structure in the difference images

is well described, meaning that also the relaxation pathway of the lattice back to a thermal state

is captured by the calculations.

4For a quantitative comparison, the MSD dynamics from theory could be calculated from the phonon occu-

pation numbers, using the phonon energies and polarization vectors. In practice, problems arise at low phonon

wavevectors, as discussed in Sec. 2.3.3. Therefore, a quantitative comparison is not presented here.
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To summarize, the analysis of the diffuse scattering background and the time-dependent

Boltzmann calculations confirm the results of the previous sections: following laser excitation,

electron-phonon coupling leads to a highly nonthermal state of the lattice with predominantly

high-energy phonons excited. On timescales of tens of picoseconds, thermal equilibrium of

the lattice is restored. In addition, the results presented in this section yield information

about the momenta of the transiently excited phonons, which is not accessible via a Bragg

reflection analysis. The time-dependent Boltzmann calculations presented in Fig. 3.12 reveal

yet another manifestation of the structural anisotropy of black phosphorus: the transient phonon

distribution is highly anisotropic in momentum space, with momenta predominantly along the

zigzag direction. In general, the results highlight the complexity of the ultrafast response of

black phosphorus to laser excitation, which is dominated by phase-space constraints and thus

exhibits strongly nonthermal phonon populations.

3.6 Summary and outlook

In summary, the lattice of black phosphorus exhibits a strongly nonthermal and anisotropic

behavior following laser excitation. For all measurements reported here, the same qualitative

behavior was observed. Energy transfer from the photo-excited electrons to the lattice within ∼

500 fs leads to a transient, nonthermal state of the lattice with a relatively high atomic displace-

ment in the zigzag direction. Also the phonon momenta are predominantly along the zigzag

direction in this non-thermal state. On a timescale of tens of picoseconds, the lattice relaxes

back to a thermal state.

The details of the lattice response depend on the experimental conditions. The most striking

differences were observed for different base temperatures. Increasing the base temperature from

100 K to 295 K leads to a twice faster lattice thermalization. Similar, but less pronounced

effects were also observed with increasing absorbed energy density. These trends are likely

caused predominantly by the temperature-dependence of direct phonon-phonon scattering. In

contrast, a comparison of 770 nm and 2100 nm excitation wavelength revealed no differences in

the MSD dynamics, suggesting efficient electron thermalization.

The results for the lattice dynamics of black phosphorus presented here are relevant for

applications of black phosphorus in non-equilibrium conditions [She15; Sot15; Liu17]. In partic-

ular, the timescale of electron-phonon equilibration is a crucial factor for applications in which

hot carriers are either excited or injected in black phosphorus. The details of electron-phonon

coupling and phonon thermalization are relevant for heat management, which is essential for

successful device miniaturization. In addition, the observed transient nonthermal state of the

lattice could affect macroscopic properties such as thermal or electrical conductivities, which

would influence the performance of devices operating far from thermal equilibrium. Finally, the

observed dependence of phonon thermalization on the base temperature offers an additional

tuning knob for either prolonging or shortening the nonthermal state of the lattice, depending

on the desired application.

Beyond black phosphorus, anisotropic effects of nonthermal states are also expected for other

anisotropic materials. In particular, all van der Waals crystals are anisotropic in the out-of-plane

direction. Therefore, anisotropic MSD dynamics are expected after laser excitation or carrier

injection, especially for semiconducting, insulating, and semimetallic van der Waals materials

with pronounced phase-space constraints for electron-phonon scattering. Indeed, anisotropic
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MSD dynamics have already been reported for monolayer WSe2 [Tun19]. Such behaviors could

influence not only the transient properties of the material itself but also transport across inter-

faces, e.g. across laterally stacked heterostructures. To study out-of-plane dynamics of van der

Waals materials with time-resolved transmission electron diffraction, the side pumping geometry

discussed in Sec. 2.2.2 could be employed.



Chapter 4

Lattice dynamics in 3d ferromagnets

In magnetic systems, besides the electron and phonon subsystem, also magnetic degrees of

freedom play a role in the ultrafast response of the material to laser excitation. Before 1996,

it was believed that spin order needs at least several tens of picoseconds to react to ultra-

fast electron or lattice temperature changes [Agr84; Vat90; VBM91]. Then, a groundbreaking

experiment by Beaurepaire et al. showed that in the itinerant 3d ferromagnet nickel, laser ex-

citation leads to a magnetization reduction on much faster timescales of only few hundreds of

femtoseconds [Bea96]. This discovery opened up the perspective of magnetic data manipulation

on femtosecond timescales and started the field of ultrafast magnetism. Since then, ultrafast

demagnetization as well as magnetization switching have been observed in a large number of

materials [KKR10], and a lot of work has been done to understand the phenomenon micro-

scopically [Bea96; Kaz07; Bal08; Atx10; BCO10; Sch10; KKR10; Koo10; MR14; TP15; Car15;

Eic17; Gor18; Dor19; Guy22]. Several mechanisms have been identified as potentially con-

tributing to ultrafast demagnetization. Koopmans et al. attributed the effect to Elliott-Yafet

spin-flip scattering and proposed the so-called microscopic three-temperature model (M3TM)

to describe ultrafast magnetization dynamics [Koo10]. Battiato et al. elucidated the role of

spin-dependent transport [BCO10], which significantly increases the demagnetization rate for

materials on metallic substrates. More recently, also evidence for ultrafast magnon generation

was reported [Sch10; Car15; Tur16; Eic17].

The lattice of 3d ferromagnets plays two important roles in laser-induced dynamics. First

of all, it acts as a sink for angular momentum. Any change of the magnetization comes with

an angular momentum change of the spin system, which needs to be compensated by other

degrees of freedom. Two recent studies show experimental evidence that angular momentum is

dissipated to the lattice [Dor19; Tau22].

In addition to its role as an angular momentum sink, the lattice also plays a significant

role in the ultrafast energy flow due to its large heat capacity. Directly after excitation, the

deposited energy is predominantly stored in the electron system. During thermalization of the

electrons with the other two subsystems, a large portion of that energy flows to the lattice.

This can be seen by comparing the heat capacities of electrons, spins, and the lattice, which

are presented in Fig. 4.1(a) for nickel (black curves). Consequently, electron-phonon coupling

has a strong influence on the electron dynamics, and thus indirectly also on the spin dynamics.

On the other hand, also the spin heat capacity is high compared to the electron heat capacity,

67
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which means that energy flow into and out of magnetic degrees of freedom has a strong influence

on the electron dynamics as well, and can thus indirectly1 influence the lattice dynamics.

Most models for ultrafast magnetization dynamics are compared mainly to experimental

results for the spin dynamics. This approach does not necessarily lead to good agreement with

the responses of the other two subsystems. For example, the three-temperature model (3TM)

introduced by Beaurepaire et al. [Bea96], a phenomenological extension of the TTM, describes

the spin dynamics of nickel very well. However, it yields a lattice response significantly slower

than experimental results, as shown in Fig. 4.1(b). Also the comparison to electron temperature

dynamics [Ten18] reveals significant discrepancies. The M3TM by Koopmans et al. [Koo10]

yields good agreement to the experimentally measured electron-lattice equilibration time in

nickel. However, the experimentally measured electron dynamics are not described well. Both

models are based on electron and phonon heat capacities that differ significantly from literature

results, as shown in Fig. 4.1(a). These discrepancies in the heat capacities contribute to the

disagreement with experiments, particularly for the electron temperature dynamics. A model

that is consistent with the responses of electron, phonon, and spin system is still missing.
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Figure 4.1: Experimental results for the heat capacity contributions and ultrafast electron and lattice

responses of nickel. (a) Contributions of phonons, electrons, and spins to the heat capacity of nickel

(black curves). The data are experimental results from Ref. [Mes81]. In addition, the values assumed in

the 3TM by Beaurepaire et al. [Bea96] (blue curves) and in the M3TM by Koopmans et al. [Koo10] (red

curves) are presented. Phonon heat capacities are shown as solid lines and electron heat capacities are

shown as dotted lines. Since Ref. [Koo10] doesn’t provide the Sommerfeld coefficient γ directly, γ and

the resulting electronic heat capacity were calculated as in Ref. [Koo10], with the value of 3.86 J
m3K for

the total heat capacity at room temperature [Mes81]. (b) Experimentally measured electron and lattice

responses and comparison to the 3TM by Beaurepaire et al. [Bea96] and the M3TM by Koopmans et

al. [Koo10]. The experimentally measured electron temperature dynamics stem from Ref. [Ten18].

1In general, direct spin-lattice coupling can also contribute to the magnetization dynamics. For the elemental

3d ferromagnets iron, cobalt, and nickel, the fact that the demagnetization timescale is faster than the electron-

lattice equilibration suggests that demagnetization is predominantly driven by electron-spin coupling.
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For a description of the laser-induced dynamics that is consistent with the responses of

all three subsystems, any model must be compared to experimental results for their responses

to laser excitation. The magnetization responses of iron, cobalt, and nickel have been stud-

ied extensively using the magneto-optical Kerr effect (MOKE) [Car08; Koo10; Rot12; You18;

Büh18; Gor20; Bor21; Uni21], X-ray magnetic circular dichroism (XMCD) [Sta07], and photoe-

mission [Eic17; Ten18; Gor18; AW20; Büh20; Gor20]. In addition, optical and photoemission

techniques have been applied to study the electronic responses [Caf05; Kam05; Car08; Ten18;

AW20; Büh20; Gor20]. In contrast, information on the lattice responses is scarce. Time-

resolved diffraction is only sensitive to the lattice and is thus the most direct way to study

the lattice response. However, only few time-resolved diffraction studies of the femtosecond

lattice responses of iron, cobalt, and nickel exist in literature [Wan08; Wan10; Rot19; Dur20].

In addition, values for the electron-phonon coupling parameters Gep vary by several orders of

magnitude [Bea96; Wel98; SMW03; Caf05; Big05; HKN07; LZC08; Koo10; MR13; PIM13;

DVV14; Per16; Mig17; Ogi18; Ten18; MM20; ROM20; Uni21; LZC]. Those discrepancies re-

flect the difficulties of extracting Gep from experimental data in the case of magnetic materials,

since three different subsystems (instead of two for non-magnetic materials) contribute to the

experimental observations.

This chapter presents electron diffraction results for all three 3d ferromagnets. To avoid a fit

of Gep to experimental data, spin-resolved DFT calculations are employed, the results of which

were already presented in Sec. 2.4. Using the DFT results, different models for the microscopic

energy flow between electrons, spins, and phonons are compared to the experimental results.

First, the TTM and the 3TM are discussed, which are however not sufficient to consistently

describe the responses of the materials to laser excitation. A better description of both the mag-

netization responses as well as the microscopic energy flow is achieved with energy-conserving

atomistic spin dynamics (ASD) simulations.

The ASD simulations presented here were performed by Florian Jakobs and Unai Atxitia

(Freie Universität Berlin) and the DFT calculations were performed by Jan Vorberger and Tim

Butcher (Helmholtz-Zentrum Dresden-Rossendorf). The samples were grown by Dieter Engel

(Max-Born-Institut). The time-resolved Faraday rotation measurement of iron, the results of

which are presented in Fig. 4.11(b), was performed by Reza Rouzegar (Fritz-Haber-Institut).

Most of the results presented in this chapter were published in Ref. [Zah21a] (nickel) and

Ref. [Zah21b] (iron and cobalt). The experimental data are publicly available [Zah21e; Zah22b],

as well as the DFT calculation results [Zah20c; Zah22a], and the ASD simulation results for

iron and cobalt [Jak22].

4.1 Femtosecond electron diffraction results

The samples for the electron diffraction experiments were grown on NaCl crystals by magnetron

sputter deposition, resulting in polycrystalline films. To protect the metal films from oxidation,

5 nm of amorphous Si3N4 was deposited before and after depositing the ferromagnet. The

thickness of the ferromagnet was 20 nm in all cases. To obtain freestanding samples, the films

were transferred onto TEM grids as described in Sec. 2.1.2. The films were not exposed to a

magnetic field before the experiment. All measurements were conducted at room temperature

(295 K).
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Figure 4.2: Azimuthally averaged diffraction patterns (radial profiles, RP’s) of iron, cobalt, and nickel

and their time-resolved changes following laser excitation. (a) RP of iron. For illustration purposes,

the background (result from the static fit of the global fitting routine) was subtracted and the distance

from the zero-order beam in pixels was converted to scattering vector. Here, the scattering vector is

defined such that q = 4π sin(θ)/λ with λ being the electron wavelength and θ the Bragg angle. (b) Same

as (a), but for cobalt. (c) Same as (a), but for nickel. (d) Time-resolved changes in the RP of iron

after laser excitation. The absorbed energy density was 540 J/cm3, calculated based on the final lattice

temperature after electron-phonon equilibration and the total heat capacity from literature (literature

results as in Fig. 4.7). The differences compared with the RP before laser excitation are presented.

Solid curves correspond to experimental data, and dashed black curves are fit results of the global fitting

routine described in Sec. 2.3.2 (dynamic fit). The scale of the intensity is the same as in (a). (e) Same

as (d), but for cobalt. The absorbed energy density was 680 J/cm3. (f) Same as (d), but for nickel. The

absorbed energy density was 1180 J/cm3. In all measurements presented here, the pump wavelength was

2300 nm.

Figure 4.2 presents azimuthally averaged diffraction patterns (radial profiles, RPs) of all

three materials. Nickel crystallizes into a face-centered cubic (fcc) crystal structure, iron exhibits

a body-centered cubic (bcc) structure at room temperature and cobalt exhibits a hexagonal

close-packed (hcp) structure. Examples of time-dependent changes in the RPs following laser

excitation are also presented. To extract lattice dynamics from the RPs, the global fitting

routine described in Sec. 2.3.2 was employed, which yields the MSD increase as a function of

pump-probe delay. The resulting MSD dynamics were converted into lattice temperatures using

the Debye-Waller factors presented in Sec. 2.4. Examples of MSD/lattice temperature dynamics

in all three ferromagnets are presented in Fig. 4.3(a)-(c). In all cases, the MSD/temperature

increase is well described by a single exponential function, convolved with a Gaussian to account

for the time resolution of the experiment (∼170 fs FWHM for the experiments on nickel and

∼250 fs for the experiments on iron and cobalt, which were performed with a smaller probe beam

size on the cathode). The time resolution was estimated based on the onset of the MSD/lattice

temperature rise.



4.1. Femtosecond electron diffraction results 71

0 1 2 3
Time delay [ps]

0

2

4

6

8

M
S

D
 c

ha
ng

e 
[1

0
-3

 Å
2 ]

Co

(b)

300

350

400

450

La
tti

ce
 te

m
pe

ra
tu

re
 [K

]

0 1 2 3
Time delay [ps]

0

2

4

6

M
S

D
 c

ha
ng

e 
[1

0
-3

 Å
2 ]

Fe

(a)

300

350

400

450

La
tti

ce
 te

m
pe

ra
tu

re
 [K

]

experiment
single exp. fit

0 1 2 3
Time delay [ps]

0

5

10

M
S

D
 c

ha
ng

e 
[1

0
-3

 Å
2 ]

Ni

(c)

300

400

500

600

La
tti

ce
 te

m
pe

ra
tu

re
 [K

]

300 400 500 600
Final lattice temperature [K]

200

300

400

500

T
im

e 
co

ns
ta

nt
 [f

s]

(d)

Fe
Co
Ni

300 350 400 450 500
Final lattice temperature [K]

0

50

100

T
im

e 
ze

ro
 [f

s]

(e)

Fe
Co

Figure 4.3: MSD changes following laser excitation of elemental 3d ferromagnets. (a) MSD rise in iron

after excitation with a laser pulse. The absorbed energy density was 540 J/cm3 (the same measurements

as in Fig. 4.2 are presented here). The black circles represent the experimental data and the gray shaded

areas correspond to the standard errors of the experimental data obtained from the global fitting routine.

The solid curve is the result of fit with a single exponential function, convolved with a Gaussian of 250 fs

FWHM to account for the estimated time resolution of the experiment. (b) Same as (a), but for cobalt.

The absorbed energy density was 680 J/cm3. (c) Same as (a), but for nickel. The absorbed energy

density was 1180 J/cm3. In contrast to (a) and (b), the FWHM of the Gaussian was only 170 fs here,

since the experiments on nickel were recorded with better time resolution. The pump wavelength was

2300 nm in all experiments presented here. The lattice temperatures on the right were calculated using

the Debye-Waller factors (DWFs) presented in Sec. 2.4. For iron and cobalt, the DWFs calculated from

DFT results were employed while for nickel, the tabulated DWF from Ref. [PDW11] was used, which is

in good agreement with the DWF from DFT. All fits presented here were performed to the temperature

dynamics. In practice, the difference between a fit to the temperature dynamics or the MSD dynamics

is small, because the two quantities are essentially proportional at room temperature (see Sec. 2.4 for

further details). (d) Fit results for the time constants of the single exponential function for all three

materials and several fluences each. As a measure of fluence, the final lattice temperature after electron-

phonon equilibration is used. For cobalt and nickel, the results of linear fits to the data are presented as

well (dashed lines), since these two materials exhibit a clear increase of the time constant with increasing

fluence. (e) Fit results for the onset of the single exponential function (time zero) for different fluences.

The results are presented relative to the highest fluence because there is no absolute measure of time zero

in the setup employed here. Only measurements on iron and cobalt are presented because the comparison

is only possible when data for different fluences were recorded in the same measurement, which was not

the case for nickel.
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The results of the single exponential fits are presented in Fig. 4.3(d) and (e). The time

constants, which are presented in Fig. 4.3(d), were found to be in the range of 200-500 fs for all

three 3d ferromagnets, in agreement with some previous results from optical techniques [Kam05;

Car08; Koo10]. Compared with previous electron diffraction results on nickel [Wan08], the time

constants measured here are significantly smaller. For iron, the time constants measured here

are similar compared with the electron diffraction results from Ref. [Rot19].

For nickel and cobalt, an increase of the time constant with increasing fluence was observed.

In contrast, for iron, no clear fluence-dependence of the time constant was observed within the

experimental accuracy. Generally, such an increase of the electron-lattice equilibration time

with fluence is expected for most materials. It is caused by the increase of the electronic heat

capacity with temperature (see for example Fig. 2.22(d)).

To analyze the fluence-dependence of the time constants for nickel and cobalt quantitatively,

a linear fit was performed to the time constants as functions of final lattice temperature:

τ(Tfinal) = a(Tfinal − 295 K) + b (4.1)

The results were a = 0.84±0.17 fs
K , b = 200±30 fs for cobalt and a = 0.34±0.06 fs

K , b = 360±20 fs

for nickel and are shown in Fig. 4.3(d) as dashed lines.

In the case of iron and cobalt, all data presented in Fig 4.3(d) were recorded in the same

measurement, which allows comparing not only the time constants but also the onsets of the

lattice dynamics between different fluences. Figure 4.3(e) presents the fit results for the onset

of the exponential function (time zero). Note that there is no absolute measure of the delay

between the two pulses in the setup employed here. Therefore, time zero is shown relative to

the highest fluence. For low fluences, time zero was found to be delayed compared with high

fluences. It was verified that this behavior was not due to drifts during the data acquisition, by

comparing delay scans acquired at different times during the measurement with the same fluence.

Instead, the observation could be explained by carrier thermalization effects. A thermalized

electron distribution (i.e. a Fermi-Dirac distribution) is expected to transfer energy to the lattice

faster than a nonthermal one because electron thermalization increases the number of excited

carriers that can scatter with phonons [WC20]. Electron thermalization is less efficient for

lower excitation densities [MR13]. Therefore, when the lattice dynamics are phenomenologically

described with a single exponential function, electron thermalization effects could cause such a

delayed onset.

To study the influence of nonthermal electron distributions further, experiments with dif-

ferent excitation wavelengths were performed. The pump wavelength was varied significantly,

from 2300 nm to 480 nm, to create significantly different initial electronic distributions. Due to

the larger photon energy of 480 nm-light (2.58 eV compared to 0.54 eV for 2300 nm), electronic

states with much higher energies are excited. Therefore, the initial electronic distribution fol-

lowing 480 nm-excitation is much further from the thermal case, in which excited carriers are

predominantly found close to the chemical potential (within ∼2 kBT ). All measurements were

analyzed using single exponential fits, as described above.

The resulting time constants are presented in Fig. 4.4. Within the experimental accu-

racy, no differences between the pump wavelengths were observed. This suggests that electron

thermalization effects don’t contribute significantly to the observed time constants of the lat-

tice dynamics. This result, in combination with the delayed onset of the lattice dynamics for

low fluences, suggests that predominantly thermalized electrons participate in electron-phonon
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Figure 4.4: Comparison of experimental results for different pump wavelengths. (a) Time constants of the

lattice temperature rise of iron for two different pump wavelengths, 2300 nm (gray dots) and 480 nm (blue

diamonds) and different absorbed energy densities (corresponding to different final lattice temperatures

after electron-phonon equilibration). The time constants were obtained from single exponential fits,

as described in the text. The error bars are standard errors obtained from the fits. Due to different

experimental conditions, the estimated time resolution of the two measurements was different, which

was accounted for in the fits. For the measurements with 480 nm pump wavelength, 170 fs (FWHM) was

employed, while for the measurements with 2300 nm pump wavelength, 250 fs (FWHM) was employed.

(b) Same as (a), but for cobalt. (c) Same as (a), but for nickel. Here, additional measurements were

performed for 800 nm pump wavelength. For all measurements shown in (c), the estimated time resolution

was 170 fs FWHM. The values for the time resolution were estimated based on the onset of the lattice

dynamics.

scattering. To investigate electron thermalization in greater detail, a probe that is sensitive

to the electron system would be required, for example time-resolved photoemission. A recent

photoemission study on iron reported electron thermalization within ∼100 fs [Büh20].

4.2 Microscopic energy flow between electrons, spins, and

phonons

Having analyzed the timescales of the lattice dynamics, the next step is to connect these ob-

servations to the microscopic couplings between electronic, magnetic, and lattice degrees of

freedom. For this, a model of the ultrafast energy flow between those subsystems is required,

which is the topic of this section. Throughout this work, the energy flow between different

subsystems/degrees of freedom of a material is termed “microscopic energy flow”. In all models

presented here, the electron and phonon systems are assumed to be always in internal ther-

mal equilibrium, characterized by an electron temperature Te and a lattice temperature Tl,

respectively. In addition, majority and minority electrons are always assumed to have the same

temperature, based on experimental evidence of efficient coupling between them [Gor11].
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4.2.1 Conventional two-temperature model

First, the experimental results are compared to the conventional two-temperature model (TTM),

which was already introduced in Sec. 1.3. The TTM considers only lattice and electronic de-

grees of freedom. For a given absorbed energy density, the electron and lattice dynamics are

determined by the electron-phonon coupling parameter Gep and the heat capacities of electrons

(ce) and the lattice (cl). Here, Gep, ce, and cl were calculated based on spin-resolved DFT cal-

culations, which was described in detail in Sec. 2.4. As already mentioned above, majority and

minority electrons were described as one heat bath with a common temperature Te, heat capacity

ce = ce,majo + ce,mino, and electron-phonon coupling parameter Gep = Gep,majo +Gep,mino. This

is a reasonable assumption based on photoemission measurements of majority and minority elec-

tron lifetimes, which suggest efficient scattering between electrons with opposite spin [Gor11].

The excitation density in the TTM was determined based on the lattice temperature in the

range of 1.5 − 3 ps (for nickel) or 1.5 − 4 ps (for iron and cobalt), thus after electron-lattice

equilibration (see also Fig. 4.3). The arrival time of the laser pulse (time zero) was determined

from the single exponential fits described in the previous section. Consequently, there are no

fit parameters in this TTM.

Figure 4.5 compares the TTM predictions to experimental results for the lattice dynamics.

For all three materials, the TTM predictions for the lattice response are significantly faster

compared to the experimental results for all fluences. Therefore, the TTM is insufficient to

describe the lattice dynamics of iron, cobalt, and nickel quantitatively.
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Figure 4.5: Comparison between the experimental results and the conventional TTM based on DFT

calculations. For each material, three different fluences are presented. Black circles correspond to

experimental data and solid curves show the TTM predictions. Gray shaded areas correspond to the

standard errors of the experimental data.

A major disadvantage of applying the TTM to magnetic materials is that magnetic degrees

of freedom are not accounted for. However, all three elemental 3d ferromagnets exhibit ultrafast

demagnetization on timescales of hundreds of femtoseconds [Bea96; Car08; Koo10]. These time-

scales are similar compared with the timescales of electron-lattice equilibration (see Fig. 4.3).

Since magnetic degrees of freedom provide a significant contribution to the heat capacity (see

Fig. 4.1(a) for the example of nickel), magnetization dynamics are expected to play a role also

in the microscopic energy flow on femtosecond timescales. Consequently, it is not surprising
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that the TTM cannot describe the response of a ferromagnet to laser excitation. Instead, a

model that considers energy flow into and out of magnetic degrees of freedom is required.

4.2.2 Three-temperature model

The simplest model that considers the spin system is the three-temperature model (3TM),

which is a phenomenological extension of the TTM introduced by Beaurepaire et al. [Bea96]. In

this model, the spin system is described based on its properties in thermal equilibrium, namely

the spin heat capacity cs(T ) and the magnetization M(T ). Analogously to Gep, two additional

coupling parameters Ges and Gsp are introduced to describe the electron-spin and the spin-

phonon coupling, respectively. The evolution of the material after laser excitation is then given

by the following three coupled differential equations [Bea96]:

ce
dTe

dt
= Gep(Tl − Te) +Ges(Ts − Te) + P (t), (4.2)

cl
dTl

dt
= Gep(Te − Tl) +Gsp(Ts − Tl), (4.3)

cs
dTs

dt
= Ges(Te − Ts) +Gsp(Tl − Ts). (4.4)

Ts denotes the temperature of the spin system and cs is the spin heat capacity. After solving the

differential equations numerically, the magnetization dynamics are calculated as M(Ts), using

the equilibrium relationship between magnetization and temperature.

Here, Gep, ce, and cl were taken from the DFT calculations and thus only Ges and Gsl were

fit parameters. For the spin heat capacities, the experimental results presented in Fig. 4.7 were

employed (dashed black curves). Time zero was not a fit parameter, but was instead determined

from the single exponential fits described in Sec. 4.1, as for the TTM. The absorbed energy

density was determined from the lattice dynamics in the range 1.5−3 ps (after electron-phonon

equilibration).

Fig. 4.6 presents 3TM results for all three ferromagnets. The lattice dynamics are reasonably

well described by the fit results, as shown in Fig. 4.6(a)-(c). A comparison to the TTM results

shows that the inclusion of the spin system leads to significantly slower lattice dynamics. This

is a combined effect of energy flow into the spin system and out of the spin system. Due to

efficient electron-spin coupling in the elemental 3d ferromagnets, the spin system transiently

absorbs more energy than after equilibration of all subsystems. During remagnetization, this

energy is released. A significant portion of this energy goes to the lattice, which has a much

larger heat capacity than the electrons (by a factor of ∼37 for cobalt, ∼32 for iron and ∼23 for

nickel at room temperature). For this reason, the lattice dynamics are strongly influenced by the

magnetization dynamics. The comparison between TTM and 3TM shows that as anticipated

based on its significant contribution to the heat capacity, it is essential to consider the spin

system in any description of the microscopic energy flow on ultrafast timescales.

Nevertheless, when calculating the 3TM results for the magnetization responses, significant

deviations from experimental results are observed. The 3TM fits result in very strong spin-

electron coupling constants (on the order of 1020 W
m3K

), which leads to spin temperatures that

follow the electron temperature almost instantly. In addition, the 3TM fits predict a strongly

fluence-dependent spin-lattice coupling, especially for iron. These parameters do not lead to
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Figure 4.6: Results of 3TM fits to the lattice temperature dynamics. (a) 3TM fit results for the lattice

temperature (solid curves) and experimental data (black circles) for iron at three different fluences. The

gray shaded areas represent the standard errors of the experimental data. The absorbed energy densities

in the 3TM were determined based on the lattice temperatures in the range from 1.5− 3 ps. (b) Same as

(a), but for cobalt. (c) Same as (a), but for nickel. (d) Magnetization response calculated from the 3TM

fit results shown in (a), using the temperature-dependent magnetization reported in Ref. [CG71]. The

magnetization is normalized to its value before laser excitation (M0). (e) Same as (d), but for cobalt,

calculated from the 3TM fit results shown in (b). Here, the magnetization dynamics were calculated based

on the experimental results from Ref. [MS51]. Note that the small jumps/drops in the magnetization

dynamics close to time zero and after few hundred picoseconds stem from the data of Ref. [MS51], in

which a slight increase of the magnetization upon the structural phase transition of cobalt at ∼704 K

was observed. Here, they are artifacts, since the lattice temperature did not rise beyond the transition

temperature (see Panel (b)) and thus the phase transition did not occur. (f) Same as (d), but for nickel,

calculated from the 3TM fit results presented in (c). Here, the temperature-dependent magnetization

stems from Ref. [CG71].

realistic magnetization dynamics, as presented in Fig. 4.6(d)-(f). The discrepancies are most

pronounced for nickel, which has the lowest Curie temperature and thus demagnetizes most for

a given laser fluence. Also for iron and cobalt, both the demagnetization as well as the magne-

tization recovery are significantly faster compared with experimental results [Car08; Bor21].

These findings are analogous to the 3TM and M3TM results presented in Fig. 4.1, but from

the lattice perspective: very good agreement to one subsystem is achieved. However, significant

discrepancies to the responses of the other two subsystems remain. Therefore, no consistent

description of the full laser-induced response of the material is achieved. While the agreement

of the 3TM to all of the different subsystems could be improved by considering the responses of

several subsystems in the fit, another significant shortcoming is inherent to the model: the spin

system is described based on its properties in thermal equilibrium. This assumption is question-

able on short timescales after laser excitation, and there is indeed theoretical and experimental
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evidence for a nonthermal behavior of the spin system [Kaz07; Car08; Ten18]. Therefore, in the

following, a model that can describe also nonthermal states of the spin system is employed.

4.2.3 Energy-conserving atomistic spin dynamics simulations

4.2.3.1 Model

In the next step, instead of relying on a thermal description of the spin system, its behavior is

simulated directly using atomistic spin dynamics (ASD) simulations [Now07; Eva14]. In this

model, the spin system is described with a classical Heisenberg Hamiltonian:

H = −
∑
i<j

JijSi · Sj −
∑
i

dzS
2
z . (4.5)

Here, Si are unit vectors, each of them representing a local magnetic moment at site i. Jij is

the Heisenberg exchange constant, which couples neighboring spins. The second term describes

on-site anisotropy, here with the easy axis in the z-direction and constant anisotropy energy.

The time evolution of the individual spins Si is described with the stochastic Landau-

Lifshitz-Gilbert (LLG) equation:

(1 + α2)µs

γ

∂Si
∂t

= − (Si ×Hi)− α (Si × (Si ×Hi)) . (4.6)

Here, γ = 1.76 · 1011 1
Ts is the gyromagnetic ratio, and µs is the atomic magnetic moment (both

spin and orbital contributions). α is the damping and Hi is the effective field that acts on

the spin Si. The first term of Eq. 4.6 describes precession around Hi while the second term

describes relaxation of the spins towards the direction of Hi. In the stochastic LLG equation,

Hi has an additional field-like noise term ζi:

Hi = −∂H
∂Si

+ ζi(t). (4.7)

This noise term has white-noise properties [Atx09]:

〈ζi(t)〉 = 0 and 〈ζi(0)ζj(t)〉 = 2αkBTeµsδijδ(t)/γ. (4.8)

The amplitude of the noise depends on the electronic temperature Te, thus introducing tem-

perature effects to the LLG equation. The coupling strength between electrons and spins is

governed by the damping α, which determines how efficiently the spins react to the stochastic

field. Direct spin-phonon coupling is not considered. To simulate the laser-induced spin dy-

namics as well as the equilibrium behavior with temperature, the stochastic LLG equation is

solved numerically for system sizes of several million spins. Using such large systems minimizes

boundary effects and allows to extract macroscopic parameters from the simulations. A simple

cubic lattice structure was used in all simulations. Different lattice structures were tested and

were found to have no significant influence on the results.

In order to quantitatively reproduce the equilibrium behavior of the spin system with tem-

perature, the rescaled temperature model is employed [EAC15], which modifies the electron

temperature as follows:

Tsim = Tc

(
Te

Tc

)β
. (4.9)
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Figure 4.7: Equilibrium properties of the spin system, comparison between ASD simulations and exper-

iment. (a) Spin heat capacity of iron. The solid curve is the ASD simulation result. The dashed black

curve is based on experimental results for the total heat capacity of iron [Thu98]. The spin contribu-

tion was calculated following Ref. [Mes81]. First, a dilation correction was applied to obtain the heat

capacity at constant volume, using the expansion coefficient from Ref. [Lid03]. Then, the DFT results

for the contributions of electronic and lattice degrees of freedom were subtracted to obtain the spin heat

capacity. (b) Same as (a), but for cobalt. Here, the experimental result was calculated as for iron, also

based on Refs. [Thu98; Lid03]. (c) Same as (a), but for nickel. Here, the spin heat capacity was calcu-

lated based on the result for the combined heat capacity of electrons and spins (ces) from Ref. [Mes81].

To obtain the spin heat capacity, the electron heat capacity from DFT was subtracted from ces. (d)

Temperature-dependent magnetization of iron, comparison between ASD simulation result (solid curve)

and experiment (dashed black curve). The magnetization relative to its value at 0 K is presented. (e)

Same as (d), but for cobalt. (f) Same as (d), but for nickel. For all three materials, the experimental

results for the temperature-dependent magnetization were taken from Ref. [CG71].

Here, β is a material-dependent parameter and Tc is the Curie temperature of the material. With

this correction, a good description of the temperature-dependent equilibrium magnetization and

spin heat capacity can be achieved, as shown in Fig. 4.7 for all three materials. For nickel,

the spin heat capacity is overestimated by the simulations, which is likely due to the small

magnetic moment of nickel in combination with the classical nature of the ASD simulations.

Table 4.1 summarizes all parameters used in the ASD simulations. They are partially based on

Ref. [Eva14].

Conventionally, spin simulations do not consider energy flow into and out of the spin sys-

tem [EAC15] and are therefore not energy-conserving. Instead, typically a TTM is solved and

the resulting electron temperature dynamics are used to simulate the spin dynamics. However,

here the goal was to describe also the microscopic energy flow, not only the spin dynamics.

In this case, the ASD simulations need to be energy-conserving, which was implemented here

following the approach of Ref. [Wie15]. The energy content of the spin system, H{Si(t)}, was

monitored at each time step of the simulation. The change of spin energy in the time step ∆t
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Table 4.1: ASD simulation parameters for iron, cobalt, and nickel.

Fe Unit Co Unit Ni Unit

J 4.8 ×10−21 J 6.324 ×10−21 J 2.986 ×10−21 J

dz 0.5 ×10−23 J 0.67 ×10−23 J 0.5 ×10−23 J

µs 2.2 µB 1.72 µB 0.616 µB

α 0.005 0.01 0.01

β 0.339 0.340 2.322

was then calculated as follows:

∆Es =
s2

s(s+ 1)
(H{Si(t+ ∆t)} −H{Si(t)}). (4.10)

Here, s is the spin quantum number. The factor s2/ [s(s+ 1)] accounts for the fact that the spins

are quantized in reality (s ≈ 1
2 for nickel, s ≈ 3

2 for cobalt, and s ≈ 2 for iron), but described with

a classical Heisenberg Hamiltonian. In such a classical description, the spins are not quantized,

which corresponds to the limit s → ∞. In general, the relationship between the Heisenberg

exchange constant J and the Curie temperature Tc depends on s. For a simple cubic system

with only nearest-neighbor interaction as employed here, J relates to Tc as follows [Whi07]:

J =
s2

s(s+ 1)

1

2
kBTc. (4.11)

The value of J directly relates to the spin energy content Es (see Eq. 4.5). Consequently, to

obtain a good description of Es and the correct Curie temperature within the classical model,

the factor s2/ [s(s+ 1)] needs to be considered in Eq. 4.10.

Finally, to make the ASD simulations energy-conserving, the TTM equation for the electron

temperature (Eq. 1.2) was modified to take into account the spin energy change ∆Es:

ce
∆Te

∆t
= Gep (Tl − Te) + P (t)− ∆Es

∆t
. (4.12)

With this modification, ASD simulations are able to describe the microscopic energy flow, in

addition to the non-equilibrium spin dynamics.

4.2.3.2 Results and comparison with the experiment

Figure 4.8 presents ASD simulation results for iron and a comparison to the experimentally

measured lattice dynamics (Panels (a)-(d)). For low and moderate absorbed energy densities,

the ASD simulations yield an excellent description of the experimental results for the lattice

dynamics. Similar to the 3TM, energy flow into and out of the spin system has a profound

impact on the lattice dynamics, as the comparison to the TTM results (dashed curves in Fig. 4.8)

reveals. For very high absorbed energy densities, there are discrepancies between experiments

and simulations. This can be due to several reasons and will be discussed below. In addition to

the lattice dynamics, the ASD simulations also yield a realistic description of the magnetization

dynamics, shown in Fig. 4.8(e). The electron temperature dynamics predicted by the ASD

simulations are presented in Fig. 4.8(f).
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Figure 4.8: ASD simulation results for iron and comparison to the experimentally measured lattice

responses. (a)-(d) Simulation results and experimentally measured lattice dynamics for several absorbed

energy densities. The solid curves are ASD simulation results and the black circles are experimental data.

The gray shaded areas represent the standard errors of the experimental data. For comparison, also

results of the conventional TTM are presented (dashed curves). The displayed absorbed energy densities

are from the ASD simulations and were determined based on the measured final lattice temperature.

(e) ASD simulation results for the magnetization dynamics for the same absorbed energy densities as

in Panels (a)-(d). The magnetization is normalized to its value before laser excitation (M0). (f) ASD

simulation results for the electron temperature dynamics, again for the same absorbed energy densities

as in Panels (a)-(d). Adapted from Ref. [Zah21b].

Fig. 4.9 presents analogous results for cobalt. Excellent agreement between ASD simulation

results and measured lattice dynamics is achieved for all absorbed energy densities. Also here,

the differences between the TTM results and the ASD simulation results are large, corroborating

the important role of energy flow to and from magnetic degrees of freedom in the lattice dynam-

ics. The corresponding magnetization dynamics and electron temperature dynamics obtained

from the simulations are presented in Fig. 4.9(e) and (f), respectively.

Figure 4.10 presents analogous results for nickel. As in the case of iron, for low and mod-

erate absorbed energy densities, excellent agreement between ASD simulation results and ex-

perimentally measured lattice dynamics is achieved. For very high absorbed energy densities,

discrepancies are observed, which will be discussed below. The simulation results for the mag-

netization dynamics are presented in Fig. 4.10(e). In the case of nickel, the differences between

the results of the 3TM fits (see previous section) and the ASD simulations are most apparent,

due to its rather low Curie temperature and magnetic moment. The ASD simulations yield a

much more realistic description of the magnetization dynamics for all absorbed energy densities.

The electron temperature dynamics from the simulations are presented in Fig. 4.10(f).

In summary, for all three elemental 3d ferromagnets, a clear trend is observed: the TTM,

which doesn’t consider magnetic degrees of freedom, is unable to describe the experimentally
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Figure 4.9: ASD simulation results for cobalt and comparison to experimental results. (a)-(d) Simulation

results for the lattice dynamics (solid curves) and experimentally measured lattice temperatures (black

circles) for a wide range of absorbed energy densities. Gray shaded areas correspond to the standard

errors of the experimental data. Dashed curves correspond to TTM results. The displayed absorbed

energy densities are from the ASD simulations. (e) Simulation results for the magnetization dynamics

for the same absorbed energy densities as in (a)-(d). (f) Simulation results for the electron temperature

dynamics, again for the same absorbed energy densities. Adapted from Ref. [Zah21b].

observed lattice dynamics. In contrast, when those degrees of freedom are considered using

energy-conserving ASD simulations, excellent agreement is achieved for low and moderate ab-

sorbed energy densities. This demonstrates unambiguously that energy flow into and out of the

spin system has a profound impact on the lattice dynamics, and has to be considered in any

description of the microscopic energy flow.

So far, the comparison between experiments and models has focused on lattice dynamics. To

go beyond the description of one subsystem and obtain a consistent model for the laser-induced

dynamics of electrons, spins, and phonons, it is necessary to compare the simulations with ex-

perimental data for the other two subsystems as well. Figure 4.11 presents such a comparison

with available experimental data for the electron and magnetization dynamics. The magnetiza-

tion dynamics of iron from the simulations are presented in Fig. 4.11(a) alongside experimental

results [Car08; Bor21]. For the magnetization dynamics, a variety of measurements exists in

literature [Kam02; Car08; Car15; Raz17; Büh18; Zha20; Bor21]. However, the results differ

significantly, even when only measurements on insulating substrates are considered. The two

examples in Fig. 4.11(a) were both recorded on relatively thin films on an insulating substrate.

Despite resulting in a similar final reduction of the magnetization, the measurements differ

significantly, in particular regarding the amplitude of the initial magnetization reduction and

the magnetization recovery. While there are significant discrepancies of the ASD simulations

compared with the results from Borchert et al. [Bor21], good agreement is observed with the

results from Carpene et al. [Car08].
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Figure 4.10: ASD simulation results for nickel and comparison to the experimentally measured lattice

responses. (a)-(d) Simulation results for the lattice temperature dynamics (solid curves) alongside ex-

perimental results (black circles) for a wide range of absorbed energy densities. The standard errors of

the experimental data are shown as solid gray areas. Dashed curves show TTM results for comparison.

The displayed absorbed energy densities are from the ASD simulations. (e) Simulation results for the

magnetization dynamics for the same absorbed energy densities as in (a)-(d). (f) Simulation results for

the electron temperature dynamics, again for the same absorbed energy densities. Panels (a)-(e) are

adapted from Ref. [Zah21a].

Due to the pronounced disagreement of different literature results for iron, a measurement

of the magnetization dynamics on the same iron film as employed in the electron diffraction

experiments was performed. For this measurement, the film was not freestanding, but on a glass

substrate, which ensured that the film was flat. A magnetic field was applied in the sample

plane. The sample was excited with 800 nm-light at normal incidence. The incident fluence was

0.1 mJ/cm2, corresponding to an absorbed energy density of ∼30 J/cm3. The magnetization

response was probed in transmission with another 800 nm-pulse, which was directed to the

sample at an angle of 135◦ relative to the pump pulse. The change in Kerr ellipticity was

recorded as a function of pump-probe delay. The result is presented in Fig. 4.11(b) (pink dots).

The static Kerr ellipticity was not recorded and it was therefore not possible to determine the

amplitude of the magnetization reduction. The magnetization is thus given in arbitrary units

(right axis). For comparison, the ASD simulation result with the same absorbed energy density

is also shown (solid curve and left axis). Good agreement between experiment and simulation is

observed, in particular regarding the initial drop and recovery of the magnetization. The result

suggests that at least for such low fluences, the ASD simulations yield a good description of the

magnetization dynamics in the sample.

Next, the simulated electron temperature dynamics of iron are compared with experimen-

tal results. Only measurements with rather high absorbed energy densities exist in litera-

ture [Büh20; Gor20]. For such high absorbed energy densities, discrepancies are observed be-
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Figure 4.11: Comparison of ASD simulations with experimental data for spin and electron dynamics. (a)

Simulated magnetization dynamics of iron (solid curve) and two different experimental results. Data with

similar magnetization reduction at long delays are compared. The hollow circles represent results from

Carpene et al. [Car08], recorded on a 7 nm-thick film of iron on magnesium oxide (MgO) with an incident

fluence of 3 mJ/cm2. The small black dots correspond to data from Borchert et al. [Bor21] (absorbed

fluence 1.5 mJ/cm2), recorded on a 15 nm-thick film of iron sputtered on a glass wafer and capped with

2 nm of tantalum. (b) Simulation results for a very low absorbed energy density of 30 J/cm3 alongside

experimental results for the same absorbed energy density. The experimental data were measured on the

same iron film as in the electron diffraction experiments, with the only difference being that the film was

on a glass substrate here. Note the different y-axes for experiment and simulation – a quantitative deter-

mination of the normalized magnetization M(t)/M0 was not possible in this experiment. (c) Simulation

result for the electron temperature dynamics of iron alongside experimental results from Ref. [Gor20].

(d) Simulation result for the magnetization dynamics of cobalt and experimental results from Borchert

et al. [Bor21] with an absorbed fluence of 1.83 mJ/cm2 (sample geometry as in (a)). Also here, data with

similar magnetization reduction at long delays are compared. (e) Same as (c), but for a lower absorbed

energy density (absorbed fluence of 0.89 mJ/cm2 in the experiment). (f) Simulation result for the elec-

tron temperature dynamics of cobalt. (g) Simulation result for the magnetization dynamics of nickel.

The dashed black curve shows experimental results from You et al. [You18], which stem from a layer

decomposition of data recorded on a 400 nm-thick nickel film. In contrast to (a),(b),(d), and (e), here the

absorbed energy densities of experiment and simulation are matched. (h) Same as (e), but for a lower

absorbed energy density. (f) Simulation result for the electron temperature dynamics and comparison to

experimental results from Tengdin et al. [Ten18] (black dots). The gray shaded area indicates the errors

of the experimental data. To match the experimental conditions, the pump pulse in the simulation was

shorter here (30 fs FWHM). The absorbed energy density in the simulation was adjusted to match the

electron temperature directly after excitation. All absorbed energy densities shown in this figure are

from the ASD simulations.
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tween ASD simulations and experiments, as shown in Fig. 4.11(c). This finding is consistent

with the discrepancies observed for the lattice dynamics (see Fig. 4.8(d)), and suggests that

for high absorbed energy densities, the ASD simulations cannot describe the microscopic en-

ergy flow in iron accurately. This can be due to several reasons, which will be discussed after

inspecting the results for the other two materials.

For cobalt, the simulated magnetization dynamics are compared with experimental data

in Fig. 4.11(d)-(e). The experimental results stem from Borchert et al. [Bor21] (black dots).

ASD simulation results are shown as solid curves. Qualitatively, the experimental results are

well described by the simulation. The initial drop of the magnetization is slightly faster in the

simulations compared with the experiments. The magnetization recovery is also faster in the

simulations. The amplitude of the initial magnetization drop relative to the magnetization at

long time delays is well described. Note that also for cobalt, there is some spread in the exper-

imental results for the magnetization dynamics [Koo10; Bor21; Uni21], albeit less pronounced

compared to iron.

Regarding the electron temperature dynamics of cobalt, to the best of my knowledge, no

experimental data are available in literature. For the sake of comparison to the other two

materials, the simulated electron temperature dynamics for a similar absorbed energy density

of 700 J/cm3 are presented in Fig. 4.11(f).

For nickel, the magnetization dynamics from the simulations are compared to experimental

data from Ref. [You18]. The authors decomposed the data into the magnetization response of

different layers and parameterized the relationship between absorbed energy density and mag-

netization dynamics. This allows a quantitative comparison to the ASD simulations for the

same absorbed energy density. The comparison is presented in Fig. 4.11(g) and (h) for two

different absorbed energy densities. Generally, the amplitude of the magnetization reduction is

well described. The magnetization reduction in the simulations is faster compared to the exper-

iment. The magnetization recovery is similar in the simulations compared to the experiment.

The deviations of the final magnetization after equilibration of the system could be caused by

the decomposition procedure of Ref. [You18]. The procedure did not consider transport effects,

which play a role particularly on longer timescales.

A comparison between the electron temperature dynamics from the simulations and exper-

imental data from Ref. [Ten18] is presented in Fig. 4.11(i). Here, the absorbed energy density

of the ASD simulations was adjusted to match the maximum electron temperature reached in

the experiment. The ASD simulations yield an excellent description of the experimental data.

On longer timescales, the experimentally measured electron temperature continues to decrease

further, which is not adequately described by the simulations. This is likely caused by transport

effects, which are not included in the simulations. The experimental technique is sensitive to

the surface and the sample was a relatively thick film with 400 nm thickness.

Comparing simulation results and experiments for all three ferromagnets, two common

trends can be identified. First, the initial demagnetization is faster in the simulations com-

pared to the experiments. This can be related to the idealized case assumed in the simulations:

the excitation is assumed to be homogeneous, and in addition defects or domain walls are not

considered. Furthermore, the description of the electron-spin interaction is phenomenological,

which can lead to deviations particularly on short timescales after laser excitation. Also on the

experimental side, extracting the magnetization dynamics directly after laser excitation can be

challenging. In particular, the MOKE signal, which is widely used to measure magnetization
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dynamics, can be influenced by state filling effects [Raz17]. Regarding photoemission, experi-

ments have shown that shortly after laser excitation, the loss of spin polarization is not uniform

across all electron energies [Gor18; Gor20]. For these reasons, results obtained with different

experimental techniques or – in the case of photoemission – results based on different regions of

the band structure can differ on short timescales after laser excitation. This has been directly

demonstrated for the example of iron [Gor20].

The second common trend in all three 3d ferromagnets is that the agreement between

simulations and experimentally measured lattice dynamics decreases as the absorbed energy

density increases, particularly for iron and nickel. There can be several reasons for this behavior.

First of all, the DFT calculations are ground-state calculations, which are therefore generally

expected to be most accurate for small perturbations from equilibrium, i.e. for low absorbed

energy densities. For higher absorbed energy densities, significant changes of the band structure

can occur, in particular a reduction of the exchange splitting [Ten18]. This would change the

electronic heat capacity and the electron-phonon coupling, thus influencing the electron-lattice

equilibration. In addition, nonthermal phonon populations, which cannot be described by the

model, could contribute to the observed lattice dynamics. Accounting for such effects could lower

the optimal value for the damping parameter α (i.e. weaker electron-spin coupling). Finally,

also the description of electron-spin coupling in general with the stochastic LLG equation could

contribute to the observed discrepancies. First, the damping parameter α is constant for all

absorbed energy densities and throughout the simulations. However, α could in reality depend

on parameters that change after laser excitation, such as the electron temperature. Second,

angular momentum dissipation is not considered in the description of electron-spin coupling.

Particularly for high absorbed energy densities, a significant amount of angular momentum

needs to be dissipated, which could constitute a bottleneck for magnetization reduction. Due

to the associated energy flow into and out of the spin system, this would be directly reflected

in the evolution of electron and lattice temperatures.

For low and moderate absorbed energy densities, the ASD simulations yield excellent agree-

ment with experiments for all three elemental 3d ferromagnets. This is in remarkable contrast

to the conventional TTM, which fails to describe lattice dynamics at all absorbed energy den-

sities in all materials. These results highlight the prominent role of the spin system in the

ultrafast energy flow dynamics: energy flow into and out of the spin system has a large effect

on lattice dynamics as well as on electron dynamics. Note that it is the combined effect of both

energy flow into and out of the spin system which causes the lattice dynamics to slow down.

These results show that in general, an accurate description of the full laser-induced dynamics

in ferromagnets can only be obtained when the transient energy content of the spin system is

considered.

4.2.3.3 Microscopic energy flow

Based on the ASD simulation results, it is now possible to analyze the energy flow between

electronic, magnetic, and lattice degrees of freedom in detail. Figure 4.12(a)-(c) presents the

distribution of the additional energy after laser excitation between the three different subsys-

tems as a function of pump-probe delay for all three materials. Following laser excitation, the

additional energy in the system stays constant (black curves in Fig. 4.12(a)-(c)) and is merely

redistributed between electron, spin, and lattice subsystems. The laser pulse only excites the
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Figure 4.12: Microscopic energy flow between electrons, spins, and the lattice according to the ASD

simulations. (a) Distribution of the additional energy deposited by the pump pulse between electronic

(blue), magnetic (green), and lattice degrees of freedom (red) for iron. The total additional energy is

shown in black. (b) Same as (a), but for cobalt. (c) Same as (a), but for nickel. (d) Schematic illustration

of the three different subsystems and the microscopic energy flow between them during the demagne-

tization. (e) Same as (d), but for the period in which the magnetization recovers (remagnetization).

Adapted from Refs. [Zah21a; Zah21b].

electrons (blue curves), which induces non-equilibrium between the three subsystems and thus

initiates energy flow between them. Already shortly after excitation, the spin system (green

curves) contains more of the additional energy than the electron system. This directly visualizes

the important role of the spin system in the ultrafast energy flow dynamics, showing that the

spin system is the dominant heat sink on short timescales after laser excitation. At the same

time, also the lattice gains additional energy due to electron-phonon coupling, but at a much

lower rate compared to the spin system. A schematic illustration of the energy flow processes

during this period is presented in Fig. 4.12(d). Energy flows from the electrons to the spins as

well as to the lattice, but with different rates. The additional energy in the spin system causes

a reduction of the magnetization.

Eventually, due to the continuous drain of energy from the electrons to the lattice, the

spin energy reaches a maximum and energy starts flowing back out of the spin system. In-

terestingly, the maximum of the spin energy does not coincide exactly with the magnetization

minimum, particularly when the magnetization is strongly reduced. The minimum magnetiza-

tion is reached slightly later than the maximum spin energy. For example, in nickel the delay is

∼50 fs for an absorbed energy density of 1380 J/cm3. This discrepancy indicates a nonthermal

behavior of the spin system, which will be discussed in detail below.

A schematic illustration of the energy flow processes during remagnetization is presented in

Fig. 4.12(e). Energy flows back from the spin system to the electrons. In addition, energy is

drained from the electrons to the lattice, such that in total, the electrons lose further energy,
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albeit at a much lower rate than during the demagnetization. Consequently, there is a net

energy flow from the spin system to the lattice. Note that this energy flow is entirely indirect

via the electrons since direct spin-lattice coupling is not included in the simulations. Finally,

thermal equilibrium is established, with the energy being distributed according to the heat

capacities of the different subsystems.

4.2.3.4 Nonthermal spin system

The main motivation for employing ASD simulations was that the spins are simulated directly,

which allows to describe also nonthermal states of the spin system. Now, with ASD simulation

results for both quasi-static heating and laser-induced dynamics, it is possible to analyze the

nonthermal behavior of the spin system in detail. The quantities of particular interest are the

spin energy and the magnetization: the spin energy determines the energy drain from the elec-

trons and thus has a strong influence on the other two subsystems, while the magnetization is

the quantity that is typically measured. In thermal equilibrium, the two quantities have a de-

fined relationship Es(M), which can be calculated for example from the temperature-dependent

spin heat capacity and magnetization. Here, the relationships Es(M) for all three materials

were directly extracted from ASD simulations of quasi-static heating (see also Fig. 4.7). The

results are presented in Fig. 4.13(a)-(c).

In non-equilibrium situations, such as after laser excitation, the equilibrium relationship

Es(M) does not necessarily hold. Since ASD simulations of laser-induced dynamics yield both

Es and M as functions of pump-probe delay, it is possible to analyze for which time delays the

equilibrium relationship is not fulfilled, which indicates a nonthermal spin system. To do so,

the magnetization from the non-equilibrium simulations, M(t), is converted into spin energy

using the equilibrium relationship:

Es, thermal(t) = Es(M(t)) (4.13)

This quantity is then compared to the actual spin energy in the simulations, Es(t). The com-

parison is presented in Fig. 4.13(d)-(f) for all three materials and the same absorbed energy

densities as in Figs. 4.8, 4.9, and 4.10, respectively. The corresponding magnetization dynamics

are presented in Fig. 4.13(g)-(i). On short timescales after laser excitation, the two curves Es(t)

and Es, thermal(t) differ significantly, which indicates that the spin system is not in a thermal

state. Since Es, thermal(t) is below Es(t), this nonthermal state is characterized by a relatively

large amount of spin energy compared with its magnetization.

Generally, the relationship between spin energy and magnetization depends on which spin-

waves/magnons are excited in the system. This is illustrated in Fig. 4.14 for the most simple case

of a linear Heisenberg chain. A spin-wave with a very small wavevector leaves neighboring spins

close to parallel, while spin-waves with larger wavevectors lead to more canting of neighboring

spins. Based on the Heisenberg Hamiltonian (first term of Eq. 4.5), canting neighboring spins

costs energy. The smaller the periodicity of the spin-wave (i.e. the larger the wavevector), the

more energy it costs. The energetically least favorable spin-wave has a periodicity of two unit

cells, canting all neighboring spins away from each other. This energy cost is directly reflected

in the spin-wave dispersion, which is presented in Fig. 4.14(c). The energy cost of exiting one

magnon is ~ω and each excited magnon leads to the same magnetization reduction because

every magnon has spin 1 (see for example Ref. [Kit05]). The energy cost of exciting a magnon
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Figure 4.13: Identification of nonthermal states of the spin system in the ASD simulations by comparing

magnetization with spin energy. (a) Equilibrium relationship between spin energy and magnetization for

iron, obtained from an ASD simulation of quasi-static heating. The magnetization is given relative to its

value at 0 K. (b) Same as (a), but for cobalt. (c) Same as (a), but for nickel. (d) Additional energy in the

spin system as a function of pump-probe delay (solid curves) and the (hypothetical) energy content of a

thermalized spin system (dashed curves) for iron. The absorbed energy densities correspond to the ones

shown in Fig. 4.8. The dashed curves were calculated using the magnetization dynamics from the ASD

simulations (see Panel (g)), assuming the equilibrium relationship shown in Panel (a). (e) Same as (d),

but for cobalt. Note that the very small differences in (d) and (e) that persist on timescales larger than

∼2.5 ps are numerical artifacts. They could originate from the finite time steps in the non-equilibrium

simulations or the larger α employed in the simulations of quasi-static heating. (f) Same as (d), but for

nickel. (g) Magnetization dynamics from the ASD simulations for iron. (h) Same as (g), but for cobalt.

(i) Same as (g), but for nickel. Panels (d)-(i) are adapted from Refs. [Zah21a; Zah21b].



4.2. Microscopic energy flow between electrons, spins, and phonons 89

increases up to q = π
a , which corresponds to a real-space period of two unit cells, and decreases

again. Consequently, the energy cost of a certain amount of magnetization reduction depends

on the excited spin-waves/magnons. It is highest for intermediate wavevectors close to half of

the Brillouin zone, which cant neighboring spins away from each other.

In the three-dimensional case of the (classical) ASD simulations, the fact that Es, thermal is

below Es for the first tens to hundreds of femtoseconds thus indicates that predominantly high-

energy spin-waves with significant canting of neighboring spins are present on short timescales

after laser excitation. This behavior is expected due to the local nature of the electron-spin

interaction in the ASD simulations (the stochastic noise in the s-LLG equation has no correlation

between different atomic sites, see Eq. 4.8).

Such a nonthermal distribution of spin excitations is analogous to nonthermal phonon dis-

tributions, but for the spin system instead of the lattice: for example, in the case of black phos-

phorus presented in Chapter 3, the coupling of electrons predominantly to high-energy phonons

leads to a situation in which the lattice absorbs a significant amount of energy, but the atomic

displacements are comparatively small. The equilibrium relationship between lattice energy

content and atomic displacements is not applicable on short timescales after laser excitation.

Similarly, here, a relatively large number of high-energy spin excitations is present, deviating

from thermal equilibrium. Therefore, the equilibrium relationship between magnetization and

spin energy is not applicable on short timescales after laser excitation.

On longer timescales, the behavior of the spin system depends on the demagnetization am-

plitude: when the magnetization is reduced by less than ∼50 %, the spin system thermalizes on

a timescale of several hundred femtoseconds. In contrast, when the magnetization is reduced

more, the spin system remains in a nonthermal state for several picoseconds or longer. For the

a

Figure 4.14: Schematic illustration of spin-waves with different wavevectors, using the example of a

linear Heisenberg chain. (a) Sketch of a spin-wave with a long wavevector (π/(8a)). Neighboring spins

are nearly parallel. (b) Sketch of a spin-wave with a wavevector of π/a, corresponding to a period of two

unit cells. Neighboring spins are canted significantly away from each other. (c) Spin-wave dispersion of

a linear Heisenberg chain with only nearest-neighbor interaction (see for example Ref. [Kit05]): ~ω =

4JS(1 − cos(qa)), with J being the exchange constant, S being the magnitude of the spin (here: not

normalized to 1), q being the spin-wave/magnon wavevector and a being the real-space lattice constant

of the one-dimensional chain. E = ~ω is presented in units of 4JS. Note that this equation for the

spin-wave dispersion is valid only for low spin temperatures, i.e. Sz ≈ S.
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absorbed energy densities shown in Fig. 4.13 (which correspond to those of the femtosecond

electron diffraction experiments), this is the case only for nickel, which has the lowest Curie

temperature and the lowest magnetic moment of the three materials. In such cases, on longer

timescales, the relationship between Es and M reverses. While the spin energy has already

reduced significantly and is approaching its equilibrium value, the magnetization recovery lags

behind and requires much longer timescales. This behavior can be attributed to domain forma-

tion and has also been observed in spin simulations by Kazantseva et al. [Kaz07].

To visualize this behavior, a simulation was performed for iron using a very high absorbed

energy density as well as a significantly increased damping of α = 0.1. Increasing α has the

advantage that the spin system gets disordered significantly more following laser excitation

because increasing α effectively increases the coupling of spins and electrons. At the same

time, the system finally relaxes back to a state with a temperature far away from the Curie

temperature. This combination makes the visualization clearer. Qualitatively, the same effects

are observed for lower values of α as well. Furthermore, a small spin volume of only 100×100×
100 spins was used in the simulation, also for visualization purposes.

Figure 4.15 shows the time evolution of Es and Es, thermal, the corresponding magnetization

dynamics, and a direct visualization of the spin system at different times during the non-

equilibrium dynamics. The spin components along the z- and x-direction are visualized. The

spin component along the y-direction behaves analogously to the one along the x-direction

due to symmetry. Before laser excitation, the magnetization is in the z-direction. During and

directly after the arrival of the laser pulse at t1 = 0 ps, there is significant short-range disorder

in the system, meaning that neighboring spins are significantly canted with respect to each

other. This costs a lot of energy and is responsible for the high spin energy content compared

to a thermalized spin system. On longer timescales, domains form, which is already visible at

t2 = 0.75 ps. At this point, the characteristics of the nonthermal state have reversed. Now, the

spin energy is relatively low compared to the magnetization. This is a direct effect of domain

formation: within one domain, neighboring spins are parallel, which is the energetically most

favorable alignment. Only the domain boundaries come with an energy cost compared to the

ground state. Therefore, the total spin energy in the system is rather low. The different domains

are however aligned in different directions, which leads to a low macroscopic magnetization. As

time passes, the domains become larger and more spins align along the z-direction, as shown

for the examples of t3 = 1.5 ps, t4 = 4.5 ps, and t5 = 9 ps. This leads to a recovery of the

magnetization. Finally, thermal equilibrium of the spin system is reestablished.

Consequently, the ASD simulation results predict a nonthermal spin system on short time-

scales after laser excitation for all absorbed energy densities and a prolonged nonthermal state

of the spin system for large magnetization reductions (i.e. high absorbed energy densities).

Therefore, according to the ASD simulations, a thermal description of the spin system such as

in the 3TM is not adequate, particularly for high absorbed energy densities.

It should however be noted that the description of the electron-spin interaction in the simu-

lations is phenomenological, which raises the question of whether the initial spin excitations are

described correctly. While the simulations cannot account for the details of electron-magnon

scattering, a phase space argument suggests that indeed a higher number of intermediate-

wavevector magnons compared to thermal equilibrium are excited: due to the typical energies

of magnons and since electrons are fermions, the electronic states involved in electron-magnon

scattering are all close to the Fermi surface. Most of the transitions from one electronic state
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Figure 4.15: Visualization of nonthermal spin dynamics at high absorbed energy densities. The ASD

simulation was performed on iron with an absorbed energy density of 1930 J/cm3 and assuming a high

α-value of 0.1. The upper panel shows the evolution of the additional spin energy content ∆Es (solid

curve) as well as the hypothetical additional spin energy content of a thermalized spin system (dashed

curve), calculated from the magnetization dynamics (shown directly below). The lower part of the figure

directly visualizes the alignment of individual spins for selected pump-probe delays t1 − t5 (indicated in

the upper panels). The spins are normalized such that s2x + s2y + s2z = 1. Only the surface of the cube of

100×100×100 spins is visible, but it was verified that the inside of the cube exhibits analogous behavior.

Adapted from Ref. [Zah21b].
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to another on the Fermi surface involve intermediate changes of the electron wavevector, rather

than very low or very high ones. Due to momentum conservation, the wavevector change of

the electron needs to be compensated by the magnon wavevector. Hence, it is likely that a

large number of magnons with intermediate wavevectors will be created. On the other hand, a

thermalized distribution of magnons follows Bose-Einstein statistics2 and thus contains mostly

magnons with low wavevectors. This suggests that the ASD simulations are able to qualita-

tively describe the non-equilibrium magnon distribution after excitation, with a higher number

of intermediate-wavevector magnons compared to thermal equilibrium. To improve the de-

scription of the initial magnon distribution further, the electron-spin coupling would need to

be described on a more microscopic level, beyond the phenomenological description with the

stochastic term of the LLG equation in combination with the damping α.

4.3 Summary and conclusions

In this chapter, the ultrafast lattice dynamics of the elemental 3d ferromagnets iron, cobalt,

and nickel were studied with femtosecond electron diffraction. For all three materials, laser-

induced lattice heating occurs on timescales of hundreds of femtoseconds, which are similar

timescales compared with the magnetization dynamics. To analyze the ultrafast energy flow

between electrons, spins, and phonons in detail, spin-resolved DFT calculations were combined

with different energy flow models. The comparison of conventional TTM, 3TM, and energy-

conserving ASD simulations with the experimental data revealed the prominent role of the spin

system in the microscopic energy flow: for all three 3d ferromagnets, energy flow into and out

of the spin system has a profound impact on the lattice dynamics. The spin system is the

dominant energy sink directly after laser excitation and subsequently emits energy again during

remagnetization, which causes a pronounced slowdown of the lattice dynamics. A description of

the microscopic energy flow and the non-equilibrium magnetization dynamics was obtained using

energy-conserving ASD simulations. For all three materials, the simulations yielded excellent

agreement to the experimentally measured lattice dynamics at low and moderate absorbed

energy densities. Furthermore, also the magnetization dynamics are well described by the

simulations. These results are an important step towards a model of ultrafast demagnetization

that is consistent with the responses of magnetic, electronic, and lattice degrees of freedom.

They reveal the prominent role of the spin system, which needs to be considered in any model

for the microscopic energy flow.

In addition, the ASD simulations predict a nonthermal behavior of the spin system. This

manifests in a disparate evolution of spin energy content and magnetization. In particular, for

large magnetization reductions (more than ∼50 %), the simulations predict a prolonged non-

thermal state that can last several picoseconds. This has implications for the interpretation

of experimentally measured magnetization dynamics, suggesting that the absence of a mag-

netization recovery on picosecond timescales does not necessarily mean that the material has

thermalized. In general, the ASD simulations predict that particularly for high absorbed energy

densities, the 3TM does not offer an accurate description of the laser-induced dynamics.

2Since the ASD simulations are classical, the thermalized spin system in the simulations exhibits a Boltzmann

distribution of magnons instead of a Bose-Einstein distribution. In addition, magnon/spin-wave frequencies

are generally temperature-dependent due to magnon-magnon interactions. This does not alter the qualitative

discussion presented here.
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By directly simulating the spin system, energy-conserving ASD simulations go a step be-

yond the thermal description employed in the 3TM. In a future model, also the electron and

phonon system could be treated in greater detail, without relying on the approximation of in-

ternal thermal equilibrium of those two subsystems. In particular for cobalt, which has optical

phonons, nonthermal phonon dynamics could play a role [ROM20]. On the experimental side,

microscopic effects could be better disentangled from transport and absorption profile effects

by measuring the dynamics of all subsystems on identical samples. Such measurements would

also enable a quantitative comparison of the responses of different subsystems as functions of

absorbed energy density.

Nevertheless, the comparison to available experimental data already shows that energy-

conserving ASD simulations are able to provide a quantitative description of the ultrafast energy

flow in the elemental 3d ferromagnets. This is relevant both for the fundamental understanding

of ultrafast demagnetization as well as for applications of these materials in heterostructure

devices. Any application in non-equilibrium conditions will benefit from quantitative knowledge

of the relaxation timescales and of the associated couplings and energy flow dynamics. Beyond

the elemental 3d ferromagnets, a qualitatively similar influence of spin dynamics on the other two

subsystems can also be expected for other magnetic materials, e.g. other itinerant ferromagnets,

localized ferromagnets, ferrimagnets, and antiferromagnets. In the next chapter, the energy

flow on ultrafast timescales will be studied for another class of magnetic materials, elemental 4f

ferromagnets.





Chapter 5

Lattice dynamics in 4f ferromagnets

In contrast to the itinerant ferromagnetism in 3d transition metals, the major part of the

magnetic moment of 4f ferromagnets is localized to the atomic site, with the corresponding

electronic states located far below the Fermi level. Only a minor contribution to the magnetic

moment that stems from 5d states is similarly delocalized as in itinerant ferromagnets. This

has implications for the way that magnetic degrees of freedom can interact with electrons and

the lattice. In particular, the 4f moments can neither interact via spin flips due to Elliott-Yafet

scattering nor via magnon emission (see Sec. 1.2), since there are no unoccupied electronic states

with the opposite spin available at energies in the vicinity of the 4f levels. A comparison of the

electronic DOS of a 3d and a 4f metal is presented in Fig. 5.1 for the examples of cobalt and

terbium.
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Figure 5.1: Comparison of the DOS of a 3d and a 4f ferromagnet. (a) Electronic DOS of the 4f ferro-

magnet terbium, obtained from DFT+U calculations (see Sec. 2.4 for details). States below the Fermi

level (here located at 0 eV) are shown as filled. The difference in occupation numbers between majority

and minority states corresponds to the magnetic moment. From the comparison of occupied majority

and minority states, it can be seen that most of the magnetic moment originates from the occupied

majority 4f states, which lie far below the Fermi level. The fact that these states are very narrow in

energy indicates that they are very localized. (b) Electronic DOS of the 3d ferromagnet cobalt, obtained

from DFT calculations (see Sec. 2.4). Here, the magnetic moment stems entirely from the 3d states,

which are more delocalized (and therefore broader in energy) compared to the 4f states of terbium and

are located close to the Fermi level.
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Elemental 4f metals exhibit ultrafast demagnetization following excitation with a laser

pulse [Mel08; Koo10; Wie11; Fri15; Thi17; Fri20]. The demagnetization timescales can vary

significantly for different 4f ferromagnets [Wie11; Fri20]. In addition, experiments have revealed

that the magnetization dynamics of the (small) contribution of the 5d states to the magnetic

moment can exhibit different dynamics compared with the (dominant) contribution of the 4f

moments [Fri15; Fri20].

Due to the lack of spin-flip or exchange scattering channels for the localized 4f moments,

direct spin-lattice interactions often play an important role in the laser-induced dynamics of 4f

ferromagnets [Wie11; Esc14]. Hence, direct observation of the lattice dynamics is desired for a

microscopic understanding of the timescales observed in the magnetization dynamics. In addi-

tion, the magnetic moment of the elemental 4f ferromagnets is typically much larger than those

of the elemental 3d ferromagnets. For example, terbium has a magnetic moment of 9.34µB per

atom [Fri20], while nickel has only 0.62µB per atom [DHM68]. As a consequence, the magnetic

contribution to the heat capacity is substantial, much larger than in the case of 3d ferromagnets

(compare for example Fig. 4.1(a) with Fig. 5.6(a) and (b)). This implies a significant energy

cost of demagnetization. Therefore, a significant influence of the magnetization dynamics on

the electron and lattice dynamics can be expected.

At the same time, 4f ferromagnets are also a significantly more complex material class com-

pared with the elemental 3d ferromagnets: first of all, the presence of two different types of

magnetic moment (4f and 5d spins) adds complexity to the ultrafast response, because more

subsystems interact with each other. Furthermore, different experimental techniques are re-

quired to probe these different aspects of the magnetization dynamics. In addition, electronic

correlation effects play a larger role in rare-earth metals [Söd14]. As a result, regular DFT

calculations struggle to describe 4f ferromagnets accurately, which adds complexity to their

theoretical description. Finally, additional technical challenges arise: unlike the elemental 3d

ferromagnets, the Curie temperatures of elemental 4f ferromagnets lie below or around room

temperature and accessing the ferromagnetic phase thus often requires cryogenic cooling. In

addition, rapid degradation in air or water occurs, which makes sample preparation for trans-

mission electron diffraction challenging. Compared with the 3d ferromagnets studied in the

previous chapter, 4f ferromagnets are a step up in complexity, and thus an interesting case for

applying and expanding the microscopic energy flow concepts previously discussed for the 3d

ferromagnets.

This chapter presents femtosecond electron diffraction results for two commonly studied

4f ferromagnets, terbium and gadolinium. It is particularly interesting to study these two

materials together because they exhibit very different spin-lattice coupling strengths [Liu21] and

demagnetization dynamics [Wie11], while otherwise being similar. Here, ultrafast diffraction

experiments were performed on terbium and gadolinium films, both above and below their Curie

temperatures. In addition, a detailed temperature-dependent study of the lattice dynamics was

performed for terbium. These results were complemented by measurements of the magnetization

dynamics of terbium with time-resolved MOKE, which were recorded on the same sample to

maximize comparability. The MOKE measurements, which are presented in Sec. 5.3, were taken

together with Felix Steinbach and Martin Borchert, employing a MOKE setup at the Max-Born-

Institut [Bor21]. The samples were grown by Dieter Engel (Max-Born-Institut). The SQUID

measurements presented in this chapter were performed by Evangelos Papaioannou and Camillo

Ballani (Martin-Luther Universität Halle-Wittenberg). Haichen Wang and Miguel Marques
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(Martin-Luther Universität Halle-Wittenberg) performed DFT+U calculations on terbium and

gadolinium (see also Sec. 2.4) which were the basis of the 3TM results presented in Fig. 5.6 and

served to calculate Debye-Waller-factors for the conversion of MSD to temperature.

5.1 Sample preparation and characterization

The elemental 4f metals oxidize easily in air and in water, which makes the preparation of thin,

free-standing samples challenging. All samples employed in this work were magnetron-sputtered

thin films. To protect the metal films from oxidation, a silicon nitride film was deposited both

before and after deposition of the 4f metal. Compared to the 3d metal samples, a significantly

thicker silicon nitride film was necessary to avoid oxidation. The samples employed in the first

experiments on terbium and gadolinium (presented in Sec. 5.2.1) were 40 nm-thick metal films,

sandwiched between 15 nm-thick layers of silicon nitride. The films were grown on salt (NaCl)

crystals and transferred using the standard floating technique (see Sec. 2.1.2). The amount

of time that the film was in contact with water was minimized by picking it up directly after

detachment from the salt crystal and by accelerating the drying process with nitrogen flow. At

the edges of the samples, degradation due to the contact with water was observed, as shown

in Fig. 5.2 for the example of a terbium film. There were also large areas without any visible

alterations of the films (see for example green arrows in Fig. 5.2), which were employed for the

measurements presented in Sec. 5.2.1.

(a) (b)

Figure 5.2: Microscope images of a terbium sample obtained with the standard floating technique. (a)

Transmission microscope image of the sample on the TEM grid. The brighter areas of the sample (red

arrows), which are predominantly located at edges, have degraded. The darker area in the middle (green

arrow) did not exhibit any visible changes upon transfer to the TEM grid. (b) Reflection microscope

image of the same sample. The degraded parts appear dull in reflection and are clearly separable from

the shiny, unaltered parts of the sample.

For the detailed temperature-dependent measurements on terbium presented in Sec. 5.2.2,

the sample geometry and preparation were optimized further. To minimize oxidation, the

contact of the film with water was avoided altogether by directly growing the samples on com-

mercially available silicon nitride membranes (10 nm thickness). To avoid oxidation from con-

taminants on the surface of the silicon nitride membranes, 2 nm of silicon nitride were deposited

before the deposition of terbium. In addition, the terbium thickness was decreased to 20 nm to

reduce multiple scattering effects. Finally, the surface of the terbium film was protected with
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Figure 5.3: Microscope images and temperature-dependent magnetization curve of the terbium films

evaporated on silicon nitride membranes. (a) Microscope image in reflection of the terbium sample

employed in the diffraction measurements presented in Sec. 5.2.2 and the MOKE measurements pre-

sented in Sec. 5.3. The red arrow indicates the silicon nitride window on which the electron diffraction

experiments were performed. The MOKE experiments (in reflection) were performed on an area with

silicon substrate, indicated by the blue arrow. (b) Close-up view of the silicon nitride window employed

in the electron diffraction experiments. (c) Temperature-dependent magnetization of the terbium films

obtained from SQUID measurements. The measurements were performed on another, identical sample

that was produced simultaneously with the sample in Panel (a).

another silicon nitride layer. The thickness of this layer was chosen to be 12 nm such that a

symmetric sample geometry was obtained.

The terbium samples grown directly on silicon nitride membranes were characterized using

a superconducting quantum interference device (SQUID). The result is presented in Fig. 5.3(c).

The measured temperature dependence of the magnetization agrees with the Curie temperature

of terbium from literature, 221 K [Coe10].

Both terbium and gadolinium exhibit an hcp structure at room temperature. Compared to

the 3d ferromagnet cobalt, which also crystallizes into an hcp structure, the elemental 4f metals

have significantly larger lattice constants (and thus smaller scattering vectors). The terbium

film grown on salt exhibited different relative peak intensities compared with the terbium film

grown directly on silicon nitride (see Figs. 5.4 and 5.7 of the following section). This indicates

a different preferred orientation of the two samples, which was likely caused by the different

substrates and is not expected to have any effect on the MSD dynamics studied here.

5.2 Femtosecond electron diffraction results

5.2.1 Terbium and gadolinium above and below their Curie temperatures

Femtosecond electron diffraction experiments on gadolinium and terbium were conducted at

two base temperatures each, one above and one below the Curie temperature, and with sev-

eral fluences. For gadolinium, which has a Curie temperature around room temperature (at

293 K [Coe10]) the sample was heated to 332 K for measurements in the paramagnetic phase.

Measurements in the ferromagnetic phase were performed at 140 K. For terbium, which has

a Curie temperature of 221 K [Coe10], measurements in the ferromagnetic phase were also

performed at 140 K. Measurements in the paramagnetic phase were performed at room temper-
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ature (295 K). The employed excitation wavelength was 2300 nm in all measurements. Table 5.1

presents an overview of the employed incident fluences and the corresponding absorbed fluences

and absorbed energy densities. The absorptance of the samples at 2300 nm and 6◦ angle of in-

cidence (measured from the sample normal) was calculated to be 44 % for terbium and 43 % for

gadolinium, based on multilayer calculations [Win98] and optical constants from Refs. [Ahm82;

Luk15; APS19]. For terbium, only the lowest three fluences were applied, because higher flu-

ences caused permanent sample damage.

inc. fluence [mJ/cm2] 1.1± 0.4 1.7± 0.4 2.6± 0.6 3.1± 0.6 3.9± 0.8

abs. fluence (Gd) [mJ/cm2] 0.5± 0.2 0.7± 0.2 1.1± 0.3 1.3± 0.3 1.7± 0.4

abs. energy density (Gd) [J/cm3] 120± 50 180± 50 280± 70 330± 70 420± 90

abs. fluence (Tb) [mJ/cm2] 0.5± 0.2 0.8± 0.2 1.2± 0.3 – –

abs. energy density (Tb) [J/cm3] 120± 50 190± 50 290± 70 – –

Table 5.1: Incident (inc.) fluences, absorbed (abs.) fluences and absorbed energy densities for

the experiments on gadolinium and terbium presented in Sec. 5.2.1. The incident fluences were

calculated using Eq. 4 of Ref. [Har06]. Absorbed fluences and energy densities were determined

based on multilayer calculations (see text for details).

The obtained diffraction patterns were analyzed with the global fitting routine presented

in Sec. 2.3.2. Figure 5.4 presents radial profiles for both materials and examples of laser-

induced changes of the radial profiles at several pump-probe delays. The results of the global

fitting routine are presented as dashed black curves. Figure 5.5(a)-(d) presents results for

the MSD dynamics of gadolinium and terbium above and below their Curie temperatures. In

all cases, the MSD rises on a few-picosecond timescale following laser excitation. On longer

timescales, a decrease is observed, which is likely caused by cooling of the probed area due to

heat transport (laterally and to the silicon nitride layers). To analyze the dynamics of the MSD

rise quantitatively, single exponential fits were performed, analogously to the fits employed in

the previous chapter. Here, the fit range was from -5 to 12 ps and the estimated time resolution

was 250 fs (FWHM).

Figure 5.5(e) presents fit results for the time constants for both materials and several fluences

each. For both materials, time constants on the order of 1 ps are observed. The lattice dynamics

of gadolinium are found to be around 15-25 % faster compared with terbium. Interestingly, this

finding is in contrast to the DFT+U calculations presented in Sec. 2.4, which predict a larger

electron-phonon coupling parameter for terbium (∼38 % larger than gadolinium at 295 K) while

the electronic and lattice heat capacities are nearly identical (see Fig. 2.23). From the DFT+U

results, a faster lattice temperature rise of terbium compared to gadolinium would therefore be

expected (not considering any contributions from the spin dynamics). This is opposite to the

experimental results.

In addition, both materials exhibit an increase of the time constant with fluence. This is

likely caused by the increase of the electronic heat capacity with electron temperature. The

same effect was also observed for cobalt and nickel (see Fig. 4.4 of the previous chapter). In

the case of gadolinium and terbium, the electronic heat capacity is rather small and thus the

electron temperature increases significantly after laser excitation. This means that also the
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Figure 5.4: Diffraction patterns of gadolinium and terbium and laser-induced changes. (a) Radial profile

of a diffraction pattern of gadolinium. The background (result from the global fitting routine) was

subtracted and pixels were converted to scattering vectors for illustration purposes. (b) Same as (a),

but for terbium. (c) Laser-induced changes in the radial profile of gadolinium at several pump-probe

delays. Here, the sample was excited with a photon wavelength of 2300 nm and an incident fluence of

2.6 ± 0.6 mJ/cm2, corresponding to an absorbed energy density of 280 ± 70 J/cm3. The solid curves

correspond to experimental data and the dashed black curves are the results of the global fitting routine.

The intensity units are the same as in (a) such that both panels can be quantitatively compared. (d) Same

as (c), but for terbium. The pump wavelength was 2300 nm and the incident fluence was 2.6±0.6 mJ/cm2,

corresponding to an absorbed energy density of 290 ± 70 J/cm3. The base temperature was 140 K in

both cases.

electronic heat capacity increases significantly for high fluences and consequently a significant

fluence-dependence of the time constant is expected.

Regarding the amplitudes of the MSD/temperature rise, gadolinium exhibits the same am-

plitudes for both 140 K and 332 K (see Fig. 5.5(e)). For terbium, slight differences were ob-

served between 140 K and 295 K. However, this behavior was not reproduced in the detailed

temperature-dependent study on terbium presented in Sec. 5.2.2. Therefore, these differences

are likely an experimental artifact. Results on dysprosium suggest that the optical properties

of elemental 4f metals do not exhibit significant changes with temperature [Rep16].

In order to quantify the recovery dynamics (i.e. the cooling of the lattice), linear fits were

performed to the MSD data at pump-probe delays larger than 30 ps. Linear instead of bi-

exponential fits were chosen here because the measured delay range is not large enough to

resolve the time constant of the recovery. Bi-exponential fits (of the rise and decay) resulted in

vastly different time constants for the recovery and large errors.

The negative of the slope from the linear fit corresponds to the recovery rate (in Å2/ps).

For a quantitative comparison of different fluences, the obtained slope of the linear function was

divided by the amplitude of the MSD rise. This yields the recovery rate relative to the total

amplitude of the rise (in 1/ps). Calculating such a relative recovery rate has the advantage
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Figure 5.5: Comparison of the MSD dynamics in gadolinium and terbium above and below their Curie

temperatures. (a) MSD/lattice temperature dynamics of gadolinium at 140 K, i.e. below the Curie

temperature. Black circles are experimental data and the solid curve shows the results of a single

exponential fit to the lattice temperature dynamics in the range from -5 to 12 ps. The dashed line

corresponds to a linear fit in the range above 30 ps to analyze the recovery. Gray shaded areas correspond

to the standard errors of the experimental data obtained from the global fitting routine. The conversion

between MSD changes and temperature was done using the calculated Debye-Waller factors presented in

Sec. 2.4. (b) Same as (a), but for terbium, also recorded at 140 K. (c) Same as (a), but for paramagnetic

gadolinium, recorded at 332 K. (d) Same as (b), but for paramagnetic terbium, recorded at 295 K. (e)

Fit results for the time constants of the lattice temperature rise in both materials (see solid curves in

(a)-(d)). Results for different fluences are presented, corresponding to different lattice temperature rises.

(f) Fit results for the recovery. Here, the negative of the slope of the linear fit is presented (dashed lines

in Panels (a)-(d)), divided by the amplitude of the lattice temperature rise from the single exponential

fit. This yields the relative recovery rate. All error bars in Panels (e) and (f) are standard errors

obtained from the fits. The fluences and absorbed energy densities of all measurements presented here

are summarized in Table 5.1.
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that the value doesn’t depend on the amplitude anymore and results at different fluences can

therefore be directly compared.

The results are presented in Fig. 5.5(f). Generally, the relative recovery rate does not

depend significantly on the fluence. For terbium, no differences are observed between 140 K

and 295 K base temperatures within the experimental accuracy. For gadolinium, the recovery

rate increases at high temperatures. This is likely related to the heat capacity of the silicon

nitride layers, which is significantly higher at 332 K compared to 140 K [ZH04]. At the same

time, the heat capacity of gadolinium is almost the same at 140 K and 332 K. Consequently, at

332 K, more energy flows from gadolinium to the silicon nitride layers when thermal equilibrium

throughout all sample layers is established.

Interestingly, the comparison of experiments in the paramagnetic and ferromagnetic phase

reveals no differences on picosecond timescales. No clear signatures of the magnetization dy-

namics are observed in the lattice dynamics, neither for gadolinium nor for terbium. This is

surprising, since the substantial spin heat capacities suggest that the magnetization dynamics

should have a pronounced influence on the lattice dynamics.

For detailed insights into the expected behavior, it is necessary to consider the spin heat

capacities as well as the demagnetization timescales. It is known from literature that the

main contribution to the magnetic moment, the 4f spins, behave quite differently in gadolinium

and terbium: the 4f spins of gadolinium demagnetize on timescales of several picoseconds,

while the 4f demagnetization in terbium is generally faster than in gadolinium and occurs

on sub- to few-picosecond timescales [Wie11; Fri20]. Experimental studies have also shown

that the demagnetization dynamics are fluence-dependent [Wie10] as well as base-temperature-

dependent [Sul12].

To compare the magnetization dynamics to the lattice dynamics, quantitative information

on the spin heat capacities is required. Fig. 5.6(a) and (b) present a decomposition of the heat

capacities of gadolinium and terbium into the contributions from the different subsystems. The

decomposition directly shows the importance of the spin heat capacity in both materials. As

most of the magnetic moment stems from the 4f spins, they also account for most of the spin

heat capacity. Consequently, based on energy flow arguments, a substantial influence of the 4f

magnetization dynamics on the lattice dynamics would be expected, regarding both timescales

and amplitudes. In particular, assuming thermal behavior of all subsystems (internally), it

would be expected that the timescales of the 4f magnetization dynamics are reflected in the

lattice dynamics.

One model that describes ultrafast dynamics under the assumption of internal thermal

equilibrium in all subsystems is the three-temperature model (3TM). In the following, a 3TM is

employed for terbium to show directly that the experimental results presented here, combined

with magnetization dynamics from Ref. [Wie11], do not agree with such a thermal description.

4f and 5d spins are treated as one subsystem here, because in terbium, they were found to exhibit

the same dynamics [Fri20]. Following the conclusions of Ref. [Wie11], the spin-phonon coupling

parameter in the 3TM here was enhanced by the presence of hot electrons, by introducing a

phenomenological fit parameter p:

Gsp(Te) = Gsp,0 ×
(
Te

Tl

)p
. (5.1)
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Figure 5.6: Heat capacities and three-temperature model (3TM) results. (a) Decomposition of the ex-

perimental heat capacity of gadolinium (literature result from Ref. [GSS54]). The electron and lattice

contributions stem from DFT+U calculations (see Sec. 2.4 for details). The magnetic contribution was

obtained by subtracting the electronic and lattice contributions from the total heat capacity. The dila-

tion correction (the difference between heat capacity at constant volume and heat capacity at constant

pressure) was not taken into account here, but it is typically a rather small correction in this tempera-

ture range [Mes81]. (b) Same as (a), but for terbium (experimental data from Ref. [JSS57]). For both

materials, the magnetic contribution exhibits a pronounced negative curvature at low temperatures,

which is generally not expected for the magnetic heat capacity (see for example Fig. 4.7 for comparison).

The observation could stem from a residual contribution of the lattice, for example caused by potential

systematic errors in the temperature of the experimental data. (c) Experimental data of the 4f mag-

netization dynamics from Ref. [Wie11] (black circles) together with 3TM results (green curve). In this

particular 3TM, electron-spin coupling was not included and the phonon-spin coupling was temperature-

dependent: Gsp(Te) = Gsp,0×(Te/Tl)
p
. A fit was performed to the experimental data from Ref. [Wie11].

The 3TM fit results were: absorbed energy density: 155 ± 6 J/cm3, Gsp,0 = (7 ± 6) × 1016 W/(m3K),

Gep = (1.3±0.3)×1017 W/(m3K), p = 1.9±0.5. Within the error bars, the result for Gep agrees with the

DFT+U results (∼1.55×1017 W/(m3K) at room temperature, see Fig. 2.23). (d) 3TM prediction for the

lattice dynamics (red curve). For comparison, experimental data with a similar final lattice temperature

are presented. The absorbed energy density in the experiment was 120± 50 J/cm3. Beyond the slightly

different amplitudes, significant differences in the qualitative behavior exist between 3TM prediction and

experimental data.
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Direct electron-spin coupling was not included. With such a 3TM, the magnetization dynamics

from Ref. [Wie11] can be well described, as presented in Fig. 5.6(c). However, when comparing

the lattice response predicted by the 3TM to an experimental result with a similar lattice tem-

perature rise, significant deviations between experiment and 3TM are observed. In particular,

the second, few-picosecond drop of the magnetization (see Fig. 5.6(c)) leads to a temperature

drop of the lattice in the 3TM, which is not observed experimentally. Generally, in a thermal

description such as the 3TM, demagnetization that occurs after electron-lattice equilibration is

always accompanied by energy drain from the lattice – a direct consequence of energy conser-

vation. Note that for gadolinium, an even larger effect than for terbium would be expected,

since the slow, few-picosecond component in the 4f demagnetization is more pronounced in

gadolinium [Wie11]. However, such an influence of the magnetization dynamics on the lattice

is observed neither for terbium nor for gadolinium.

In conclusion, the measurements on terbium and gadolinium above and below the Curie

temperature show no clear signatures of the magnetization dynamics, which is in contrast to

expectations based on energy flow considerations and assuming thermal equilibrium within the

different subsystems. In the next section, this will be investigated further for the case of terbium.

5.2.2 Temperature-dependent measurements on terbium

To expand the comparison of ferromagnetic and paramagnetic phases presented in the previous

section, detailed temperature-dependent experiments were performed on terbium. For these

measurements, samples with optimized geometry and preparation method were employed (see

Sec. 5.1). A diffraction pattern of the optimized terbium sample is presented in Fig. 5.7(a).
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Figure 5.7: Diffraction pattern of the terbium sample employed in the measurements of Sec. 5.2.2 and

laser-induced changes. (a) Radial profile of a diffraction pattern (background-subtracted and pixels

converted to scattering vectors). (b) Time-resolved changes in the radial profile following laser excitation.

The pump wavelength was 2300 nm and the incident fluence was 2.3± 0.4 mJ/cm2, corresponding to an

absorbed energy density of 580± 100 J/cm3.
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Measurements were performed at a variety of different base temperatures from 100 K to room

temperature (295 K), keeping all other experimental conditions constant. Fig. 5.7(b) presents

an example of time-dependent changes in the diffraction pattern. As in the previous section,

the pump wavelength was 2300 nm. The incident fluence here was around 2.3 ± 0.4 mJ/cm2.

According to multilayer calculations [Win98] based on the optical constants of Refs. [Ahm82;

Luk15], the absorptance of the sample at 2300 nm and 6◦ angle of incidence is 50 %. The re-

sulting absorbed fluence and energy density are presented in Table 5.2. Both the absorptance

as well as the relationship between absorbed fluence and absorbed energy density are different

here compared to Sec. 5.2.1 due to the different sample thicknesses. Note that in the experi-

ments of this section, in contrast to the previous section, the measured temperature rises were

significantly smaller than expected from the calculated absorbed energy densities (by 35-45 %,

based on the heat capacity of terbium [GSS54]). This could be due to uncertainties in the

absorptance calculation, e.g. due to surface roughness or uncertainties in the optical constants,

which were not considered here. Deviations of the sample thickness and losses on mirrors could

also contribute to the observed discrepancies.

The results for the MSD dynamics are presented in Fig. 5.8(a). Very similar lattice dynamics

are observed for all base temperatures, without any clear signatures of the magnetic phase

transition around 221 K [Coe10]. To analyze the lattice dynamics quantitatively, bi-exponential

fits were performed. The fit function was the same as for the bi-exponential fits in Chapter 3.

To account for the time resolution, the bi-exponential function was convolved with a Gaussian

with a FWHM of 250 fs. The results for the time constants and amplitudes are presented in

Fig. 5.8(b)-(f).

The time constants of the lattice temperature rise (τ1), presented in Fig. 5.8(e), are found

to be around 1.1-1.5 ps, which is similar to the results presented in Sec. 5.2.1. Compared to

those previous measurements, the lattice temperature rise is higher here despite the similar

fluence. This can be explained by the different sample thicknesses. A minor increase of τ1

with base temperature is observed. Fig. 5.8(f) presents the time constants of the recovery (τ2).

Here, no dependence on the base temperature is observed within the experimental accuracy.

Fig. 5.8(b) shows the amplitudes of the initial MSD rise (A1). It increases slightly with increasing

base temperature. The amplitude of the recovery (A2), shown in Fig. 5.8(c), also increases in

magnitude (note the negative sign in Fig. 5.8(c)). Comparing the two amplitudes by taking

their ratio (Fig. 5.8(d)), it is found that the relative magnitude of the recovery increases with

base temperature. As already discussed in Sec. 5.2.1, this is likely related to the heat capacity

of the silicon nitride layers. The heat capacity of silicon nitride increases significantly in the

measured temperature range [ZH04]. Therefore, the total amount of energy that flows from the

laser-excited metal to the silicon nitride layers increases with base temperature.

inc. fluence [mJ/cm2] 2.3± 0.4

abs. fluence [mJ/cm2] 1.2± 0.2

abs. energy density [J/cm3] 580± 100

Table 5.2: Incident and absorbed fluence as well as absorbed energy density for the experiments

presented in Sec. 5.2.2. All quantities were calculated analogously to Table 5.1.
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Figure 5.8: Lattice dynamics in terbium at different base temperatures. (a) MSD dynamics at different

base temperatures. For clarity, the different curves are offset by 2 Å per curve. Symbols represent

experimental data and solid curves show the results of bi-exponential fits to the temperature dynamics.

The shaded error bars represent the standard errors of the experimental data obtained from the global

fitting routine. (b) Fit results for the amplitude of the lattice temperature rise (A1). (c) Fit results

for the amplitude of the recovery (A2). (d) Ratio of the amplitudes |A2|/A1, which is a measure of the

relative amplitude of the recovery. (e) Fit results for the time constant of the lattice temperature rise

(τ1). (f) Fit results for the time constant of the recovery (τ2). Error bars in (b),(c),(e), and (f) are

standard errors obtained from the bi-exponential fits. Error bars in (d) were calculated from the errors

of A1 and A2.
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In summary, the temperature-dependent measurements on terbium confirm the result of

the previous section: clear signatures of the magnetization dynamics in the lattice dynamics

are not observed. This is a surprising result because such signatures would be expected based

on energy flow considerations, as discussed in Sec. 5.2.1. One reason for these discrepancies

could be a nonthermal behavior of the spin system. For example, if the 4f spins demagnetized

significantly less compared to a thermal scenario, less energy would flow to the spin system,

resulting in less signatures in the lattice dynamics. An alternative explanation is that the mea-

sured area of the sample could have been in a non-ferromagnetic phase, either permanently or

laser-induced. From SQUID measurements of the magnetic moment of two identical samples,

it can be estimated that more than 50 % of the film is ferromagnetic. A more precise calcu-

lation is not possible, mostly because the area covered by the film can only be approximated.

Therefore, it cannot be excluded that non-ferromagnetic areas exist. If such areas existed but

were distributed evenly, e.g. as a non-magnetic layer close to the interface, then demagnetiza-

tion signatures in the lattice dynamics would still be expected, albeit weaker. However, if such

areas were distributed unevenly, predominantly at the measured area (see Fig. 5.3), it would

lead to the absence of demagnetization signatures in the experimental data. To investigate this

possibility further, a local probe of the magnetization would be required, for example using a

Faraday microscope.

Alternatively, if the ground state of the system was not restored before the arrival time

of the next pump pulse (i.e. within 250µs), in particular if the ferromagnetic order was not

restored, this would also explain the observations. It should be noted that in contrast to

typical measurements of the magnetization dynamics, there was no magnetic field applied in

the electron diffraction experiments. Therefore, upon cooling of the sample following laser

excitation, a multi-domain state likely forms. If these domains comprise a large number of

spins, no significant influence on the total spin energy and thus the microscopic energy flow is

expected. However, in case the local re-ordering of the spin system – in particular the 4f spins

– is not completed within 250µs and significant short-range order remains, this would influence

the microscopic energy flow dynamics when the next pulse arrives. To clarify if the absence of

a magnetic field can delay the recovery of magnetic order, the magnetization recovery could be

measured as a function of magnetic field strength or even without any magnetic field applied

(on a single-domain sample).

5.3 Magnetization dynamics of terbium

Next, to gain insights into the magnetization dynamics of the sample and to compare them

to the lattice dynamics, time-resolved (tr) magneto-optical Kerr effect (MOKE) measurements

were performed on the terbium sample. With MOKE measurements in the visible wavelength

range as employed here, the magnetization of the 5d states can be probed, because those states

can be excited with visible photon energies (see also Fig. 5.1(a)). Here, the longitudinal MOKE

geometry was employed, which means that the sample is magnetized in-plane and the plane

of incidence of the probe beam is parallel to the magnetization. To magnetize the sample,

a magnetic field of ∼280 mT was applied. The sample was pumped with 800 nm-light and

probed with 400 nm-light. The angle of incidence of the probe beam was 26◦ with respect

to the surface normal. Kerr rotation as a function of pump-probe delay was measured using

a Wollaston prism and balanced photodiodes. A mechanical chopper in combination with
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a boxcar integrator was employed to measure Kerr rotation with and without laser excitation

almost simultaneously (pumped and unpumped signal). More details on the experimental setup

are available in Ref. [Bor21].

The output voltage from the balanced photodetector is proportional to the intensity differ-

ence between s- and p-polarized light and is thus a sensitive measure of the polarization rotation

of the probe beam. To minimize non-magnetic contributions to the signal, the magnetic field

was alternated. The normalized magneto-optical contrast was then calculated as follows: first,

low-frequency noise was determined as the difference of the unpumped signal from its average.

The result was subtracted from the pumped signal. Next, the noise-corrected pumped signals

for both magnetic field directions were subtracted. Finally, the resulting curve was normalized

to the average of all data points before the arrival of the pump pulse, yielding the normalized

MOKE signal.

Measurements were recorded with several different pump fluences. Table 5.3 presents the

incident fluences as well as the corresponding absorbed fluences and energy densities. The

absorptance of the sample was obtained via multilayer calculations [Win98], using the optical

constants from Refs. [Ahm82; Luk15]. The result for the absorptance of the sample at 800 nm

was 49 % for 26◦ incidence. Based on these calculations, an incident fluence of 2.5 mJ/cm2 in

the MOKE experiments corresponds to a very similar absorbed energy density compared with

the diffraction experiments of Sec. 5.2.2. Consequently, those results can directly be compared

with each other.

incident fluence [mJ/cm2] 0.7 1.4 2.5 3.8 5.5 6.9

absorbed fluence [mJ/cm2] 0.3 0.7 1.2 1.8 2.7 3.4

absorbed energy density [J/cm3] 170 340 620 920 1340 1680

Table 5.3: Fluences and energy densities of the MOKE experiments. The incident fluences were

calculated using Eq. 4 of Ref. [Har06]. The estimated error of the incident fluences is ∼20 %.

The experimental tr-MOKE results for all fluences of Table 5.3 are presented in Fig. 5.9(a).

For most fluences, a clear two-step decay of the MOKE signal is observed. The timescales are

strongly fluence-dependent. To analyze the experimental results quantitatively, bi-exponential

fits were performed in the range from -5 to 35 ps. The fit function was the same as in Chapter 3,

and the time resolution was assumed to be 55 fs FWHM, based on Ref. [Bor21]. Since no

systematic fluence-dependence of time zero was observed, the bi-exponential fit was repeated

with time zero constrained to the average. The results for the amplitudes and time constants

are presented in Fig. 5.9(b), (c), (e), and (f). The summed amplitudes, which correspond to the

total drop of the MOKE signal, are presented in Fig. 5.9(d). The amplitude of the fast drop

(A1) increases linearly with fluence. In contrast, the amplitude of the second drop (A2) first

increases with fluence but stagnates at ∼3 mJ/cm2 incident fluence and decreases again. Note

that the large error bars of the data at the highest fluence of 6.9 mJ/cm2 indicate that for this

fluence, the MOKE signal dynamics are better described by a single exponential instead of a

bi-exponential drop.

Interestingly, as the fluence increases, the magneto-optical contrast is not completely quenched.

Instead, it saturates at ∼46 % of its pre-time zero value, which can be directly seen from the

curves of Fig. 5.9(a) as well as from the summed amplitudes presented in Fig. 5.9(d). This

puzzling behavior could have several reasons, which will be discussed in the following.
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Figure 5.9: Time-resolved MOKE results for different incident fluences at a base temperature of 150 K.

(a) Normalized MOKE signal as a function of pump-probe delay. Markers correspond to experimental

data and shaded areas indicate their standard errors, calculated as the standard error of the average of

several pump-probe scans. Solid curves on the left (delay range -5 to 35 ps) correspond to bi-exponential

fit results. Solid lines on the right correspond to the results of linear fits to the recovery. (b) Amplitudes

of the fast MOKE signal drop (A1) from the bi-exponential fits as functions of incident fluence. (c)

Amplitudes of the second, slower drop (A2). (d) Sum of both amplitudes (A1 +A2). (e) Time constants

of the fast MOKE signal drop (τ1). (f) Time constants of the slow MOKE signal drop (τ2). (g) Relative

recovery rates, obtained from linear fits to the recovery in the range > 100 ps. The slope obtained from

the linear fit was divided by the total amplitude of the MOKE signal decrease, A1 +A2. The error bars

in (b), (c), and (e)-(g) correspond to the standard errors obtained from the fits.



110 Chapter 5. Lattice dynamics in 4f ferromagnets

In general, several scenarios can lead to such a saturation effect. First of all, a situation

can arise in which some probed areas of the sample are not pumped. This can occur when

the penetration depth of the probe beam is significantly larger than the penetration depth of

the pump beam, or if the spot size of the pump beam is smaller than the spot size of the

probe beam. The resulting MOKE signal, which is the average of the probed regions, would

then contain contributions from unpumped regions. However, in the case here, there are two

arguments against this scenario. First, the spot size diameter of the pump pulse on the sample

was ∼9 times larger than that of the probe pulse. Second, the sample was a thin film with

only 20 nm thickness, surrounded by insulating layers. The sample thickness is comparable to

the penetration depth of 800 nm-light, which is around 27 nm based on Ref. [Ahm82]. It is

therefore expected that the ferromagnetic layer can be heated completely by the pump pulse

(and subsequent electron transport processes). Consequently, this first scenario is unlikely here.

Second, the saturation could be an intrinsic behavior of the sample, for example a bottleneck

in angular momentum dissipation that hinders further demagnetization. However, magnetiza-

tion dynamics of terbium were measured for several fluences in Ref. [Wie10] with time-resolved

x-ray magnetic circular dichroism (XMCD) and complete demagnetization of the sample was

observed. More recent, unpublished XMCD results by Gleich et al. [Gle] confirm this result.

The main difference between MOKE and XMCD is that an XMCD experiment probes the 4f

magnetism, while (visible) MOKE is sensitive to the 5d magnetism. Therefore, the XMCD and

MOKE results would only be consistent if the 5d and the 4f magnetism behaved differently.

However, the opposite has been reported for terbium [Fri20]. In addition, the 5d magnetization

and the 4f magnetization would be expected to equilibrate eventually, either through indirect

or direct coupling. The tr-MOKE data show no indication of such an equilibration. Therefore,

this second scenario cannot explain the observations either.

Third, it is possible that the observed saturation of the magneto-optical contrast stems

from the measurement technique. For example, it was pointed out by Cheskis et al. for the 3d

ferromagnet nickel that in principle it is possible to obtain a situation in which the Stoner gap

has fully collapsed, but the magneto-optical contrast is not suppressed completely [Che05]. In

this scenario, the two spin types have vastly different temperatures, which causes different band

filling effects for majority and minority optical transitions, thus leading to magneto-optical

contrast. However, this scenario requires essentially no equilibration between majority and

minority electrons, which is a questionable assumption on timescales of several hundreds of

picoseconds. Another possibility is a contribution to the signal that does not stem from the

magnetization and is not influenced by the pump pulse, but switches with the magnetic field.

This would also explain the observations. However, it is unclear where such a contribution

would come from.

In conclusion, the origin of the saturation of the MOKE signal remains an open question

at this point. To elucidate its cause, further measurements are necessary. For example, dif-

ferent MOKE geometries and probe wavelengths could be employed to investigate influences

of the measurement technique. Varying the pump wavelength and the base temperature could

yield insights into contributions from the intrinsic sample behavior. In addition, an XMCD or

extreme ultraviolet (XUV) MOKE experiment on the same sample would allow a direct com-

parison to the 4f spin dynamics. Understanding the origin of the saturation effect is required

to quantitatively extract magnetization dynamics from the experimental results, in particular

to obtain quantitative demagnetization amplitudes.
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Having analyzed the amplitudes in detail, the timescales of the MOKE signal decrease are

examined next. The time constants obtained from the bi-exponential fits are presented in

Fig. 5.9(e) and (f). The fast time constant τ1 increases linearly with fluence. In contrast, the

second time constant τ2 first increases significantly up to an incident fluence of ∼2.5 mJ/cm2

and then decreases again. The amplitude of the second drop A2 behaves very similarly.

Interestingly, neither of the two time constants τ1 or τ2 corresponds to the observed time-

scales of lattice heating (∼1.1-1.6 ps, see Figs. 5.5 and 5.8) – τ1 is a bit faster and τ2 is much

slower. Due to the saturation effects discussed above, at this point, it is not possible to say

with certainty whether the MOKE dynamics include a contribution from measurement-related

effects. Nevertheless, given that electron thermalization typically occurs on the timescale of

tens to hundreds of femtoseconds and the lattice heating occurs on timescales of ∼1.1-1.6 ps

(see Figs. 5.5 and 5.8), it is unlikely that the dynamics associated with the slower time constant

τ2 are influenced by measurement-related effects such as band filling or any lattice-related effect.

Therefore, it can be assumed that τ2 reflects magnetization dynamics of the 5d spins.

In addition to the bi-exponential fits to the dynamics at early times, the recovery occurring

at later times was also analyzed. For this, linear fits to the data in the range > 100 ps were

performed, analogously to the linear fits employed in Sec. 5.2.1. Also here, the recovery rate was

divided by the amplitude of the decrease, in this case the sum A1 + A2. The resulting relative

recovery rate allows a direct comparison between different fluences. The results are presented

in Fig. 5.9(g). First, the relative recovery rate increases with fluence, before it drops sharply

at an incident fluence between 2.5 mJ/cm2 and 3.8 mJ/cm2 and reaches zero (no recovery) at

fluences of 5.5 mJ/cm2 and above. This can either be due to heating of the sample well above

the Curie temperature, or to an effect of transient domain formation, as discussed in Sec. 4.2.3.4

for the 3d ferromagnets. A comparison to the lattice temperature results presented in Sec. 5.2.2

indicates that the sample – at least its lattice – heats up beyond the Curie temperature for the

higher fluences. In fact, already an incident fluence of 2.5 mJ/cm2 is expected to correspond

to heating well beyond the Curie temperature (compare absorbed energy densities given in

Tables 5.2 and 5.3). However, it should be noted that fluence determination in pump-probe

experiments is often difficult and can thus be imprecise. Additional uncertainty stems from the

different wavelengths employed in the MOKE and diffraction experiments, which requires optical

constants from literature for the comparison. It is thus likely that the observed recovery for

2.5 mJ/cm2 is due to these sources of error. Fluences of 3.8 mJ/cm2 and above likely correspond

to heating above the Curie temperature.

In addition to varying the pump fluence, varying the base temperature can provide further

insights. In particular, such measurements enable a direct comparison with the temperature-

dependent lattice dynamics presented in Sec. 5.2.2. Therefore, tr-MOKE measurements were

performed at four different base temperatures, with an incident fluence of 2.5 mJ/cm2. This

fluence was chosen to obtain a similar absorbed energy density as in the diffraction experiments

(see Tables 5.2 and 5.3). The measurement results are presented in Fig. 5.10.

The base temperature visibly affects both the total amplitude as well as the timescales.

Analogous to the fluence-dependent measurements, bi-exponential fits were performed. The

results are presented in Fig. 5.10(b)-(f). Both the amplitudes and the timescales are base-

temperature-dependent. The amplitude of the fast component A1, presented in Fig. 5.10(b),

decreases with increasing base temperature. In contrast, the amplitude of the slow component

A2, presented in Fig. 5.10(c), first increases with base temperature but decreases again close
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Figure 5.10: Time-resolved MOKE results for different base temperatures. (a) Normalized MOKE signal

as a function of pump-probe delay. Markers correspond to experimental data and shaded areas are

standard errors of the experimental data. For the data recorded at 150 K, the errors were calculated

as the standard error of the average of several scans. For the other temperatures, only one scan was

recorded. In this case, the errors were taken to be the same for all points of the scan and were calculated

from the standard error of the data before the arrival of the pump laser pulse. The solid curves on the left

(delay range -5 to 35 ps) correspond to bi-exponential fit results. The solid lines on the right correspond

to the results of linear fits to the recovery dynamics. (b) Amplitudes of the fast MOKE signal drop A1

(bi-exponential fit results) as functions of base temperature. (c) Amplitudes of the slow MOKE signal

drop A2. (d) Summed amplitudes A1 + A2. (e) Fast time constants τ1. (f) Slow time constants τ2. (g)

Relative recovery rates obtained from linear fits to the recovery (delay range > 100 ps). To obtain the

relative rate, the fit result for the slope was divided by the total amplitude of the MOKE signal decrease,

A1 +A2. All errors in (b),(c), and (e)-(g) correspond to standard errors from the fits.
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to the Curie temperature. The same holds for the total MOKE signal decrease (sum of both

amplitudes), presented in Fig. 5.10(d). Regarding the time constant of the fast drop τ1, no

dependence on base temperature is observed, as presented in Fig. 5.10(e). In contrast, the

time constant of the slow drop τ2 decreases as the base temperature increases, as presented in

Fig. 5.10(f).

Interestingly, also the relative recovery rate depends on the base temperature. As the

base temperature increases, the recovery becomes slower. This is in stark contrast to the

lattice dynamics, which show an increase of the recovery rate1. To be precise, such a direct

comparison of the recovery rates requires considering that the magnetization M(T ) is non-linear

in temperature (see Fig. 5.3(c)). For temperatures below the Curie temperature TC, M(T ) is

a concave function. Therefore, the relative magnetization change per temperature change,

|∆M |/[M(Tbase)∆T ], increases with base temperature (Tbase) as long as ∆T + Tbase < TC.

This condition is fulfilled because the observation of a magnetization recovery implies spin

temperatures below TC. In a thermal situation, the recovery rate of the magnetization would

thus be expected to increase with base temperature, like the recovery rate of the lattice. This is

in contrast to the experimental results. Consequently, the non-linearity of M(T ) cannot explain

the observations. Instead, the slow-down of the MOKE signal recovery as the base temperature

approaches TC is an indication of a nonthermal behavior of the spin system. Possibly, a similar

situation as discussed for the 3d ferromagnets could arise (see Sec. 4.2.3.4): following laser

excitation, different magnetic domains could transiently form, which would delay the recovery

of the macroscopic magnetization. In such cases, the magnetization recovery is decoupled from

the lattice cooling. Instead, it depends on how fast the different domains align with each other.

It is likely that this realignment would take longer close to TC, with the system being already

close to the transition to a disordered state. Such a scenario could therefore explain the decrease

of the recovery rate with temperature.

In general, the strong temperature dependence of the tr-MOKE signal implies that any

comparison to literature should consider the base temperature. The only fluence-dependent

demagnetization of terbium in literature [Wie10] was measured at 90 K, which limits the com-

parability. Qualitatively, the XMCD results of Ref. [Wie10] exhibit the same fluence-dependent

behavior as here, with a two-step behavior for low and intermediate fluences that becomes faster

and turns into a one-step reduction for high fluences. The timescales as functions of fluence are

even quantitatively similar but the absolute values of the fluences differ significantly. This may

be explained by the different base temperatures and the different sample geometries. Another

experiment on terbium, which employed photoemission, showed a one-step demagnetization of

both 4f and 5d spins on similar timescales of 400 fs and 300 fs, respectively [Fri20]. These find-

ings differ significantly from the XMCD results of Refs. [Wie10; Wie11]. Also the tr-MOKE

results presented in this work exhibit generally slower dynamics than observed in Ref. [Fri20]

(see Figs. 5.9 and 5.10). However, since only one fluence is presented in Ref. [Fri20], a de-

tailed comparison to those results requires a better understanding of the saturation effect in the

tr-MOKE signal first.

In summary, the tr-MOKE measurements on terbium yield strongly fluence-dependent and

base-temperature-dependent results. In addition, a saturation of the MOKE signal decrease

with increasing laser fluence was observed, the origin of which is unclear. Further studies of this

1The recovery amplitude increases (see Fig. 5.8(c)), note the negative sign) together with a base-temperature-

independent recovery timescale (Fig. 5.8(f)). This corresponds to an increase of the recovery rate.
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saturation effect are necessary in order to be able to quantitatively relate the tr-MOKE results

to the magnetization dynamics of the sample. For example, different MOKE geometries or a

different technique like XMCD could be employed, and the saturation effect could be studied

for different base temperatures. Despite this open question, the data presented here already

yield valuable insights into the non-equilibrium dynamics of the material: for most fluences,

a two-step behavior is observed, with a slow timescale on the order of few picoseconds that

has no corresponding timescale in the lattice dynamics. This points towards a decoupling of

(total) spin energy and 5d magnetization on ultrafast timescales, since any significant energy

change in the spin system is expected to leave a trace in the lattice temperature dynamics. Such

decoupling is only possible for nonthermal states of the spin system. To confirm this supposition,

fluence-dependent measurements of both lattice and magnetization dynamics could be employed.

Another indication of nonthermal 5d spins comes from the recovery of the MOKE signal: it slows

down with increasing base temperature, which is opposite to the base-temperature-dependence

of the lattice recovery.

5.4 Towards a quantitative understanding of the microscopic

energy flow

In the last two sections, experimental results at different base temperatures were presented

and deviations from expectations based on a thermal picture of the ultrafast dynamics (e.g.

a 3TM) were identified. To investigate these deviations further, a direct comparison of the

experimentally measured amplitudes with thermal equilibrium can be made, without assuming

any model for the dynamics. This comparison employs the equilibrium relationships between

spin energy, temperature, and magnetization. Figure 5.11(a) and (b) present the temperature-

dependent heat capacity and magnetization of terbium, respectively. From the heat capacity

presented in Fig. 5.11(a), the temperature rise as a function of absorbed energy density can

be calculated by integrating the heat capacity curve. As an example, the yellow shaded area

corresponds to an absorbed energy density of 200 J/cm3 at a base temperature of 100 K. In

this case, after equilibration between all subsystems, the sample temperature is expected to be

around 200 K. Figure 5.11(c) presents the expected temperature rise of the sample as a function

of base temperature for several absorbed energy densities. For a constant absorbed energy

density, the temperature rise depends strongly on the base temperature. Signatures of the

Curie temperature at ∼220 K are clearly present. The details depend on the absorbed energy

density, however, what is common to all temperatures are pronounced amplitude differences

below the Curie temperature and a flattening of the temperature-dependence above. Based

on results on dysprosium from Ref. [Rep16], it is reasonable to assume that the absorption

of the sample is (approximately) temperature-independent. In this case, the absorbed energy

density would be constant for different base temperatures. Pronounced amplitude changes with

temperature would then be expected in the lattice dynamics. However, the comparison with

the experimental results of Sec. 5.2.2, presented in Fig. 5.11(e), shows that this is not the case.

The final lattice temperature rise stays nearly constant as a function of base temperature. The

comparison thus reveals discrepancies from the thermal behavior of ferromagnetic terbium.

Analogous predictions based on thermal equilibrium can also be made for the demagneti-

zation amplitude. For this, the calculated temperature rise ∆T can be converted into mag-
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Figure 5.11: Expected trends in the base-temperature dependent measurements, based on equilibrium

properties of terbium. (a) Heat capacity of terbium from Ref. [JSS57], which was employed to calculate

the temperature rise corresponding to a certain absorbed energy density. As an example, the yellow

shaded area represents an absorbed energy density of 200 J/cm3, starting from a base temperature

of 100 K. (b) Temperature-dependent magnetization curve of the terbium samples measured with a

SQUID (also shown in Fig. 5.3(c)). Continuing the example of Panel (a), the green dot marks the

equilibrium magnetization at 100 K and the red line shows the temperature rise ∆T for an absorbed

energy density of 200 J/cm3. The blue line shows the corresponding magnetization decrease ∆M . (c)

Expected temperature rise (after equilibration of all subsystems) as a function of base temperature.

Curves for several absorbed energy densities are presented. The data were calculated using the heat

capacity of Panel (a). (d) Expected demagnetization amplitude (after equilibration of all subsystems)

as a function of base temperature. Curves for the same absorbed energy densities as in Panel (c)

are presented. The demagnetization amplitude relative to the equilibrium value (∆M/M(Tbase)) was

calculated from the magnetization curve presented in Panel (b) and the calculated temperature rise ∆T

from Panel (c). (e) Experimental results for the lattice temperature rise at different base temperatures.

The data points correspond to the final lattice temperature rise (before the recovery sets in) and were

obtained from single exponential fits in the range from -5 to 12 ps. The temperature scale is the same as

in Panel (c) to facilitate the comparison. (f) Amplitude of the MOKE signal decrease (relative units) as

a function of base temperature. The data presented here correspond to the sum of the two amplitudes

A1 and A2 from the bi-exponential fits described in Sec. 5.3 (also presented in Fig. 5.10(d)).
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netization reduction ∆M , employing the temperature-dependent magnetization curve. This is

illustrated in Fig. 5.11(b). Finally, the relative demagnetization amplitude can be calculated

as ∆M/M(Tbase). The results as functions of base temperature are presented in Fig. 5.11(d).

The absorbed energy densities are the same as in Fig. 5.11(c). Based on this calculation, the

demagnetization amplitude is expected to rise strongly as the base temperature approaches the

Curie temperature. However, in the experiment, the base-temperature-dependent MOKE signal

behaves differently. This is presented in Fig. 5.11(f), which shows the relative amplitude of the

MOKE signal reduction as a function of base temperature. In particular, the measurement at

200 K, which is closest to the Curie temperature, exhibits the smallest amplitude. Assuming

that the observed saturation effect is temperature-independent, this result disagrees with the

thermal equilibrium case.

In summary, the measurements presented in this chapter yielded several results that are at

odds with a thermal picture of the ultrafast energy flow. First of all, no clear signatures of the

magnetization dynamics were observed in the lattice dynamics, neither in the measurements on

terbium and gadolinium in Sec. 5.2.1 nor in the detailed base-temperature-dependent measure-

ments on terbium in Sec. 5.2.2. Second, the amplitudes of both lattice dynamics and MOKE

signal do not agree with the expectations based on equilibrium relationships either. Third, the

recovery rate of the magnetization decreases close to the Curie temperature, opposite to the

lattice behavior. These results point towards rather complex, nonthermal energy flow on ultra-

fast timescales. In fact, signatures of nonthermal behavior have been reported in literature for

other elemental 4f metals: transient strain analyses of laser-excited gadolinium [Koc17] and dys-

prosium [Rep16] showed a long-lasting non-equilibrium between spin and phonon subsystems,

with initially relatively low temperatures of the spin system. In addition, the cooling of the

spin system in dysprosium was found to be delayed for base temperatures close to the magnetic

transition [Rep16], which is in agreement with the base-temperature dependence of the MOKE

signal recovery observed in this work (Fig. 5.10(g)). Furthermore, another experiment on dys-

prosium observed a mismatch between absorbed energy and demagnetization amplitude [Thi17],

which is also indicative of a long-lasting non-equilibrium between different subsystems.

A detailed microscopic understanding of such complex nonthermal behaviors requires ex-

periments on all subsystems and with several experimental conditions (e.g. temperatures and

fluences). This work provides a detailed view on the ultrafast lattice dynamics in gadolinium

and terbium, complemented by measurements that probe the 5d magnetization of terbium. In

the future, the results for the lattice could be expanded by recording a larger experimental

dataset, systematically varying both base temperature and fluence. For better comparabil-

ity with other experiments, these experiments should ideally be performed with 800 nm pump

wavelength. At the same time, tracking the optical absorption as a function of base tempera-

ture would be beneficial, for example by simultaneously recording transmission and absorption

as functions of temperature. This would allow determining absorbed energy densities more

precisely to eliminate any effects of absorption variations on the measured amplitudes. In ad-

dition, the equilibrium magnetization could be probed locally to quantitatively determine the

magnetization of the areas that are measured in diffraction experiments, for example using

Faraday rotation. Furthermore, the tr-MOKE experiments could be expanded, e.g. by record-

ing fluence-dependent measurements at a number of base temperatures. Moreover, the origin

of the saturation observed in the MOKE experiments needs to be investigated in order to gain

detailed, quantitative results for the 5d spin dynamics. Finally, further insights into the ultra-
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fast responses of 4f magnets could also be gained by time-resolved diffraction experiments on

single-crystalline samples, especially in view of strong phonon-magnon hybridization observed

in terbium, but not in gadolinium [Liu21]. Such experiments could yield detailed information on

transient phonon populations and their connection to magnetic degrees of freedom. Likely, only

a systematic combination of different probing methods and different experimental conditions will

enable a quantitative understanding of the energy flow dynamics and allow to fully disentangle

the microscopic mechanisms behind the complex ultrafast responses of 4f ferromagnets.





Chapter 6

Summary and outlook

In this work, femtosecond electron diffraction was employed to reveal ultrafast lattice dynamics

in several material classes: the layered semiconductor black phosphorus, the itinerant ferromag-

nets iron, cobalt, nickel, and the localized (Heisenberg) ferromagnets gadolinium and terbium.

Black phosphorus, despite consisting of only one element, features a rather complex crys-

tal structure (4 atoms per primitive unit cell) and thus has a large number of optical phonon

branches (9). Its ultrafast lattice dynamics are governed by strong coupling of electrons to those

optical phonons, in combination with pronounced phase-space constraints imposed primarily by

the electronic structure. Following laser excitation, these characteristics of the material lead

to a long-lasting nonthermal state of the lattice. Due to the in-plane anisotropic structure

of black phosphorus, the transient nonthermal phonon population manifests not only in the

overall MSD dynamics but also in a different evolution of the armchair and zigzag MSDs: the

anisotropy between the armchair and zigzag MSDs is transiently reduced. On a timescale of

tens of picoseconds, thermal equilibrium of the lattice is restored via phonon-phonon scattering.

The observed transient nonthermal state of the lattice can be expected to manifest also in tran-

sient changes of other properties, e.g. thermal or electrical conductivities, or thermal coupling

across interfaces. Therefore, the results presented in this work are directly relevant for applica-

tions of black phosphorus in non-equilibrium conditions, e.g. as saturable absorber [Sot15], in

photocatalysis [She15], and in functional van der Waals heterostructures [Liu17].

In ferromagnets, besides the electron and lattice subsystems, also the magnetic order plays

a role in the ultrafast dynamics of the material. In this work, the interplay between these

different subsystems on ultrafast timescales was studied, in particular the relationship between

lattice and spin dynamics. Experiments were performed for two different classes of magnetic

materials: the itinerant 3d ferromagnets iron, cobalt, and nickel, as well as the 4f ferromagnets

terbium and gadolinium, whose magnetic moments are much more localized.

In the elemental 3d ferromagnets, which demagnetize on timescales of few hundred femtosec-

onds at most, magnetization dynamics are governed by electron-spin coupling [Bea96]. In this

work, the ultrafast lattice response to laser excitation was investigated using femtosecond diffrac-

tion. In order to gain insights into the microscopic energy flow, experimental results were com-

bined with DFT calculations and several energy flow models. In particular, energy-conserving

ASD simulations were employed to describe the coupled energy flow between electrons, spins,

and phonons, allowing to directly simulate non-equilibrium (including nonthermal) states of the

spin system. The direct comparison between a conventional TTM and energy-conserving ASD

simulations revealed that the lattice is very sensitive to the spin dynamics: energy flow into and

119
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out of the spin system slows down the ultrafast lattice response profoundly. The cause lies in the

energy cost of demagnetization: as the spins demagnetize, energy is drained from the electrons.

In contrast, when the magnetization recovers, energy is again released from the spin system

and eventually mostly transferred to the lattice. It was shown here that energy-conserving ASD

simulations provide a quantitative description of this microscopic energy flow: they yield a very

good description of experimental data, in particular excellent agreement with the ultrafast lat-

tice responses measured in this work. In addition, the ASD simulations revealed that the spin

system is not always in a thermal state, which has the consequence that magnetization and spin

energy are not related anymore by their equilibrium relationship – they decouple. In particular,

for strong demagnetization (more than ∼50 %), nonthermal behavior of the spins was found to

persist on picosecond timescales. This means that a thermal model like the 3TM is then not

applicable.

The results of this work highlight the importance of considering the energy content of the

spin system in any model of ultrafast demagnetization. Here, quantitative agreement to ex-

perimental results was achieved with energy-conserving ASD simulations, demonstrating that

such simulations offer a general and consistent description of the microscopic energy flow in all

elemental 3d ferromagnets. The general conclusions on the ultrafast energy flow are expected

to hold for other magnetic materials as well, including ferrimagnets and antiferromagnets. Fur-

thermore, the results presented here serve as a basis for the quantitative description of more

complex heterostructures containing iron, cobalt, or nickel, e.g. spintronic multilayer structures.

For the 4f ferromagnets terbium and gadolinium, detailed time-resolved diffraction results

were provided in this work. Lattice dynamics were studied as a function of fluence and base

temperature, with a particular focus on terbium, for which a detailed base-temperature depen-

dence of the lattice dynamics was presented. Furthermore, the results for the lattice dynamics

were complemented by time-resolved MOKE experiments on terbium, which can probe 5d mag-

netization dynamics. In the measurements presented in this work, several indications of a

complex nonthermal response to laser excitation were identified: first of all, neither timescales

nor amplitudes of the ultrafast lattice heating showed any clear signatures of the magneti-

zation dynamics, despite the large magnetic heat capacities of both materials. Second, the

temperature-dependent MOKE results for terbium also point towards a nonthermal response,

as evidenced both by the recovery rates and by the amplitudes of the MOKE signal. This work

provides detailed results for the ultrafast lattice responses of terbium and gadolinium and thus

contributes information that cannot be obtained e.g. by magnetization-sensitive techniques.

Therefore, the results presented here are an important step towards a full understanding of

the complex ultrafast responses of 4f ferromagnets to laser excitation, which requires detailed

experimental knowledge of all subsystems.

Based on this work on the elemental 3d and 4f ferromagnets, future studies could investi-

gate the ultrafast lattice response and its connection to the magnetization dynamics in other

technologically relevant magnetic materials. One emerging class of magnetic materials with

interesting properties is magnetic layered van der Waals materials, for example CrI3, CrGeTe3,

Fe3GeTe2, FePS3, and Cr2Ge2Te6. In some of these materials, magnetic order can even survive

down to the monolayer limit [Lee16; Hua17; Fei18]. Naturally, such magnetic 2D materials are

an important addition to the set of building blocks for van der Waals heterostructures. Some of

these magnetic 2D materials have been shown to exhibit pronounced spin-lattice coupling, for

example CrI3 [WLY18] and Cr2Ge2Te6 [Tia16]. This suggests that in any application involving
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the manipulation of magnetic degrees of freedom, the lattice response needs to be considered

as well, and lattice degrees of freedom may even be used to control magnetic order. Hence, a

detailed understanding of the coupling between those two subsystems is required, which can

be achieved with femtosecond electron diffraction studies. In general, the coupling of the lat-

tice to other degrees of freedom is of interest also for another reason: successful device design

requires thermal management. It is necessary to understand how fast and in which layers of

a heterostructure heat is created following the excitation/injection of hot carriers, which is

information that femtosecond electron diffraction can provide.

In addition to exploring ultrafast dynamics of novel 2D magnets, femtosecond electron

diffraction is also a suitable tool to investigate spintronic heterostructures. Often, transfer

and/or coupling processes across interfaces are employed to achieve the desired functionalities

of such heterostructures, e.g. magnetic switching [Man14a], spin-current detection [Sai06], or

production of terahertz radiation [Sei16]. Femtosecond electron diffraction allows to track the

microscopic lattice energy content of different constituent materials quantitatively. In partic-

ular, it is possible to determine whether carriers are transferred between layers because they

invariably heat up the respective layer via electron-phonon scattering. Time-resolved diffraction

can thus provide important complementary insights for a better understanding of the micro-

scopic processes in such heterostructures. The detailed experimental results on elemental 3d

and 4f ferromagnets presented in this work provide a basis for understanding more complex

structures containing these materials because a comparison to these results allows to better

disentangle intra- and interlayer coupling processes in heterostructures.

On the instrumentation side, future developments could include broadening the available

spectrum of excitation wavelengths to the terahertz (THz) range. THz light offers the possibility

to directly and coherently excite specific phonon [Rin07; Man14b; Man15; Mäh18] or magnon

modes [Kam11; Kub14]. It can thus create very different initial non-equilibrium states compared

to excitation with visible wavelengths, especially for materials with a band gap (in which the

THz excitation cannot excite any electronic transitions). This offers the possibility of directly

studying e.g. the interplay of lattice and magnetic degrees of freedom [Mäh18], anharmonic

coupling between different phonon modes [Man15], and the influence of specific phonon modes

on the electronic structure [Rin07]. Time-resolved diffraction is an important tool to investigate

THz-induced dynamics since it allows to directly and quantitatively resolve the evolution of the

structural changes induced by THz excitation [Man14b].

In addition to the tunability of the excitation conditions, also the probe is an important

tuning knob. Additional information on a sample’s ultrafast response can be gained by com-

bining different probes in one experiment, e.g. by adding an optical probe to the diffraction

setup. In view of the difficulty of reproducing the exact same excitation conditions in differ-

ent experiments, probing several quantities in the same experiment would allow a much more

precise comparison and thus a more detailed understanding of the coupled dynamics of differ-

ent subsystems. Perspectively, looking at different aspects of the sample’s response (i.e. using

different probes), in combination with inducing different non-equilibrium dynamics (i.e. using

different excitation conditions), will allow disentangling the complex non-equilibrium response

of solids further, enabling ever deeper insights into the fundamental coupling mechanisms that

govern many of their properties.
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Weinelt, F. Zamponi, and M. Bargheer, Grueneisen-approach for the experimental

determination of transient spin and phonon energies from ultrafast x-ray diffraction

data: gadolinium, J. Phys. Condens. Matter 29, 264001 (2017).

[Koo10] B. Koopmans, G. Malinowski, F. D. Longa, D. Steiauf, M. Fähnle, T. Roth, M.
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[Lig11] M. Ligges, I. Rajković, C. Streubühr, T. Brazda, P. Zhou, O. Posth, C. Hassel,

G. Dumpich, and D. von der Linde, Transient (000)-order attenuation effects in

ultrafast transmission electron diffraction, J. Appl. Phys. 109, 063519 (2011).

[Liu14] H. Liu, A. T. Neal, Z. Zhu, Z. Luo, X. Xu, D. Tománek, and P. D. Ye, Phosphorene:
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Langeheine, N. Pontius, U. Staub, C. Krellner, D. V. Vyalikh, O. Eriksson, and L. Rettig,

Exchange scaling of ultrafast angular momentum transfer in 4f antiferromagnets, Nature Ma-

terials (accepted, 2022).

Published datasets

D. Zahn, P.-N. Hildebrandt, T. Vasileiadis, Y. W. Windsor, Y. Qi, H. Seiler, R. Ernstorfer,

Femtosecond electron diffraction data of black phosphorus, Zenodo, https://doi.org/10.5281/

zenodo.3723318 (2020).

D. Zahn, Y. W. Windsor, H. Seiler, T. Vasileiadis, T. A. Butcher, Y. Qi, D. Engel, J. Vor-

berger, R. Ernstorfer, Femtosecond electron diffraction data of nickel, Zenodo, https://doi.

org/10.5281/zenodo.4575398 (2021).

D. Zahn, H. Seiler, Y. W. Windsor, and R. Ernstorfer, Femtosecond electron diffraction data

of platinum, Zenodo, https://doi.org/10.5281/zenodo.5617246 (2021).

D. Zahn, H. Seiler, D. Engel, Y. W. Windsor, and R. Ernstorfer, Femtosecond electron diffrac-

tion data of iron and cobalt, Zenodo, https://doi.org/10.5281/zenodo.5832990 (2022).

Published code

D. Zahn, H. Seiler, Y. W. Windsor, and R. Ernstorfer, Global fitting approach for time-resolved

polycrystalline diffraction data, Zenodo, https://doi.org/10.5281/zenodo.5618194 (2021).

D. Zahn, T. A. Butcher, H. Seiler, R. Ernstorfer, and J. Vorberger, Calculation of the electron-

phonon coupling parameter and heat capacities from DFT results, Zenodo, https://doi.org/10.

5281/zenodo.5898090 (2022).

142

https://doi.org/10.1103/PhysRevLett.127.207401
https://doi.org/10.1103/PhysRevLett.127.207401
https://doi.org/10.1103/PhysRevB.104.205109
https://doi.org/10.1103/PhysRevB.104.205109
https://arxiv.org/abs/2108.03714
https://arxiv.org/abs/2108.03714
https://doi.org/10.5281/zenodo.3723318
https://doi.org/10.5281/zenodo.3723318
https://doi.org/10.5281/zenodo.3723318
https://doi.org/10.5281/zenodo.3723318
https://doi.org/10.5281/zenodo.3723318
https://doi.org/10.5281/zenodo.4575398
https://doi.org/10.5281/zenodo.4575398
https://doi.org/10.5281/zenodo.4575398
https://doi.org/10.5281/zenodo.4575398
https://doi.org/10.5281/zenodo.5617246
https://doi.org/10.5281/zenodo.5617246
https://doi.org/10.5281/zenodo.5617246
https://doi.org/10.5281/zenodo.5832990
https://doi.org/10.5281/zenodo.5832990
https://doi.org/10.5281/zenodo.5832990
https://doi.org/10.5281/zenodo.5618194
https://doi.org/10.5281/zenodo.5618194
https://doi.org/10.5281/zenodo.5618194
https://doi.org/10.5281/zenodo.5898090
https://doi.org/10.5281/zenodo.5898090
https://doi.org/10.5281/zenodo.5898090
https://doi.org/10.5281/zenodo.5898090
https://doi.org/10.5281/zenodo.5898090


Statement of contributions

Chapter 2
The time-resolved diffraction setup employed in this work was designed and built by Lutz

Waldecker, Roman Bertoni, and Ralph Ernstorfer [WBE15]. Hélène Seiler, Thomas Vasileiadis,

Yoav William Windsor, Victoria C. A. Taylor, Yingpeng Qi, and myself contributed to the

further development, optimization, and maintenance of the setup. Jannik Malter wrote and

maintained the measurement software employed in the experiment. During the course of this

work, cryogenic cooling was added to the setup (described in Sec. 2.2.2), which was planned and

designed by Y. W. Windsor, Sven Kubala, and Dieter Bauer. Y. W. Windsor and I optimized

the sample environment further by reducing its size, adding a heater, and optimizing sample

transfer. I also contributed to the design of the sample holders, in particular, I designed the

side pumping sample holder and the cover plates for both sample holders. Furthermore, Y. W.

Windsor and I installed and tested the cooling together, with help from T. Vasileiadis, H. Seiler,

and Y. Qi.

Chapter 3

R. Ernstorfer had the idea for the project. The first time-resolved diffraction measurement on

black phosphorus (not presented in this work) was recorded for the bachelor project of Patrick-

Nigel Hildebrandt. This measurement was carried out by T. Vasileiadis, P.-N. Hildebrandt, and

myself and the results are presented in Ref. [Hil18]. Following these initial results, additional

measurements were recorded by H. Seiler, Y. Qi, and myself, which are presented in Sec. 3.3, 3.4,

and 3.5. P.-N. Hildebrandt prepared the thin-film sample for these measurements. Y. W. Wind-

sor developed a fitting routine to analyze Bragg reflections, which was employed throughout

this chapter. P.-N. Hildebrandt contributed to the analysis of the experimental data presented

in Sec. 3.3. I extended the analysis by employing the U-matrix formalism. Furthermore, I

analyzed all data of Sec. 3.4. The results of Sec. 3.5 stem from a project led by H. Seiler. I

took part in the experiment and actively contributed to the discussions. All DFT calculations

presented in this chapter (which were also published in Ref. [Sei21]) were performed by Fabio

Caruso (Christian-Albrechts-Universität zu Kiel) and Marios Zacharias (Cyprus University of

Technology). M. Zacharias calculated the diffuse scattering images presented in Sec. 3.5.

Chapter 4

R. Ernstorfer had the idea for the project. I performed all measurements, with contributions

from H. Seiler, Y. W. Windsor, T. Vasileiadis, V. C. A. Taylor, and Y. Qi. The DFT calcula-

tions on iron, cobalt, and nickel (which are presented in Chapter 2) were performed by Tim A.

Butcher and Jan Vorberger (Helmholtz Zentrum Dresden-Rossenberg). J. Vorberger calculated

TTM inputs from the DFT results and helped me to do the calculations myself (which I em-

ployed for iron and cobalt as well as in Chapter 5). The ASD simulations were performed by

Florian Jakobs and Unai Atxitia (Freie Universität Berlin). Based on these results, I calculated

the nonequilibrium energy flow dynamics and the comparison to the thermal case (Sec. 4.2.3.3

and 4.2.3.4). All samples were grown by Dieter Engel (Max-Born-Institut).

143



Chapter 5

Y. W. Windsor had the idea for the project. I recorded the measurements together with Y.

W. Windsor, with contributions from H. Seiler and V. C. A. Taylor. Evangelos Papaioan-

nou and Camillo Ballani (Martin-Luther Universität Halle-Wittenberg) performed the SQUID

measurements. The DFT+U calculations on terbium and gadolinium (also presented in Chap-

ter 2) were performed by Haichen Wang and Miguel Marques (Martin-Luther Universität

Halle-Wittenberg). The tr-MOKE measurements were recorded together with Felix Stein-

bach and Martin Borchert (Max-Born-Institut), employing a MOKE setup at the Max-Born-

Institut [Bor21]. The samples were grown by D. Engel (Max-Born-Institut).

144



Acknowledgments

I would like to thank everyone in the HEED team for the great atmosphere and team work, which

made my PhD a very nice experience. I thank Ralph Ernstorfer for his support, for teaching me

a lot, and for always being open for questions and discussions, while at the same time giving me

a lot freedom to organize my projects and develop my scientific interests. Thanks to Thomas

Vasileiadis for teaching me a lot about electron diffraction and about how to use the setup, and

for always being available to answer my questions. I thank Yoav William Windsor for all the

fun beam times, in which he taught me how to do diffraction experiments at synchrotrons, for

sharing his enthusiasm about magnetism and science in general, and for teaching me a lot about

magnetism and diffraction. I thank Hélène Seiler for all her help, particularly with the optics

side of the experiment, and for lots of helpful discussions and encouragement. Thanks also to

Victoria Taylor, Yingpeng Qi, Patrick-Nigel Hildebrandt, and Hyein Jung for their enthusiasm

about electron diffraction and their work on the experiment. Thanks to Lutz Waldecker for

answering my many questions about electron diffraction and the setup. Thanks to Jannik

Malter for all his help with the software side of the experiment.

I would like to thank all collaborators for their contributions to this work and for the very

nice work atmosphere: Florian Jakobs, Unai Atxitia, Jan Vorberger, Dieter Engel, Felix Stein-

bach, Martin Borchert, Tim Butcher, Haichen Wang, Miguel Marques, Evangelos Papaioannou,

Camillo Ballani, Fabio Caruso, and Marios Zacharias.

I would like to thank Martin Wolf for providing the great environment at the PC department

and for organizing many opportunities for scientific exchange and discussions.

I would like to thank Tobias Kampfrath for being the second supervisor of my PhD thesis and

for answering my questions about magnetism. Thanks also to Laurenz Rettig for the possibility

to participate in beamtimes and learn about resonant X-ray diffraction and for always being

open for questions.

The CRC/Transregio 227 - Ultrafast Spin Dynamics offered lots of possibilities for scientific

exchange and training, which was very helpful during my PhD. I would like to thank the
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